Google 



This is a digital copy of a book that was preserved for generations on library shelves before it was carefully scanned by Google as part of a project 

to make the world's books discoverable online. 

It has survived long enough for the copyright to expire and the book to enter the public domain. A public domain book is one that was never subject 

to copyright or whose legal copyright term has expired. Whether a book is in the public domain may vary country to country. Public domain books 

are our gateways to the past, representing a wealth of history, culture and knowledge that's often difficult to discover. 

Marks, notations and other maiginalia present in the original volume will appear in this file - a reminder of this book's long journey from the 

publisher to a library and finally to you. 

Usage guidelines 

Google is proud to partner with libraries to digitize public domain materials and make them widely accessible. Public domain books belong to the 
public and we are merely their custodians. Nevertheless, this work is expensive, so in order to keep providing tliis resource, we liave taken steps to 
prevent abuse by commercial parties, including placing technical restrictions on automated querying. 
We also ask that you: 

+ Make non-commercial use of the files We designed Google Book Search for use by individuals, and we request that you use these files for 
personal, non-commercial purposes. 

+ Refrain fivm automated querying Do not send automated queries of any sort to Google's system: If you are conducting research on machine 
translation, optical character recognition or other areas where access to a large amount of text is helpful, please contact us. We encourage the 
use of public domain materials for these purposes and may be able to help. 

+ Maintain attributionTht GoogXt "watermark" you see on each file is essential for in forming people about this project and helping them find 
additional materials through Google Book Search. Please do not remove it. 

+ Keep it legal Whatever your use, remember that you are responsible for ensuring that what you are doing is legal. Do not assume that just 
because we believe a book is in the public domain for users in the United States, that the work is also in the public domain for users in other 
countries. Whether a book is still in copyright varies from country to country, and we can't offer guidance on whether any specific use of 
any specific book is allowed. Please do not assume that a book's appearance in Google Book Search means it can be used in any manner 
anywhere in the world. Copyright infringement liabili^ can be quite severe. 

About Google Book Search 

Google's mission is to organize the world's information and to make it universally accessible and useful. Google Book Search helps readers 
discover the world's books while helping authors and publishers reach new audiences. You can search through the full text of this book on the web 

at |http: //books .google .com/I 



<2c 
Wi 



^ 



PHYSICAL MEASUREMENT. 



i 



COURSE OF EXPERIMENTS 



IN 



i'JlO? 



PHYSICAL MEASUREMENT. 



in jFour ]Part0. 



Pabt IV. 



APPENDIX FOB TEE USE OF TEA0HER8. 



By HAROLD WHITING, Ph.D., 

FORMERLY IM8TRUCTOR IN PHYSICS AT HABYABD UMIYERSITY. 



BOSTON, U.S.A.: 
D. C. HEATH AND CO., PUBLISHERS. 

1891. 



Copyright, 1891, 
Bt Habold Whitiko. 



John Wilsoh ajtd Sov, Caxbridob, U.S.A. 



TABLE OF CONTENTS. 



Part IV. 



APPENDIX FOR THE USE OF TEACHERS. 



Paqi 

I. The Laboratory 901 

II. Apparatus 909 

III. Expenses 926 

IV. Instruction 939 

V. Examples of Observations and Calcula- 
tions 951 

VI. First List of Experiments (1A to 120A), 

FOR Harvard Colleob examinations in 

Advanced and in Elementary Physics . 1035 

VII. Second List of Experiments (IB to 60B) 

FOR Harvard College examination in 

Elementary Physics 1066 

VIII. Third List of Experiments (1C-80C) for 
Harvard College examination in Ad- 
vanced Physics 1079 

IX. Averages of Variable Quantities .... 1097 

X. Probability of Errors 1109 

XI. Proofs of FoRMULiE 1130 

XII. Useful FoRMULiE 1174 

INDEX 1191 



PHYSICAL IVIEASUREMENT. 



APPENDICES AND EXAMPLES FOB THE 

USE OF TEACHERS. 



APPENDIX I. 

THE LABOBATOBY. 

The first requisite for a course in elementary Phys- 
ical Measurement is a well lighted and uniformly 
heated room, with the ordinary precautions to secure 
good ventilation. Experience has sliown that these 
advantages cannot practically be obtained in base- 
ments, however suitable the latter mav be for certain 
scientific purposes. The first floor of a building, prop- 
erly supported by brick pillars to prevent vibration, 
has undoubted advantages for a course of measure- 
ments. The use of iron in construction should be in 
so far as possible avoided on account of its magnetic 
influence. 

If the room above a physical laboratory is to be 
occupied, there should be an empty space between 
the floor of that room and the laboratory ceiling. 
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The latter should not be supported by a rod or rods 
connecting it with the former, but by separate beams 
or trusses.reaching to the walls. Under these condi- 
tions only will the vibrations of the upper floor be 
cut off. 

Sometimes, to avoid annoyance from this source, 
the laboratory is placed in the upper story of a build- 
ing. The advantages of skylights as a method of illu- 
mination, and rafters for purposes of suspension, have 
been justly urged. They are, however, offset by 
many practical objections, among which may be men- 
tioned the danger of leakage and the accumulation 
of dust, both occurring at inconvenient altitudes. 
Rafters are, moreover, not good points of suspension, 
since the roof of a building is very sensitive to the 
wind, and to other sources of vibration. For these 
reasons, and on account of economy in heating, attics 
are undesirable for the purposes of physical measure- 
ment. 

The best possible place in a large building for lab- 
oratory work is that usually set aside for lecture pur- 
poses ; namely, a two or three story room reaching 
from the first floor to the attic floor, and situated 
either in an L, or at one end of the building, so as to 
be lighted from three sides. The attic should be 
used solely for the storage of apparatus, or as a means 
of reaching different points in the laboratory ceiling, 
where suspensions, for instance, may be needed. In 
the absence of a two-story room, a staircase may per- 
haps be utilized for long suspensions when necessary 
(Exp. 66). 
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The laboratory should be situated as far as conven- 
ient from publicL travel, but not too far from the 
work-shop. It is hardly desirable that a powerful 
engine of any sort should be placed under the same 
roof as the laboratory. Even a smoothly running 
gas engine may interfere with delicate measurements. 
The neighborhood of dynamo and even telegraph 
wires should be avoided, and particularly vertical por- 
tions of such wires. Powerful currents, if admitted 
at all to the laboratory, should come and go through 
parallel wires (see IT 193, 8). 

The conditions here named are not so formidable 
as they may perhaps appear. A common square 
wooden building with an attic and basement, situ- 
ated in the middle of a field, has advantages for the 
purpose of physical measurement which some of our 
best institutions do not possess. 

It is well to have the laboratory ventilated by 
registers in the floor and ceiling. ' A large number of 
small registers in the floor is likely to cause less 
draught than one or two large registers. It is best, 
on account of dust, to heat the air before it enters 
the room, by steam. Furnace heat is, however, not 
objectionable if the pipes, furnace-chamber, and air- 
boxes are perfectly tight, so that no dust from the 
ashes can enter them. The floor, walls, and ceiling, 
should be finished in paint, wax, oil, shellac, or var- 
nish, so that they may easily be kept clean. Other 
precautions against dust will be spoken of later on. 

The window-sills, if of the ordinary pattern, should 
be at least 2 ft. 10 in. from the floor, in order that 
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work-tables or benches may be placed in front of 
tliem without cutting off the light. There should be, 
moreover, no obstacle — such as steam-pipes — to 
prevent such tables or benches from being set close 
to the walls. This is not only a matter of conven- 
ience in preventing small objects from falling behind 
the tables, but also in some cases the only means of 
making tables steady enough for delicate experi- 
ments. In some cases, such tables have to be sup- 
ported by pillars reaching to the basement; but this 
will not be necessary for elementary work. 

It is well, on at least one side of the room, not ex- 
posed to the sun, to have a wooden bench, 2 feet wide, 
2 in. thick, and 33 in. high, fitted permanently to the 
wall, and if necessary, into the window spaces. A 
small platform or balcony facing southward will be 
found convenient for experiments requiring direct 
8unUght, 

The windows on the sunny sides of the room 
should have blinds giving free access to air. White 
window curtains, closing from below upward, are a 
convenience, but by no means a necessity. Wooden 
shutters, or curtains of enamelled cloth almost en- 
tirely opaque to light, are needed on all the windows 
to obtain the best results in photometry, and are ab- 
solutely indispensable if experiments in photography 
(not included in this course) are to be made.^ 

The expense of arranging a laboratory so that it 
may be darkened is very much less than that of con- 

^ For the latter purpose, it woold be well to have yellow glass set 
into one or two of the windows. 



THE LABORATORY. 905 

structing tlie customary '* dark room" for photometric 
and photographic experiments, and has the advan- 
tage of furnishing plenty of air and space to the 
students. This arrangement is, however, practicable 
only when, as in the course of experiments which the 
author has planned, all the students are to work 
together at a given time upon a given class of 
experiments. 

There is no need, under these circumstances, of 
having a separate "weighing room" or a separate 
room for electrical measurements. Ordinary bal- 
lances and galvanometers, provided with glass cases, 
may generally be left in place without danger of 
injury. It may occasionally be desirable, during ex- 
periments with certain corrosive acids, to shut up all 
the finer apparatus in a cabinet, and for this reason 
such a cabinet should be provided. The cabinet 
should have glass sides and doors if possible, and 
plenty of shelves. It should occupy about ^^ as 
much floor space as is necessary altogether for the 
accommodation of students (see plan, page 906). 

The furnace flue should be built side by side with 
one or more ventilating flues in a chimney next one 
wall of the room. A small closet or " hood" should 
be built round the chimney (see plan). This hood 
is intended as a place to store batteries and chemicals 
from which noxious odors may arise. There should 
be a continual current of air passing into it from the 
room, and out through an opening near the top into 
one of the ventilating flues. It is convenient, but 
not necessary, to make this closet large enough to 

21 
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work in. A large wooden box placed in front of an 
open fireplace is an excellent substitute for a hood. 

There will be needed for lecture purposes, or for 
purposes of demonstration, a table of considerable 
size, about 34 in. high, not too far from one of the 
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walls where a blackboard may be placed, and in a 
position where it may be seen from all parts of the 
room (see plan). This table should be supplied with 
water, drainage, and gas, which can, in the absence of 
electricity, be used for both heating and lighting pur- 
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poses. If steam U uaed in the building, a steaiupipe 
leading to tlie table may also be a convenience. The 
table should be furnished vitli drawers and cup- 
boards, in which the lecturer may keep the greater 
part of the instruments which he will need during 
the course (see plan, A, B, and C, page 906). 

Other tables, 30-34 in. high,^ also furnished with 
drawers and cupboards for the use of students (see 
plan, 1-12) may be conveniently arranged in a hollow 
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square, so that the students working at them may 
face the lecturer. If the room is very small, all these 
tables may be built into one. The author has made 
ase of a table (Fig. 2) 9 X 9 ft. square in lecturing 
to a class of 10 or 12 students, and in directing the 

1 SO tnchei if tAtAn are to be used hj the itqdento. 84 inches if 
llie •tudeDia ftre to work atuiding, or to make uie of high (tool*. 
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work of at least 6 students at one time. Around 
the outside of the table were 12 drawera with small 
closets beneath them, so that each student had a 
special place for apparatus. Some such arraugement 
is necessary, to bring into play in the minds of stu- 
dents that sense of at least temporary ownership 
which lends interest to the study, as well as to the 
preservation of the instruments intrusted to them. 

In addition to the table or tables already men- 
tioned, a considerable number of common tables or 
benches may (if space permits) be utilized for instru- 
ments which are to remain permanently in place ; as, 
for instance, ordinary balances (Exp. 6), optical 
benches (Exp. 41), electric micrometers (Exp. 65), 
astatic galvanometers (Exp. 76), and '' dip " appara- 
tus (Exp. 77). These details will depend largely 
upon the system adopted for carrying on the course. 
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APPARATUS. 



The apparatus which will be required for the 
course of 100 experiments described in this book, 
and for a few outside experiments needed for the 
purpose of illustration, is catalogued below under 20 
heads, following the order in which the apparatus is 
wanted. The author has selected in the case of al- 
ternative methods, such apparatus as he himself has 
found most convenient to employ. 

1. For general use, — first, measures of length : (a) 
a Metre Bod, graduated in millimetres either on 
wood, brass, or steel. Wooden rods have the small- 
est coefficient of expansion, are satisfactorj^ and cost 
only about 25 cts. ; (J) a Measure graduated in cm, 
on cloth or steel tape 10 metres long (Fig. 224), 
cloth, costing about 75 cts. ; (c) a Gauge (with ver- 
nier), reading to ^ mm., with a shaft 10 or 15 cm. 
long, made to order for about $1.00 in Paris (Fig. 2); 
and (i) a Long Gauge with vernier reading to -^^ mm., 
with a shaft 40 or 50 cm. long (Fig. 222), made to 
order for about $1.50 in Paris ; one of these is enough 
for 5 or 10 students. Other instruments for the 
measurement of length will be found under 5. 
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Second, for the measurement of weight : (e) a Bal- 
ance (20 kilo capacity) with weights (Fig. 188), cost- 
ing $6.00 or 110.00 ; one instrument enough for 5 or 
10 students ; (/) a Balance (flat pan) sensitive to -^ 
gram (Fig. 1), costing $3.00 or $4.00; (^) Weit/hts 
(iron) for ditto, cost about 60 cts. ; (^cg.^ Weights 
(1 eg. to 100 g,), costing from $2.00 to $6.00 (^, Fig. 
4). Other instruments for the measurement of 
weight will be found under 8. 

Third, for the measurement of time, (A) a Clock 
with a wooden seconds pendulum (Fig. 162), to which 
a break-circuit may be attached, so as to re-enforce the 
ticks by electrical means. The second-hand can be 
made also to close a circuit, so as to give tlie signals 
(needed for the determination of rates of cooling) 
once or twice a minute. Such a clock (without con- 
nections), made by the Seth Thomas Co., costs about 
$20.00. One is of course enough for all students. 

Fourth, (f) a Barometer (aneroid), costing $5.00 or 
$10.00 (4, Fig. 63) ; one for the whole class ; (j) one 
Hygrodeik^ {¥'\^. 13), for the whole class, $5.00 or 
$10.00; and (A) a Thermometer (Fig. 61), 0° to lOOo 
Centigrade, graduated on glass stem, costing about 
$1.00 in Europe, and $3.00 in the United States, — if 
possible, one thermometer for each student. 

Finally, (J) a Lens or magnifying glass (Fig. 34), 
costing about 60 cts. ; (tw) a spirit Levely costing 

^ A substitute for a hjgrodeik consists of a pair of thermometers, 
one of wliich has its bulb surrounded with wet lamp-wicking. The 
readings of these thermometers are to be interpreted hy Table 15. 
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about the same ; and (n) some wooden BlockSy on 
which to mount apparatus. 
Total cost, $40.00 to $60.00. 

2. Preliminary Experiments (I. to IV.) : (a) a 
wooden Block (about 10 cm, cube) ; (6) a similar 
Block hollowed with an auger 5 cm, in diameter to a 
depth of 8 cm., then closed by a wooden plug even 
with one surface ; (c) a small Block about 3 cm, cube, 
— all of these blocks oiled or paraffined to make them 
impervious to water; (i) 10 or 12 steel Balls^ such 
as are used in the bearings of a bicycle wheel, weigh- 
ing about 80 grams (or as much as a hydrometer can 
float), and costing about $1.00; (e) a Brush of 
camel's-hair ; (/) and a NicholsorCs Hydrometer (Fig. 
4, page 8), costing from $3.00 to $5.00. 

A gauge, balance, weights, thermometer, &c., have 
already been mentioned (1, (c?), (/), (^), (<?^), (i),&c.). 
In the rest of this list the names of instruments once 
mentioned will not in general be repeated. 

Total cost, $5.00 to $7.00. 

8. The Balance (Exps. V. to X.) : (a) a Balance^ 
sensitive to 1 eg., either uncovered as in Fig. 14, page 
26, or with a glass case (Fig. 15, page 28), and cost- 
ing from $6.00 to $22.00. The capacity of the bal- 
ance should be at least 100 grams; (6) b, Barodeik 
(Fig. 14, page 26) consisting of a litre flask hermeti- 
cally sealed, and counterpoised by pieces of window 
glass. Such a flask should cost not over $1.00. It is 
well to have one such flask and counterpoise perma- 
nently mounted on a special balance (sensitive to 
1 cffO with a paper scale especially constructed so as 
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to show the density of the air. The complete instru- 
ment ought not to cost more than $10.00 ; (c?) a Bar- 
ometer tube (Fig. 10, page 17), 80 cm. long, 6 mm. 
internal and 10 mm. external diameter (cost 26 to 
50 cts.) ; (d} a imall Beaker (6, Fig. 10), costing less 
than 25 cts. ; (e) a nickel-plated Cup, holding 250 
grams or more (cost 25 or 50 cts.) ; (/) a standard 
Weight, (100 ^.), costing about $1.00 ; (^) a fflass 
Ball (or marble) 4 or 5 cm. in diameter (about 10 
cts.) ; (A) 2 small Rings of equal weight (to prevent 
ball from rolling) ; (i) a hydrostatic Arch (Fig. 18, 
page 43), made of sheet brass for less than 25 cts. 
Total cost, 810.00 to 835.00. 

4. The Specific Gravity Bottle, &c. (Exps. XI. to 
XVIII.) : (a) a Specific Gravity Bottle^ or a common " 2 
ounce," wide-mouth, glass-stoppered bottle (Fig. 19, 
page 50). The stopper should be solid so as not to en- 
close a bubble of air. If hollow it must be filled with 
parafBne or other material not acted upon by ordinary 
liquids ; cost less than 25 cts. ; (J) a Densimeter with 
jar (Fig. 20, page 60), costing about $2.00 ; (c) a U 
Tube with rubber couplings, and (d) a Y Tube with 
rubber couplings, both tubes of glass or metal, about 
3 mm. internal and 7 mm. external diameter (cost 
about 25 cts.) ; (e) 4 straight glass Tubes of the same 
diameter and about one metre long (about 81.00) ; 
(/) a rubber Tube (for connections), 1 metre long, 6 mi??, 
internal diameter (25 to 50 cts.) ; (g) an Air Pump, or 
Ricliards' injector ; the latter can be attached to an 
ordinary water faucet, and gives a more or less per- 
fect vacuum ; cost about 81.00 ; (A) a small stop-cock 
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ending in 2 tubes 6 or 7 mm. outside diam. (about 25 
cts.) ; (i) a stout Flask (Fig. 24, page 67), capable of 
resisting the atmospheric pressure (25 cts. to $1.00) ; 
and {j) 3 India-rubber Stoppers to fit the flask, with 
2 holes, with 1 hole, and with no hole (cost about 
10 cts. each). 

Total cost, $5.00 to $7.00. 

5. Length (Exps. XIX. to XXI.) : (a) a Miorometer 
Gauge (Fig. 28, page 73), reading to yj-^ mm.^ made 
to order for about $2.00 in Paris (American instru- 
ments reading only to -^^ mm. cost from $4.00 to 
$6.00); a Spherometer (Fig. 38, page 83), costing 
about $20.00. A much cheaper instrument, accurate 
enough for most purposes, could undoubtedly be 
made by soldering the necessary appendages to a nut 
and screw with a millimetre thread. Such threads 
and instruments for cutting them, though rare in 
America, are common in France, {e) A piece of plate 
Glass about 5 cm, square (10 cts.). The Vernier 
Gauge, Balls, and Lens, have been mentioned in 
1, 2, and 3. 

Total cost, $5.00 to $25.00. 

6 Expansion (Exps. XXII. to XXX.) : First, ther- 
mometers of the ordinary sort (see 1, i), at least one 
for each student; then (a) an Air Thermometer (or 
manometer) consisting of a stout glass tube 40 cm. 
long, 2 mm. internal diameter, graduated in mm. 
(see Fig. 56, page 119), at a cost of about $2.00 ; (6) 
for purposes of illustration (only), an air-pressure 
Thermometer (Fig. 60, page 127). The bulbs a and c 
should be about 5 cm. in diameter, and should have 



914 APPENDIX n. 

capacities of at least 100 and 200 (ni. cm. respectively. 
The tube b should be graduated in mm. for a dis- 
tance of 40 cm. or more, and should have an inter- 
nal diameter of about 2 mm. A similar instrument 
(made by Alvergniat, Paris) cost $3.00 unmounted. 
Add for mounting, and for a kilogram of mercury, 
about $2.00. One instrument enough for class. Cor- 
rections for different readings are easily calculated, 
and should not exceed 1^ ; (c) a weight Thermometer^ 
or test-tube drawn out to a fine point (see ^ 240), 
and (c?), a self-registering Thermometer (or maximum 
and minimum), costing $3.00 in London. One in- 
strument enough for a class. 

Next, for heating (or cooling) purposes : (e) a Bun- 
sen burner ($1.00) (3, Fig. 53), or its equivalent ; (/) 
a steam Boiler (Figs. 53 and 54, page 115), capable of 
admitting a thermometer ($1.50) ; (g) a rubber Tuhe 
for steam (ad. Fig. 46, page 90), 50 cm, long (about 
25 cts.) ; (A) a Steam Jacket or tube (it. Fig. 66) 1 
metre long, and 3 or 4 cm. in diameter, with corks 
(50 cts.) ; {%) an ice Trough^ 1 metre long and 5 cm. 
deep, made of a strip of tin, and (/) a vapor Boiler^ 
or stout flask of about 100 cu. cm. capacity, drawn 
out at the mouth into a tube 5 or 6 cm. in diameter 
(about 25 cts.). It may be well to surround the 
flask with wire netting in case of accident. [The 
use of this apparatus is not accurately represented in 
Fig. 64. The manometer should be raised on a block 
or wood and fastened there, so as not to roll, the 
rubber tube should slope toward the boiler^ and the 
boiler should be nearly covered by the hot water.] 
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Finally, the special apparatus (k) of Dvlong and Petite 
modified as in Fig. 47, page 95 (brass, about $4.00) ; 
one enough for 4 or 5 students, since each may take 
his own observations; and (/) the Manometric appara- 
tus of ^ 76 (Fig. 62), costing about $1.00, exclusive 
of the filter-stand, and mercury. It might be well to 
have two bottles blown especially for this apparatus, 
with tubes issuing directly from the top and bottom. 
One instrument enough for 2 students; (m) A wooden 
Micrometer Frame (bcon^ Fig. 46), with screws/ and 
y, ought not to cost more than $1.00 ; (w) two Test 
tubes (10 cts.), and (p) a Medicine dropper (10 cts. ; 
see Fig. 58, page 121), with the flask and stoppers 
already mentioned (see 4, % and/), will be required. 

Total cost $15.00 to $20.00. 

7. Calorimetry (Exps. XXXL to XXXVIII.) : (a) 
a Calorimeter (Figs. 70, 71, 72, page 144), with an 
inner cup of 100 or 200 cu. cm, capacity (50 cts. to 
$1.00) ; (6) a Stirrer (Fig. 50, page 107) ; ((?) a 
Measuring glass (Fig. 75, page 159) of 2 or 3 cu. cm. 
capacity (25 cts.) ; (d) a Steam Shot heater (Fig. 79, 
page 179), with an inner cup of 100 or 200 cu. cm, 
capacity (about $1.00) ; (g) a Bottle for ice-water 
(wide mouth, 250 cu. cm, capacity, with wire netting 
to restrain ice, — about 10 cts.) ; (/) a Steam Trap 
(6, Fig. 83, page 203), materials costing about 25 
cts. ; (g) a glass Beaker for Calorimetry^ of 100 or 200 
cu. cm. capacity (see ^ 105 (1), cost less than 25 cts. 
Each student should have at least one thermometer 
(see (1)) at his disposition during these experiments. 

Total cost, $2.00 to $3.00. 
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8. Radlometry (Exps. XXXIX. to XL.) : (a) an Op- 
tical Bench (Figs. 89 and 100), consisting of a board 
or plank 1 or 2 m. long, 10 cm. broad, set up edge- 
wise, with 8 grooved blocks or " sliders" to fit loosely 
over it. One slider is to hold a candle, another a 
kerosene lamp, a third a telescope, a fourth a lens, a 
fifth a pasteboard screen, a sixth and seventh wires 
(Fig. 104), and an eighth a wire netting. Each 
slider can be clamped by a small screw eye, and each 
carries a marker. A paper or wooden mm. scale is 
attached to the board. Cost of bench and sliders, 
$2.00 or $3.00; (6) a Bunsen Photometer (Fig. 94, 
page 224). The diaphragm (incorrectly represented 
in rfe?, Fig. 94) consists simply of a piece of paper 
with an oil-spot (Figs. 91-92) mounted as in de^ Fig. 
93, — cost, possibly 50 cts. ; (c) a Candle ; (i) a small 
Kerosene Lamp ; and (e) either a differential Ther- 
mometer with gauge (Fig. 86, page 216), or else a 
Thermopile and Galvanometer (Fig. 88). Cost of 
the differential thermometer (made nicely by a tin- 
man), $1.00 or $2.00. 

Total cost, $4.00 or $5.00. 

9. Focal Lengths (Exps. XL. to XLIIL). In addi- 
tion to the Optical Bench, &c., mentioned in 8, there 
will be needed (a) a small Telescope (with cross- 
hairs), which may be borrowed from the sextant or 
spectrometer mentioned below (in 10) ; (6) a long- 
focus Le7iSj the achromatic object-glass of the tele- 
scope ; (c) a converging Lens (the crown glass of the 
combination) and (i) a diverging Lens (the flint glass 
of the combination). These lenses if 8 or 4 cm. in 
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diameter, would cost separately $3.00 or $4.00. Spec- 
tacle lenses at less than $1.00 per dozen will answer 
most purposes. It is desirable to have (e) 3 small 
Mirrors^ (slightly) convex and concave, for purposes 
of illustration (^ 118), and if possible (/) a " Doublet 
LeuB^^^ such as is used for rectilinear photography, 
costing about 815.00 (one suflBcient for 4 or 6 stu- 
dents). The principle can be illustrated by two 
"meniscus" spectacle lenses mounted facing each 
other with a small diaphragm between them. 

Total cost $1.00 to $20.00 (the former, if spectacle 
lenses are employed, or if lenses are borrowed from 
optical instruments elsewhere accounted for). 

10. Gonlometry (Exps. XLII. to XLVII.) : (a) a 
Sextant ^ (Fig. 106, page 246) reading to 10", costing 
$15.00 in Liverpool ; (6) a Babinet Spectrometer} 
reading to minutes or fractions of a minute, costing 
about $20.00 in Paris. A cheap spectrometer can be 
made with a paper scale, but such instruments are 
apt in the hands of students to yield unsatisfactory 
results. It is perhaps better to dispense with the 
spectrometer altogether, and to use a sextant in its 
place. In this case a metallic shield with (c) a narrow 
Slit (1 mm. X 10 cm.) will be required in certain ex- 
periments. This must be illuminated by (d) a So» 
dium Flame (see foot-note, page 260). (r) an Artifi- 
cial Horizon (page 645) ; (/) a small Priam^ and ((/) a 
Diffraction Orating (page 267), complete, at a nom- 

^ It is indifferent whether the student begins with the sextant or 
with the spectrometer. One instrument of each kind is therefore 
enough for at least 2 students. 
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inal expense, the list of apparatus required for angu- 
lar measurements. 

Total cost, $35.00 to $80.00. 

11. Sound (Exps. XLVIII. to LV.) : (a) a Reson- 
ance Tube (Fig. 121, page 272), costing $1.00 or $2.00 ; 
(6) a Monochord (Fig. 122, page 274), costing per- 
haps $2.00 ; (c) a Bow (ai, Fig. 122), costing $1.00; 
(d) Signalling apparatus, for instance, two hammers 
and boards (^ 137, III.) ; (e) a Smoked glass appar- 
atus (Fig. 125, page 288). The dimensions may be 
as follows : total length 60 em,^ breadth 15 t'/n., 
height 30 cm.y cost about $3.00 for carpenter's work ; 
(/) a Toothed WJieel apparatus (Figs. 135 and 136, 
page 302), watchmaker's charge about $1.00 ; (g) Tun- 
ing Forks with tlie following rates of vibration per 
second : GS = 51.2 ; A = 64 ; AjJ = 57 ; B =z= GO ; 
C = 64 ; C = 128 ; A = 216 ; C = 256. Cost made 
by blacksmith out of best steel, about $8.00 in all. 
Additional forks (68, 72, &c., up to 128) desirable, 
but not necessary. Forks A = 440 + ainl C = 512 
-f- to be had of dealers in musical instruments (25 
cts. each) ; (A) a Pitch Pipe (Fig. 273, page 554), 
or its equivalent (less than $1.00) ; (i) a Cloth Band 
for torsional vibrations (page 554) ; and(y) means of 
stretching considerable lengths of Wires. Resin will 
be needed in these experiments. Students will do 
well to work in pairs upon all these experiments. 

Total cost, $15.00 to $20.00. 

12. Kinetics (Exps. LVI. to LX.) : (a) a simple Pen- 
duliim (Fig. 150, page 316), at a nominal cost ; (6) an 
irrotational Pendulum (Figs. 153 and 154, page 321, 
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scale of figures about ^^), cost, made by ordin- 
ary caipenter, tinman, and blacksmith, not over 
$5.00; ((?) a Torsion Head^ or suspension ( AB, Fig. 159 
page 334), costing about 81.00 ; (d) a Torsion Pen- 
dulumy or ring apparatus (BCEFD, Fig. 159), costing 
about $1.00; (e) a Spiral Spring apparatus (Fig. 
158, page 331), cost nominal ; (/) a Falling- Bodies' 
apparatus (Fig. 149, page 313), materials costing 
less than $1.00 ; and for purposes of illustration, {g) a 
pair of billiard Balls^ suspended as in Fig. 146 (cost 
about $2.00). 

Total cost, $9.00 to $10.00. 

13. StatdcB (Exps. LXI. to LXIL): (a) Two 
Spring Balances of 10 kilos' capacity, graduated to 
^ Kilo (Fig. 160, page 338) ; cost about $2.00 ; (6) a 
set of Safety-valve Weights (Fig. 160) from 1 to 10 
kilos (about $1.00) ; (c) a Lever (Fig. 162, page 
341), costing perhaps 25 cts. ; (c?) a loaded Board 
(Figs. 170, page 348), costing about $1.00 ; and {e) a 
pair of Triangular Supports {i and /, Fig. 173, page 
350). 

Total coat, $4.00 or $5.00. 

14. Elasticity and Cohesion (Exps. LXIII.-LXVII.). 
(a) Two Steel Beams (ag. Fig. 173) both 100 + cm. 
long, one 6 + mm. square, the other 6 -(- mm. X 12 
+ mm.y costing about $1.00 ; (b) an Electric Microm- 
eter (Fig. 173), costing with platinum points about 
$20.00. Two students can use same micrometer. 
[The electrical connections are unnecessar)'. A com- 
mon screw with a brass head soldered to it and grad- 
uated with a knife will answer. Fasten a small 
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metallic minor to the beam and move screw until its 
point touches its own reflection.] (<?) A Torsion 
Apparatus (Fig. 174, page 355), with 2 or 3 rods, 
costing perhaps $3.00; (d) a Torsion Balance (Fig. 
176, page 358), made at a nominal cost by additions 
to the Torsion Pendulum (ae. Fig. 176) already men- 
tioned (12 6?) ; {e) Young's Modulus Apparatus (Figs. 
178 (3), and 179, page 165), costing about $2.00, out- 
side of the electric micrometer (see b) ; (/) a Bobbin^ 
scooped out so as to fit over the hook of a spring bal- 
ance (Fig. 180, page 367); {g) a Fork of wire for 
holding a film of water (page 3G9), and {li) a Capil- 
lary Tube^ made of a broken mercury thermometer 
(Fig. 182, page 371). Be sure that the bore is nearly 
circular (not elliptical). 

Total cost, $5.00 to $20.00. 

15. Work (Exps. LXVIII. to LXX.) : {a) a pine 
Board (20 X 100 cm.) and Plank (5 X 20 X 40 cm., see 
Fig. 183, page 373) nicely planed (about $1.00) ; (ft) a 
Siphon (Fig. 185, page 378), made by a rubber tube 
2 m. long, 3 mm. internjil diameter (not over $1.00); 
(c) a Tackle (Fig. 186), consisting of two smoothly 
running double blocks, of either iron or wood, to be 
had of dealers in shipping materials, for about $1.00; 
{d) a Water Motor apparatus (Fig. 178, page 382), cost- 
ing about $30.00 for the motor {^ horse power), 
$3.00 for the water gauge, $1.00 for the stone jar, and 
$1.00 for the supports, in addition to the cost of the 
spring balances mentioned in 13 a. One motor enough 
for 4 or 5 students. A much smaller motor costing 
about $5.00 will answer ; in this case letter balances 
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should be employed (see 20). {e) A pasteboard Tube 
\ -{- m. long, 5 cm. diam. (sold for about 25 cts. 
by paper dealers), with corks (Fig. 192, page 390) ; 
(/) heavy iron Weights (1-10 kilos)^ costing from 
$1.00 to 82.00. Lead shot and a thermometer (1 k) 
will also be required in these experiments. 
Total costj-^lO.OO to $40.00. 

16. Magnetism (Exps. LXXI. to LXXV.) : (a) 
three compound Magnets (see ^ 179, also Fig. 196, 
page 396), costing about $5.00 (one or two needed at 
one time) ; {b) a vibration Magnet (Fig. 204, page 412), 
cost nominal ; {c) a Surveying Compass (Fig. 199, 
page 405), costing from $5.00 to $15.00 ; {d) a long- 
bar Magnet (Fig. 209, page 420), 1 m. long, 12 mm, 
diameter (cost about $1.00) ; {e) a Dipping-needle 
and st^nd (Fig. 210, page 423), costing about $2.00 ; 
(/) two wooden Blocks 1 cm. cube. Iron filings and 
photographic paper will be required for these 
experiments. 

Total cost, $10.00 to $25.00. 

17. Magneto-Electricity (Exps. LXXVI. to LXX- 
VII.) : (a) a sliding Helix with stops and clamps (acf, 
Fig. 209, page 420), costing about $1.00 ; {b) an Earth 
Inductor (Fig. 213, page 428, scale about 5^), con- 
taining about 100 turns of insulated copper wire (No. 
18, B. W. G.) on a wooden ring 60 cm. in diameter, 
and costing from $5.00 to $10.00. Good results may 
also be obtained by a simple coil laid against a door 
or on a table, then suddenly turned over by hand. 
Cost of such a coil $2.00 or $3.00. {c) A ballistic Gal- 
vanometer^ made by loading the needle of an astatic 

00 
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galvanometer (Fig. 207, page 418, scale about ^) 
with a few grams of lead at each end. Cost of the 
astatic galyanometer, about $15.00. 
Total cost, $20.00 to $25.00. 

18. Galvanometry (Exps. LXXVIII. to LXXXIV.) : 
{a) a Single Ring (aS'. i2.) Q-alvanometer (Fig. 217, page 
438, see footnote page 439), cost without compass 
about $10.00; with compass $25.00; (b) Double- 
Ring {D, R.) Galvanometer (Fig. 225, page 448), cost 
about $10.00, exclusive of surveying compass (see 
16 c) : (c) electro-Df/namometer (Fig. 228, page 451, 
scale -Jj), cost $10.00 or $15.00 ; (d) an Ammeter (Fig. 
231, page 466), costing $5.00 or $10.00; (e) a Vibration 
Galvanometer (Fig. 230, page 461), which the student 
can himself construct at a cost of about 50 cts. ; (/) a 
Commutator (Figs. 216, page 435, scale ^ig), costing 
perhaps $1.00 ; (jg) a Shunt^ consisting of a piece of 
uninsulated German Silver wire of about 1 ohm re- 
sistance, with copper connections (Fig. 219, page 486), 
cost nominal : (h) several cheap Ket/s^ 50 cts. to $2.00. 

Batteries will also be needed as follows : (t) Bat- 
tery Maferiahj that is, materials for a small Daniell 
cell to be set up in a small jar or tumbler (see page 
463), cost about 50 cts. ; (J) a Daniell Battery of 6 
litre Daniell cells (Fig. 235, page 469), $6.00 ; (k) a 
Bunsen Battery (of 3 or 4 Kunsen cells. Fig. 234), 
$10.00; and (/) a Leclanche Battery of 1 or 2 Le- 
chanchd cells (Fig. 236), $2.00. 

Total cost, $15.00 to $30.00. 

19. Electrical Resistance (Exps. LXXXV. to XC- 
III.) : (a) a Resistance coil (Fig. 238, page 471, scale 
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\)y made to fit calorimeter 17 a) cost nominal ; (b) a 
Heaistance box (Fig. 242, page 476, see also R., Fig. 
264, and Figs. 240, 241. Scale of Fig. 241 about |), 
cost, roughly adjusted, about f 60.00 ; (c) a British As- 
sociation {B, A.) Bridge (Fig. 247, page 481, scale of 
cm. in Fig.), cost of materials about $2.00 ; complete 
instrument $10.00 to $15.00 ; (d) a differential Gal- 
vanometer^ made by using the differential connections 
of the astatic galvanometer already mentioned (17 c) ; 
if there are no differential connections, add to the 
two binding posts a and ^, already existing, a third 
binding post, c. Connect a and c with a resistance of 
say 10 ohms ; connect b and c with an equal resist- 
ance ; then equal currents through ac and be will 
produce no deflection. The instrument will work as 
a differential galvanometer in all cases where insu- 
lation between the two circuits is not required. Cost 
of change in connections about $1.00. It is preferable 
to have the galvanometer wound with a double wire^ 
as stated in footnote, page 419. 
Total cost, $60.00 to $75.00. 

20. Electromotive Force (Exps. XCIV. to C). These 
experiments depend chiefly upon the apparatus men- 
tioned in 18 and 19. There is needed also (a) a 
Thermo-Junction (a. Fig. 257, page 621), cost nominal ; 
(J) a Clark Battery (1 cell sufficient), cost of materials 
about $1.00 ; {c) an Electric Motor (Fig. 263, page 
634), with a friction brake consisting of two letter 
balances (see Fig. 264), and (d) a Revolution Counter 
(Fig. 265). Cost of motor, &c., from $5.00 to $10.00. 

Total cost, $7.00 to $12.00. 
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In addition to the list of apparatus given above, it 
will be found convenient to have certain supplies al- 
ways on hand, together with tools and materials to 
repair broken apparatus. The most important items 
are arranged alphabetically below, with an estimate of 
the number or quantity required for each student. 



Alcohol, I pint. 
Augers, assorted. 
Binding screws, electric. 
[Blast lamp.] 
[Brackets.] 
Bunsen Burner. 
Candles. 
Cord, 10 feet. 
Corks, assorted. 
Cotton cloth, J yard. 
Cotton waste, 1 oz.. 
Ether, 2 oz. 

Gas . 

Gimlets, assorted. 
Glass Beakers, assorted. 

Jars. 

Mirrors, pieces. 

Plate, 

Test-tubes, assorted. 

Thermometer, 1 extra. 

Tubing, assorted, but es- 
pecially J inch. 
Uammers and Hatchets. 
Ice (Exp. 5 and Exps. 22-30). 
Ink. 

Iron filings, \ oz. 
[Iron Plate.] 
Kerosene, 1 pint. 
Mercury, 1 lb. 
Nails, assorted. 
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Oil-can. 

Paper, coordinate, 12 pages. 
** photographic, 1 page. 
Paraffine, \ oz. 
Pins, assorted. 
Besin, for bows. 
Rubber couplings, 6. 

Stoppers, assorted. 
Tubing, assorted, 3 ft. 
Salt, 1 lb. 
Sand, 1 lb. 
Saw. 

Screw-drivers. 
Screws, assorted. 
Shot, lead. 

" Zinc (or copper). 
Solder and iron. 
Tacks, assorted. 

" double-pointed. 
Tin-foil (lOsq. in.). 
Vice. 

Water, cold, hot, and distilled. 
Wax. 
Wire, Brass, fine, J oz. 

Copper, assorted, 1 oz. 

German silver, assorted, I oz. 

Iron, assorted, J oz. 

Steel, fine, J oz. 
Wood, blocks to mount apparatus, 
boxes, boards, planks, strips, &c. 
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Every instrument, tool, or receptacle sJiould bear 
the number of the shelf where it belongs, and in ad- 
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dition a label of its own by which it may be identi- 
fied. It would be well to make an alphabetical list 
of apparatus referring to the shelf where each instru- 
ment may be found.^ The students could then set 
up their own apparatus. 

^ The names of instruments printed in italics in the list will be 
found in the general index at the end of this book. The words under 
which they are indexed are those beginning with capital letters. 
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APPENDIX III. 



EXPENSES. 



The cost of fitting up a laboratory for the purposes 
of elementary physical measurement does not differ 
essentially from that of an ordinary school-room, ex- 
cept that a somewhat greater space is requiied for the 
students. This is not, however, so great as is com- 
monly supposed. The author has found no serious 
diflBculty in the use of a room 15 feet square, for a 
section of six students. The room contained a table 
9 feet square, arranged as shown in the plan (Appen- 
dix I.). The total expense of fitting up the room 
and table, including gas, plumbing, water, and a fur- 
nace pipe, together with shelves, drawers, closets, 
and a small "dumb-waiter" to connect with a tool- 
room in the basement, was about §300.00. Since the 
laboratory can receive three or four sections of 6 each 
daily, each member of a class of from 36 to 48 stu- 
dents can attend three exercises a week in a room of 
this size. The cost of permanent laboratory fittings 
is only a little greater than that of the ordinary 
desks required for a school-room, and if it is decided 
to introduce experimental physics at all, the neces- 
sary appropriation is generally forthcoming. 

The cost of supplies in a course of physical meas- 
urement is not, as in chemistry, an important item. 
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An allowance of $2.00 or $3.00 per annum for each 
student has been found to cover the whole expense. 
A still smaller sum would suffice if care were taken 
to prevent unnecessary waste, especially of mercury, 
alcohol, and battery materials. The cost of gas and 
water is usually nominal. Heating is not included 
in the estimate above, and must be allowed for as in 
any other course of instruction. 

The cost of a comi)lete set of apparatus will be 
found, by adding up the separate sums in the list (Ap- 
pendix II.), to vary from $300.00 to $500.00. A single 
copy of each instrument will generally answer for two 
students to work with at one time, especially when 
there are two or more instruments serving a given 
purpose, like the sextant and the spectrometer. In 
some experiments it is advisable for more than two 
students to work together; it is, however, recom- 
mended that one set of apparatus be allowed on the 
average for each pair of students present in the lab- 
oratory at a given time. Some instruments, like the 
clock and the barometer, may serve for a whole class 
of students; but it is highly desirable that each 
student should have his own thermometer, gauges, 
weights, and other comparatively inexpensive ap- 
paratus. 

If we suppose a class of students to be divided 
into 6 sections, each having separate access to the 
laboratory at stated periods during the week, it is 
evident that a single complete set of apparatus can 
serve six pairs of students. A moderate laboratory 
fee ($10.00 per student) is therefore sufficient to pay 
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for a complete set of apparatus in 4 or 5 years. Ex- 
perience has shown that college students are willing 
to pay such a fee in addition to the regular charge 
for tuition. 

It follows that 12 students can afford one complete 
set of apparatus, that 24 students can afford two sets, 
&c. In other words, the cost of reduplicating appar- 
' ^ to such an extent that a large class of students 

yrking in pairs may be able without delay to follow 
a regular and connected course in physical measure- 
ment, comes within the limit of what the students 
themselves are willing to pay. There is, perhaps, no 
better demonstration of the fact that such a course 
is desirable from an economical point of view. The 
fii*st criticism, however, which occurs to a practical 
man when he sees a whole class working simultane- 
ously upon a given experiment, is that a great pro- 
portion of the apparatus lies idle. It may be well, 
therefore, to consider, from an economical point of 
view, certain methods of instruction in which the 
proportion of apparatus employed at a given time 
is relatively great. 

" It is suggested " (see Harvard List of Advanced 
Physical Experiments, 1890, page 54) " that great 
duplication of apparatus is not necessary in a course 
of experiments such as is described in this " (tlie 
Harvard, 1890) ** pamphlet. It is found that stu- 
dents differ much in their rate of working in a phys- 
ical laboratory, and consequently, in more diflRcult 
experiments, the students can be working on differ- 
ent parts of the subject during the same hour." A 
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good iustance of this would be in the case of experi- 
ments with double and single ring galvanometers, 
since the same principles are involved in the two in- 
struments. Unfortunately, certain expensive instru- 
ments, like the balance and the resistance box, are in 
continual use for several weeks devoted to a given 
subject. To avoid conflict with such instrumentb, it 
is necessary that students should be working on (?;" 
ferent mbjects at the same time. *> 

This leads to the consideration of a system of 
instruction used in many of our oldest institutions, 
in which the experiments that a student is to per- 
form are determined largely by the supply of appa- 
ratus. This system deserves especial attention, since 
it Ls in some cases the only one possible, and has 
the merit of extreme economy as far as apparatus 
is concerned. 

The progress of each student in this system maybe 
watched or controlled by an " indicator board." The 
names of the students can be arranged across the top 
of the board, and the names of experiments at the 
left. (See the JTarvard List of advanced Physical 
Experiments, 1890, page 64.) A long peg is then 
placed under each student's name opposite the exper- 
iment which he is to perform. The long peg can be 
moved and replaced by a short peg, to show that the 
experiment has been performed, and that the appara- 
tus is free for the next student. A complete row of 
short pegs opposite a given experiment shows there- 
fore that all the students have performed it. A new 
experiment is then prepared in its place. 
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This individual system of instruction, aside from 
its economy, has undoubted educational merits. A 
good text-book and the personal attention of an in- 
telligent assistant are together worth more than al- 
most any system of lectures without such aid, as far 
as the understanding of experiments is concerned. 
When, however, we consider the mutual relations be- 
tween experiments, the " individual system " as it is 
generally practised presents numerous defects. Pro 
fessor Pickering, in his Physical Manipulation, Vol. 
II., appendix C, recommends that at the start about 
thirty experiments should be prepared. Among 
these are Measurements of Length, Temperature, 
Capacity, Weight, Force, Elasticity, Acceleration, 
and Light. It is true that, although some of these 
topics naturally precede others, any one can be ex- 
plained without reference to the rest. A lecturer 
cannot, however, begin by explaining all. As a 
natural result, those students who, through lack of 
apparatus, are obliged to perform, for instance, ex- 
periments in light before any allusion to the wave 
theory has been made, work under a decided disad- 
vantage. It is better to keep a student waiting for 
apparatus than for explanations. For this reason the 
lecturer must keep at least a month in advance of 
the majority of the students, even when all are work- 
ing upon a given class of experiments. It is impos- 
sible after such an interval to recall the details of an 
explanation even with the aid of copious notes. Such 
details therefore are generally omitted from the lec- 
tures, and when the time comes are explained sepa- 



EXPENSES. 931 

rately to each student. Again, the lecturer cannot 
point out the just inferences to be drawn from a 
given experiment until every one has performed it. 
In the mean time, however, many of the results of 
observation escape from the student's memory. Facts 
without principles, like principles without facts, are 
quickly forgotten. 

A system of lectures which is only one month in 
advance of the laboratory work has nevertheless 
many obvious advantages over a preparatory course 
of instruction, which must be taken at least one 
year in advance. It is a well-known fact that lec- 
tures are the most economical system of verbal in- 
struction. The farther lectures are separated in time 
from the experiments to which they relate, the less 
can be accomplished by the lecturer, the more is 
thrown upon the laboratory assistant. In some in- 
stitutions, courses of purely laboratory work are given. 
Such courses, with a limited number of students as- 
signed to one instructor at a given time, have un- 
doubted advantages, but are necessarily expensive. A 
small amount of apparatus may, it is true, be em- 
ployed successively by a large number of students ; 
but in an elementary course the cost of reduplicating 
apparatus is small in comparison with the cost of re- 
duplicating instruction. 

Let us now consider what happens when, as is fre- 
quently the case, 10 or 12 students without any pre- 
vious preparation are assigned to a single assistant. 
In the first place, time will be lost in starting the 
men at work. It is easy, moreover, to see that the 
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assistant cannot, in a single exercise of two hours, 
devote more than 10 or 12 minutes to each student. 
In other words, the quantity of his instruction is lim- 
ited. In the space of time at his command it would 
be impossible to cover the ground even of a half 
hour's lecture. This amount of time ought at least 
to be devoted to the explanation of each experiment. 
The quality of the instruction given in this way is 
apt, moreover, to be unsatisfactory. When the as- 
sistant has explained a given point separately to six 
or eight students, he is sometimes left with the im- 
pression that the point in question has been made 
sufficiently clear, and subsequent explanations are, 
perhaps involuntarily, either curtailed or omitted. 
The instruction obtained, even from inexperienced 
assistants, is often a great aid to the student in fol- 
lowing a course of higher instruction ; but without 
general lectures a course in physical measurement is 
necessarily incomplete. One of the advantages of 
having a course of lectures closely connected with 
the laboratory work, lies in the use of illustrative ex- 
periments performed by the lecturer. It would of 
course be too costly to repeat such experiments for 
the benefit of each student at the time when he needs 
them, and impracticable for the student to repeat 
most of them himself. Students working indepen- 
ently are left therefore to read about these experi- 
ments in a text-book, or to recall them as best they 
may from notes on some past lecture in which they 
seemed to have no practical bearing upon their 
work. 
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The student who has just heard a lecture upon a 
given experiment cannot fail to perform it with bet- 
ter understanding ; he has at least the directions for 
the experiment fresh in his mind, and knows how to 
begin work. Experience has shown that more than 
half of the student's difficulties can be anticipated by 
a short lecture. There is, as has been already pointed 
out, a great economy of labor in this lecture method 
of instruction. 

It has been found that one assistant is required 
to give individual instruction to about six students. 
If the class contains 72 students, whom we will sup- 
pose to be divided into 6 sections of 12 each, two 
assistants must evidently be present at one time, and 
at least three will be required to meet all the men, 
allowing 24 hours of instruction per week to each 
assistant. Now it is found that a single assistant can 
direct the work of 12 men at one time, provided that 
they have received their main instructions before- 
hand. Let us suppose that two assistants take 3 sec- 
tions each, and explain once for all at the beginning 
of each exercise, in the clearest possible terms, the 
details of a single experiment which all the men are 
simultaneously to perform. Each assistant's hours 
will then be reduced from 24 to 18 per week, and the 
labor of individual instruction, if not lightened, will 
at least be freed from tiresome repetition. The same 
salary should therefore suffice. There is accordingly, 
in this system of instruction, a gain of one assistant's 
salary. There is, on the other hand, an increase in 
the amount of apparatus, for 6 whole sets will now 
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be required instead of one. The additional 5 sets 
will cost from $1500.00 to $2500.00. This seems a 
large sum to invest in apparatus; but it must be 
remembered that, unlike assistants' salaries, this 
sum is paid only once. Even if, in the course 
of 10 years, all the apparatus should have to be re- 
placed, it will in the mean time, have been paid for 
almost twice over by the saving in a single assistant's 
salary. 

It is obvious that instead of giving separate ex- 
planations to each section, a single lecture attended 
by all the sections will suffice. There is little danger 
that students may forget what is said in the lectures 
before they come into the laboratory, provided that 
intermediate lectures on the same subject do not inter- 
vene. This fact may be made use of, if it is desired, 
to effect a considerable saving in the cost of appara- 
tus. Instead of giving a single series of lectures, the 
instructor may give two series, each being attended 
by half of the men belonging to each section of the 
class. It is undoubtedly possible to arrange two sets 
of experiments so that each may form a continuous 
course, and that at the same time a conflict of appa- 
ratus may be avoided. Half of the students present 
at a given time will accordingly be working on one 
set of experiments, for instance, determinations of 
weight, at the same time that the other half is per- 
forming an entirely different set of experiments, for 
instance, measurements of length. Three complete 
sets of apparatus will therefore be sufficient for a 
class of 72 students working, as suggested above, in 
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pairs. Tbe details of this method have not been 
worked out because the expense of giving a double 
series of lectures would ordinarily amount in a few 
years to more than the original cost of reduplicating 
the apparatus. The method, however, involving only 
a single repetition of a given explanation, is obviously 
more economical than the ordinary system of instruc- 
tion, in which explanations must be repeated separ- 
ately to each student, and is to be considered, when, 
as is too often the case, it is absolutely impossible to 
obtain a sufficient appropriation for apparatus. 

Let us next consider a class of 24 students, for 
whom one instructor or assistant is in any case suffi- 
cient. Such a class would naturally be divided into 
4 sections of 6 each, and would, working in pairs, be 
fairly supplied by 3 complete sets of apparatus at a 
cost of from $900.00 to $1500.00. Suppose, however, 
that only one set of apparatus can be had. The sim- 
plest escape from this difficulty is to divide the class 
into 6 sections of 4 each, and to give a double set of 
lectures as has just been suggested. The exercises 
may if necessary be cut down to one hour each. 
They will then occupy, with six one-hour lectures, 24 
hours per week ; that is, the same time as would or- 
dinarily be required for the individual instruction of 
24 students. Each student will moreover receive the 
same total amount (6 hours) of insti-uction. Half of 
this will be in the lecture room, the other half in the 
laboratory. It would of course be better if more 
than one hour could be allowed for the laboratory 
exercises ; but it is thought that the student can do 
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more in a single hour after a thorough explanation 
received in the lecture, than he could accomplish in 
two hours under the old system, allowing for waste 
of time in waiting for the necessary explanations. 

We have seen that with a large class (of 72 stu- 
dents) it i}ay9 (through the saving in salaries) to re- 
duplicate the apparatus, to such an extent at least 
that the students, working in pairs, may follow a reg- 
ular course of experiments without waiting for i^p- 
paratus. We have seen also that by means of a 
double course of lectures, the cost of apparatus may 
be considerably reduced ; in fact that, with a small 
class (24 students) no reduplication is necessary. 
With still smaller classes, 12 for instance, there is no 
need of reduplicating either the lectures or the ap- 
paratus. It appears, therefore, that considerations 
of expense arising from the reduplication of apparatus 
need not, as is commonly supposed, stand in the way 
of giving to any number of students a regular course 
of lectures and experiments. 

So far we have considered only the minimum quan- 
tity of apparatus consistent with the purposes of this 
course. It is much easier at the present day to ob- 
tain a sufficient appropriation for instruction than for 
apparatus. It may be well, however, before leaving 
the subject of expense, to call attention to certain 
practical rules by which the cost of laboratory 
courses may be reduced to a minimum. 

Let us suppose that the number of students, at 
first small, is doubled. There are then three ways 
of meeting this increase : 1st, by doubling the supply 
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of apparatus; for in this case, the same nuiaber of 
lectures and laboratory hours will probably suffice ; 
2d, by doubling the number of sections admitted to 
the laboratory ; and 3d, by doubling the number of 
lectures or the number of separate explanations 
caused by assigning different kinds of instruments to 
different students at a given time. Of these three 
ways, the least expensive would naturally be selected. 
Now let tlie number of students again be doubled. 
Once more the least expensive it^m would be in- 
creased. The rules of economy lead, therefore, in 
the end to an equal distribution of expenses between 
the three above-named methods by which the capacity 
of a laboratory course may be increased. 

For example, if it costs $300.00 per annum to give 
a single course of lectures, $75.00 per annum for the 
supervision of each laboratory section, and 850.00 per 
annum for interest and repairs on each complete set 
of apparatus, a class of 24 students, who are to work 
singly, should be divided into 4 sections (costing 
$300.00 per annum) and supplied with 6 sets of ap- 
paratus (at an equal cost of $300.00 per annum). 
The total cost ($900.00 per annum, or $37.50 per 
student) will be found to be less than that resulting 
from any other arrangement of sections. 

Tlie numbers chosen above were derived from ex- 
perience, and represent approximately the cost of a 
course of physical measurement such as has been 
described in this book, leaving out of consideration 
the question of rent. Expenses may be reduced by 
allowing students to work in pairs, or by an increase 

23 
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in the number of students ; but the results compare 
favorably in any case with the sums charged for 
laboratoiy courses in colleges and other institutions 
where the individual system of instruction is still 
retained.^ 

^ In the University of Berlin, the annual fee for an elementary 
laboratory coarse is from 820.00 to $25.00, in addition to a fee of 
$20.00 for general lectures. 
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The advantages of a course of lectures closely re- 
lated to the experiments which are to be performed 
in the laboratory, have been already pointed out. 
There will be needed about as many lectures (^ to 1 
hour each) as there are exercises. If the class con- 
sists of a single section, the exercises in the labora- 
tory should follow immediately after the lectures. 
It is well in any case for the assistant in charge of a 
section to say a few words to the students at the 
beginning of an exercise, especially in regard to de- 
tailed directions which they may require. It must 
not, however, be imagined that such directions can 
take the place of a general lecture. 

Among the topics which would naturally be dis- 
cussed in a general lecture, may be mentioned the 
historical development of the subject in hand, es- 
pecially any incidents — like Rumford's boring the 
cannon — which may appeal to the imagination. 

The laws and principles involved in the experi- 
ments should also be explained. The separate sec- 
tions of Part III. cover ground enough for as many 
lectures. Various illustrative experiments will be 
found in well known text-books, such as those of 
Deschanel and Ganot. These should be shown, if 
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possible, to the whole class of students.^ In hydro- 
statics, for histance, Pascal's vases, the hydrostatic 
press, and even the Cartesian diver may be shown ; 
while Dr. Hall's experiments with a pressure gauge 
(Harvard List of Elementary Physical Experiments, 
No. 5) will be found to form a valuable addition to 
existing methods of explanation. In connection with 
experiments on the pressure of air, Mariotte's tube 
and an absolute air-pressure thermometer (^ 75) 
would natumlly be shown. It is useful to illustrate 
the expansion of gases by heat on a large scale. Ex- 
periments with Helmhollz' resonators, singing flames, 
and especially the phonograph, lend interest to the 
subject of sound ; a word about photography and 
color are not out of place in the study of light; there 
are instructive experiments with powerful magnets, 
such as stopping the oscillations of light metallic 
bodies ; the study of frictional electricity is also a nat- 
ural introduction to the subject of electrodynamics. 

Several experiments, mentioned in Parts I. and II., 
are not intended to be followed as determinations. 
Some of these are suitable for lecture illustrations ; 
others can be perfoi-med (if it is thought desirable) 
by students outside of their regular course of meas- 
urements.'' The experiments described in ^ 80 and 

1 It is a good idea to have the students themselves take part in so 
far as practicable in such experiments. Notes should in all cases be 
taken. 

2 The growth of a desire on the part of students to perform ex- 
periments on their own account is a certain proof of progress in tlioir 
past education and a promise of success in the future. Such a desire 
should be encouraged in every possible way. 
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^ 82 may, for instance, be performed by students. 
If they are not, they should be shown in the lectures. 

It is a good plan to dictate to the class or to write 
on the blackboard exactly what observations they are 
to make, and what calculations are to follow. Con- 
siderable time can be saved at a small expense by 
having these directions printed. The "hektograph" 
process was used for more than a year at Harvard 
College. Separate sheets were furnished to the stu- 
dents at each exercise, and handed in at the end of 
the exercise. The calculations were not made until 
afterward. In the mean time the instructor had an 
opportunity of examining the results of observation, 
so that evident mistakes could be pointed out to the 
students. It is important with large classes of stu- 
dents to preserve in this way some record of their 
original observations (see footnote, page 947). The 
student is, however, naturally anxious to know 
whether his results are satisfactory or not, and for 
this reason he should be allowed to take away with 
him a copy of his observations. 

It is hardly necessary to allude to various pro- 
cesses, such as impression paper and the ordinary 
copying press, through which, if it is desired, the stu- 
dent's observations may be duplicated, whether they 
are made in ink or in pencil. It takes only a minute 
or two to copy figures by hand, when a printed 
form is already provided. This is perhaps on the 
whole the most satisfactory way. The printed forms 
should be cut and pierced so that they may be after- 
ward bound together. All the observations made by 
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a given student will of course be collected by him ; 
all the observations on a given experiment may be 
bound together by the instructor. It is thus easy to 
compare the results of different students, and to esti- 
mate the relative merits of each. 

The use of printed forms is a great assistance to 
the instructor, for he knows exactly where to look 
for a given observation, and he can see at a glance if 
any of the necessary data have been omitted or mis- 
understood. At the same time, there is reason to fear 
that the students may fall into a mechanical way of 
making observations, without thinking what they are 
for. The student knows that he is expected to ^ fill 
in those blanks," and this he can generally do even if 
the reasons are not sufficiently obvious. The same 
objection applies to any system of instruction in 
which the student receives minute directions for an 
experiment ; for it can make no essential difference 
whether these directions are dictated, copied, or 
otherwise distributed. 

To test the point in question, the author has tried 
the following experiment. Printed forms were given 
to a large class of students at the end of each lecture 
for several months. One day, without previous no- 
tice, the lecture was closed a few minutes before the 
ordinary time, and each member of the class was re- 
quested to make out a form covering the observations 
necessary for the experiment which had been de- 
scribed. The determination was one wliich depended 
upon six or seven data, any one of which if missing 
would prevent the calculation of the result. Three- 
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fourths of the class presented essentially perfect forms 
for observation, and in addition to this, the majority 
named three or four additional data which would be 
useful in making exact corrections in the result. 

It may be observed that the object of lectures is to 
make clear to the student what his observations are 
for, and what there is to learn from them. If there 
be any doubt whether this object is fulfilled, the nat- 
ural test is an examination. To ask a student to 
plan out his observations is practically one form of 
examination ; but it is one which as a general thing 
seems to the author unwise, because a single omis- 
sion on the part of the student, unless pointed out 
to him, may ruin the value of his subsequent deter- 
minations. 

Scientific men are frequently obliged to plan out 
the complete details of a determination; and it is 
thought desirable that students, when they have had 
a sufficient opportunity to see how such details are 
arranged, should be required in certain experiments 
to make their own plan for observations. At the 
same time, the scientific man never fails to compare 
his work, as far as he can, with that of others. It is 
not at all infrequent for him to find that he has 
omitted some important correction. The discovery 
of corrections by referring to the work of others does 
not incapacitate him for finding them himself. On 
the contrary, corrections suggest corrections. In the 
same way, a series of experiments in which the details 
are carefully and minutely planned should not inca- 
pacitate the student for making a similar arrange- 
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ment, but should, on the other hand, teach him how 
such a result may be obtained. 

The principal objection to printed forms generally 
arises from indolent students, who see no escape from 
making the required number of observations. Though 
unnecessary in small classes, the reasonable use of 
printed forms is always desirable, and with a large 
class, greatly diminishes the labor of instruction. 

The student should be taught to consider an ex- 
periment unfinished until the result has been calcu- 
lated and handed in to his instructor. It will be 
found convenient to use cards for this purpose. The 
student writes his name and the name of the experi- 
ment on one side of the card, on the other side in 
large figures the numerical value of the result. 
When all the cards have been received, they may be 
attached in their proper place to a board bearing the 
names of the students at the left, and references to 
experiments across the top. It is thus easy to esti- 
mate at a glance both the quantity and the quality of 
the work performed in the laboratory. 

It has been suggested (see § 30) that determina- 
tions of the properties of substances the composition 
of which is unknown to the student, furnish an ex- 
cellent method of testing his work. Of course it will 
not do to give the same substance to all the students. 
Experiments in elementary physical measurement are 
divided into two distinct kinds. In one of these, the 
student knows what result he ought to obtain, and 
simply performs his experiment to test either his 
own skill, or the accuracy of the instruments which 
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he emploj's. Experiments in '' calibration " belong to 
this class. The other kind of determination deals 
with quantities of unknown magnitude, and should 
be attempted by the student only when he has satis- 
fied himself by previous experiments, that he is capa- 
ble of obtaining accurate results. There is, perhaps, 
no greater satisfaction in a course of measurement 
than the discovery that quantities of absolutely un- 
known magnitude have been correctly measured. In 
estimating the value of a student's work, it is well to 
consider only determinations of this kind. 

One word of caution is, however, necessary. Most 
of the materials given to the students are only com- 
mercially pure, and hence yield results which may 
differ indefinitely from those contained in ordinary 
tables. It will not do, accordingly, to assume that 
those results which agree most closely with these 
tabulated values are the best. The average result 
obtained by the most careful workers in a class is 
a much better standard ; but here again caution 
must be observed in the case of measurements where 
errors tend always to increase or to diminish the 
result. On account of air-bubbles, for instance, the 
largest determinations of specific gravity are gen- 
erally the best; judged, however, by the average of 
a class, the best results would in this case be greatly 
underrated. The instructor may be obliged in cer- 
tain cases to make determinations himself. It is gen- 
erally possible, by the use of finer apparatus or 
different methods, to obtain results suflSciently accu- 
rate to serve as a standard for the class. 
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The truest estimate of the value of a student's 
work, next to that furnished by a written examina- 
tion, is perhaps obtained by personal inspection of 
the student's manner of working, and by an examina- 
tion of his note-book. A word or two about note- 
books may not be out of place. The first and most 
important thing is for the student to keep his obser- 
vations and his calculations separate (see § 33). If, 
as has been suggested, the observations are made on 
printed forms, there* is no danger of confusion in this 
respect. The calculations may be made on the hack 
of the printed forms or on separate sheets of paper. 
These calculations must in all cases be preserved. 
The sheets on which they are made should be of the 
same size and shape as those employed for observa- 
tions, so that the data, calculations, and results may 
be bound together. 

If the observations are made in an ordinary note- 
book, the student should follow Dr. Hall's sugges- 
tions, namely, that the left-hand pages should be 
devoted to observations, the right-hand pages to cal- 
culations, &c. It is a great mistake to use scraps of 
waste paper for arithmetical work. It is frequently 
necessary to review such work, and if the intermedi- 
ate figures are wanting, a new calculation will be 
involved. The figuring, moreover, often enables an 
instructor to see at a glance just where a mistake was 
made. 

Entries should be kept in so far as possible in chro- 
nological order. If mistakes are discovered later 
on, these should be corrected in pencil or ink of a dif- 
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ferent color from that used in the original records. 
These original records are often found after all to be 
accurate, and ought not in any case to be obliterated.^ 
The use of erasers in a laboratory should be strictly 
prohibited. 

A great and not unusual fault in note-books is a 
lack of sufficient fulness, or rather minuteness. The 
student writes, for instance, '* Temperature before ex- 
periment, 50° ; " without giving any idea how long be- 
fore the experiment the temperature was taken ; or 
again, *• Length by vernier gauge, 4.01 cm, ; " without 
stating by what vernier gauge. It would be a good 
plan, two or three times in a course, to have the stu- 
dents repeat some past experiment, making use of 
their notes to find the same materials and instruments 
that they previously employed, and to have them cal- 
culate the results without reference to any text-book. 
This furnishes the best test of the completeness of a 
student's notes. 

There is a tendency on the part of some students 
to make their notes full by repeating explanations 
which are given in their text-books. Tliis is not a 
very serious error; but it should be pointed out that 
note-books are intended for facts which a text-book 
cannot anticipate, and too much theory makes it diffi- 
cult to find these facts. A good note-book is charac- 

1 ** The tendency of the student to regard as unquestionably wrong 
any observation which is not what he expected it to be, and to make 
his observation tally with his expectation, is doubtless familiar to 
most teachers, and it should be one of the important objects of this 
experimental course to counteract this tendency." — Harvard List of 
Elementary Physical Experiments, page 7. 
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terized, not by fulness of language, but by fulness 
of detail. 

The proceedings in an experiment should be con- 
cisely stated. Observations should be arranged as 
systematically as time will allow. The use of tabular 
forms, both for observations and for results (see ** Ex- 
amples," Exps. 6-10), will be found in some cases of 
great assistance. Calculations should be neatly made 
but not crowded. Generous spaces should be left 
between experiments, or different parts of a given 
experiment; and these should further be distin- 
guished by prominent headings. An example of two 
pages from a note-book, with the criticisms of a 
teacher, is given below. A summary of results is a 
useful addition to the description of an experiment. 
Examples of such summaries will be found in the 
next section (V.) of this Appendix. 
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EXPERIMENT I. 



DATE. 



October 1, 1888. 




Bhck of wood, 
Vernier gauge, 
Balance, 
Iron weights, set 



No. 
No. 
No. 
No. 



OBSERVATIONS. 



Weight of the wooden block,* 



Length of block. ^ 

6 90 cm. 

6.89 

6.91 

6.90 

6.91 

6.92 

6.89 

6.88 

6.89 

6.90 



I 



Breadth qf block, t 
6.91 cm, 
6.88 
6.89 
6.90 
6.91 
6.93 
6.89 
6.90 
6.89 
6.91 



2 (a) t. 
1 (c) I. 

1 (/) t. 
1 {9) ». 




122.8 grams. 

Thickness qfbUxA.i 
4.82 cm. 
4.30 
4.30 
4.29 
4.28 
4.81 
4.30 
4.81 
4.29 
4.30 



* The grams and tenths qf grams were estimated by the small mova- 
ble weight belonging to the balance. 

t The length was measured firet parallel to the grain near one cor- 
ner qf the Mock, which was slightly broken, then at equal intervals 
across the block. The breadth was metisured across the grain ^ begin- 
ning at the same comer. The thickness was measured three times near 
each side, and once nearly in the middle. The jaws qf the gauge did 
not come quite together, and the two zeros did not came quite opposite. 

Extra observations -* — 

Barometer 76.32 cm. 

Thermometer 22^.5 C. 

Dew Point ¥P C 

'<M i [Later in red ink added by student] 

This must have been Fahrenheit ' 




OB 



\l 



^ 5* 



NAME. 
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EXPERIMENT I. 



CALCXTLATIOnS. 



Length in cm. 


Breadth in cm. 


Thi 


\cknes8incm 


6.90 


6.91 




4.82 


6.89 


6.88 




4.30 


6.91 


6.89 




4.30 


6.90 


6.90 




4.29 


6.91 


6.91 




4.28 


6.92 


6.93 




4.31 


6.89 


6.89 




430 


6.88 


6.90 




4.81 


6.89 


6.89 




429 


6.90 


6.91 




4.30 


)) 68.99 


10) 69.01 


10) 


48.00 



Average 6.899 



Average 6.901 



Average 4.300 



6.899 

6.901 " 

6899 
0000 
62091 
41394 

47.609999 



47.61 

4.800 

0000 
0000 
14283 
19044 

204.72800 = volume 



m cu, cm. 



Weight in grame. 



204.7 ) 122.8 ( 0.6999 
10236 

20450 
18 423 



weight of 
1 cu. cm. 
in grams. 



2 0270 
18428 



18470 
18428 

Explanatory Remarks The volume qf the block (204.7 cu.em.) is found Zy 
multiplying together the average length {fi.%99 cm.), the average breadth (6.901 
cm.), and the average thickness (4.300 cm.). Since 204.7 cu. cm. weigh 122.8 
grams, 1 cu, cm. weighs i^ y q/* 122.8 grams, that is, 0.6999 grams, or 0.600 grams 
nearly. 

RESULTS. 

Volume of the block 204.7 cu. cm. 

Density if the block 0.600 g. per cu. cm. 

NoTB. — An example of a faller raminuy of ramlti, which would make the explana- 
tory remarks aboTe uasucsemxy, will be found under Exp. L Appendix V. 
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APPENDIX V. 

EXAMPLES OP OBSERVATIONS AND CALCULATIONS IN 
EXPERIMENTS 1-100, PRESENTED IN THE FORM OF 
A SUMMARY OF RESULTS. 

In the examples below, observations are printed in 
italics, and designated by capital letters ; calculations 
are designated by small letters, and printed in ordin- 
ary type. The data are taken, in so far as possible, 
from results actually reported by students in the 
Jefferson Physical Laboratory, without any change 
whatever. Such data are marked with an asterisk 
referring to the initials of the name of the student 
by whom they were determined. Other results were 
obtained by calculation. In some of these, round 
numbers have been chosen with a view of simplify- 
ing the arithmetical work ; but care has been taken 
in all cases to give results which either were or might 
have been obtained with the apparatus described in 
the course of experiments, and to represent correctly 
the probable error of such results. 

EXPERIMENT I. 

A, Weight of wooden block 122.8^. 

R Length " '* (mean of 10 obs.) . . 6.899 cm. 

a Breadth *' " *• . . 6.901 cm. 

D. Thickness ^* ** '* . . 4.300 cm. 

e. Volume " {B X C X -D) = 204.7 cu. cm. 

f. Denaity " (i4 -f- «) = 0.600 ^.joercM.ci». 
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EXPERIMENTS n.-IV. 

WeigfUs sinking Hydrometer, Temperatures of Water. 

A* 32.08 grams. 10°.7 

B* 31.91 " 20°. 

0* 31.58 " 29°. 

d. Allowance for temperature at 20° about 0.03 g, for 1°. 

^^ See Fig. 4, § 59. 

Note. The hydrometer used above bore on the average 
about 1.48 grams more weight than that for which Fig. 4, 
§ 59 was constructed. An allowance of about 1.48 grams 
must therefore be made in comparing results. 

£.* Distance between 2 rings on hydrometer stem . 18 mm, 
F.* Weight required to sink upper ring . . . 31.91 ^. 
6r.* Weight required to sink lower ring . . . . 31.88 ^. 
A. Sensitiveness of hydrometer 

T^^ [E -^ {F— 6r )] = 6 mm. per eg. 
I.* Weight sinking hydrometer in water at 20°. 5 to 

mark on stem with 12 steel balls in upper pan 7.59 g. 
j\ Weight would have been at 20° (see d) . . 7.605 g, 
k. Apparent weight of balls in air {B — j) = 24.305 g. 
Z.* Weight sinking hydrometer in water at 20°.5 

with balls in lower pan 10.713^. 

m. Weight would have been at 20* (see d) . 10.728 g. 
n. Weight of balls in water {B — m) = . . 21.182 g. 
0. Weight of water displaced (k — n = m — f) = 3. 123 ^. 
p. Apparent specific gravity of balls 

(k -^ o) = 7 .7S g. per cu. cm. 
*S. L. B. Oct. 14, 1887. 

EXPERIMENT V. 

A, Height of barometric column 75.90 cm. 

B, Vertical height of barometric column when 

inclined so as to halva free space, about . 75.7 cm. 
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c. Air pressure above mercury about {A — B) => 0.2 cm. 

d. Height of barometer corrected for air (-4 + c) = 76.1 cm. 
M, Internal diameter of barometer about .... 0.5 cm, 

/. Temperature of the air of the room .... 20° C. 
g. Correction for barometer with glass scale 

at 20° and 76 cm, (Table 18 a) = 

— 0.245 — 0.016= —0.26 cm. 

h. Correction for capillarity, diam. 0.5 cm. ; 

height of meniscus unknown (Table 18 5) -{-- 0.15 cm. 
I. Correction for mercurial vapor at 20° 

(Table 18 c). -f- 0.00 cm. 

j. Corrected height of barometer 

(<^ + ^ + ^ + t) = 76.0 cm. 
K. Reading of Aneroid barometer . . . .30.00 inches, 

L The same reduced to cm. (Table 16) . . . 76.2 cm, 

m. Correction of Aneroid barometer (/ — /) = — 0.2(?) cm, 

N. Moisture appears on cup {mean of 3 obs,) at , +4° C. 

O, Moisture disappears it a ^ _|_ go q^ 

p. Dew-point ^ {N+ 0) + 5'' C. 

Q, Dew-point indicated by hygrodeik . . . . -|- 50° F. 
r. The same reduced to Centigrade (Table 39) -f 10° C. 
*. Correction for hygrodeik at + 10° 0. (/? — = — 5° C 
t. Density of dry air at 20° and 76 cm, 

(Table 19) 0.001204 ^. per cm. cm. 

u. Correction for moisture, dew- 
point + 5° (Table 20) — 0.000004 g. per cu. cm. 
V, Atmospheric density (t -\- w*) = 0.001200 g. per cu. cm, 
W, Density of the air indicated 

byBarodeik 0.00118 ** " 

X, Correction for the Barodeik 

(v — W) = + 0.00002 <* *' 

* The corrections g and u being negative, are to be added alge- 
braically, but subtracted numerically. 
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EXPERIMENT VI. 



Note. Single weights are underlined in this table. 





S« 


1 


1 


Ifl 
1 




■8 
^1 




d 


if 


1. 


0,00 


0.00 


8.0 


10.1 


81 


8.05 


9.11 






il. 


0.02 


0.00 


lii.l 


10.1 


ia.o 


13 06 








s. 


20.00 


20 00 


9.8 


8.6 


9.8 


8.3 


0.21 






i. 


20.02 


20.00 


13.1 


100 


1.1.0 


1306 








fi. 

6. 


60.00 
60.02 


60.00 
50.00 


13,2 
13.6 


6.2 

10.2 


1S,1 
13.4 


13.16 
13.6 


9.7 i 

11.8+ f 


2.1 


1.1 


7. 
8. 


10000 
100.02 


100.00 
100.00 


12.2 
18.0 


7.8 
JO.l 


12.1 
12.0 


12.16 
12.96 


10.01 
11.6 ( 


1.6 


0.8 


fl. 


0.00 


0.00 


0.8 


02 


9.8 


9.8 


9.6 






to. 


100.00 


100.00 


11.6 


7.B 


11.4 


11.6 


9.7 




1 


11. 
12. 


100.00 
0.00 


100.00 
0.00 


11.4 


6-8 


11.1 
11.2 


11.16 
11.3 


9.0 
10.4 





j. Mean zero reading in last part of the experiment, t 

i (J7. + ?.0 = 4 (9-5 + 10.4) = . . 10.0 

i. Mean reading of balance with 100 grams in each 

pan,i(y„ + ;7„) = iC9.7 + 9.0)= . . 9.4 
/. Mean weight to be added to 100 g in left-hand 
pan to balance 100 g. in right-hand pan, 
(j— lc)-i-i ,,.,= {10.0— ^A) -7-0.8= 0.8 cff. 

m. The same in grams 0.008 jr- 

n. Ratio of the balance-arms (^A ,„ -{• m) -i- A ,„ or 

100.008 -i- 100= 1.00008 

• W. B. B., Oct. 1887. 

t The lensitlTeneti of this bnlsQce ii not »o great aa that repre- 
tented in Fig. 16, page 32. 

le zero-reading were uniuuallf large. 
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[Exp. 8. 



EXPERIMENTS Vm.-X. 



Observations. 



Calcula- 
tions. 



A, Contents qf l^- 
hand pan. 


B, Contents qf right- 
hand pan. 


C. Mean in- 

diMtion of 

pointer. 


D. Corrected 
weight § 


1.* Glass ball 
[ring No, 1.] 


102.93 g. I 
[ring No, 2.] J 


10.0 


102.930 g. 


2.* 102.93 g. 
ring No, 1. 


Gla^s ball, ) 
ring No, 2. ) 


9.6 


102.934 g. 


8.* Glass bail with ) 
wire in water, t ) 


61.82 g. 


9.8 


61.818 g. 


4.* 61.82^. 


{ Glass baU with ) 
1 wire in water, t ) 


11.0 


61.810 g. 


6.* 0.19^. 


Wire in water, t 


10.2 


0.188 g. 


6. Glass ball with ) 
wire in alcohol, | ) 


69.00 


11.0 


69.010^. 


7. 69.00. 


( Glass baU with ) 
I wire in alcohol. X ) 


10.0 


69.000^. 


8. 0.19^. 


Wire in alcohol. | 


10.0 


0.190^. 



t E.* Temperature qf the water, 18°.4. 

t F. Temperature of the alcohol. 20o.O. 

G. Indication oj the Barodeik, .00120 

§ In estimating the exact weight which woald bring the pointer 
to No. 10 of the scale, an allowance was made at the rate of 10 mgr. 
for each whole division through which the pointer was deflected. 
This allowance corresponds to the mean sensitiveness of the balance 
determined in Exp. VI. 

* G. H. C, Oct. 1887. 



CALCULATIONS CONTINUED. 



a. Anparent weight of ball in air 

i (Dj + Dj) = 102.932 grams. 

b. Apparent weight of ball with 

wire in water ^ (Dg + D^) 

c. Apparent weight of wire in water (D^) 



= 61.814 
= 0.188 



u 



Exp. 10.] OBSERVATIONS AND CALCULATIONS. 957 

d. Apparent weight of ball alone in water 

(A — c; = 61.626 grams. 

e. Apparent weight of water displaced 

(a — rf) = 41.306 '« 

/. Apparent specific volume of water (Table 22) 
at 18*'.4 (see E) in air of density .00120 
(seeG)= 1.00247 cu. cm. per g. 

g. Volume of the ball at 18'*.4 (« X /) = 41.408 cu, cm. 

h. Weight of air displaced by ball 

(^ X G) = 0.050 grams. 

i. Weight of air (Table 20, A) of the density .00120 

(see G) displaced by 1 gram of brass 0.000143 " 

j. Weight of air displaced by brass weights 

(a X 0=0-015 " 
k. Correction for the buoyancy of air 

{h — j) = 0.035 " 
^ I True weight of ball in vacuo (a + it) = 102.967 ' 
( The same by Table 21, assuming den- 
sity of crown glass, 2.5 (Table 10), V grams. 
of air, .00 120 (see G)\ 

1.00034 X 102.932 (see a) = 102.967 . 
m. Density of the ball (l-^ g)=: . . 2.487 g, per cu. cm. 
n. Apparent weight of ball with wire in alcohol 

i(Dg + D7)= 69.005 ^am*. 

o. Apparent weight of wire in alcohol (Dg) = 0.190 " 

p. Apparent weight of ball alone in alcohol 

(n — o)= 68.815 « 

q. Apparent weight of alcohol displaced 

(a — p) = 34.117 " 
r. Apparent specific gravity of the alcohol 

(9 -f- c) = 0.826 g. per cu. cm. 
8. True weight of the ball in alcohol 

(jo — pi) = 68.805 grams. 
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f True weight (in vacuo) of alcohol dis- 

e. < placed (/—*)= 84.1C2 

vThe same bj Table 21, for .826 (see > grams, 

r) and .0012 (see G) ; 
1.00132 X^ = 1.00132 X 34.117 = 34.162 . 
u. Expansion of glass ball between 18^4 (see E) and 
20^0. (see F), assuming cubical coefficient 
0.000023 (Table 10) ; 0.000023 X (F — E) 
X ^ = 0.000023 X 1-6 X 41.408 = 0.0015 cm. cm. 
v. Volume of glass ball at 20^0 {g + u)= 41.410 '* 
iff. Density of the alcohol at 20^.0 

(t-i-v) = 0.8250 g, per cu, cm, 

EXPERIMENTS XI.-XIV. 

OBSERVATIONS. 

A, Dmsity of air by Barodeik 0.00120 

B. * Weight of Specific Gramtg Bottle with air 1 1 8.37 grams, 
O. * Weight of Sp, Gr. Bottle filled with water 178.76 " 
D. * Temperature of Vie water 22*^.0 C. 



E, ♦ Weight of Sp. Gr. BotUe partly filled with 

sand 198.10 ^raw5. 

F, * Hie same with spaces filled with water , 225.29 '* 

G, * Temperature of the water 23°. 1 C. 



H. Weight of Sp. Gr. Bottle paHly filled with 

sulphate of copper 185.84 ^ra/ws. 

/. The same with spaces filled with alcohol . 211.09 " 
J. Temperature of the alcohol 18^.00 C. 



K. Weight of Sp. Gr. Bottle filled with 

alcohol {only) 168.31 grams. 

L, Temperature of the alcohol 20°.0 C. 
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Calculations. 

a. Apparent weight of water filling Sp. Gr. Bottle 

i^C—B)= 60.39 ^am 

b. Apparent specific volume of water by Table 22 

at 22° (see D) and .00120 (see A) . 1.00322 cu. cm. 

c. Capacity of Sp. Gr. Bottle at 22** 

(6 X «) = 60.58 cu. cm. 

d. Apparent weight of sand (E — B) = . . 79.73 grams, 

e. Weight of sand iu vacuo by Table 21, 

assuming densities 2.2 (Oxide of Silicon, 

Table 9 a), and .00120 (see A), 

1.00041 X d= 1.00041 X 79.73=79.76 " 
y. Apparent weight of water filling spaces 

(i?'_^)= 27.19 '* 
g. Apparent specific volume of water by Table 22 

at 23M (see G), and .00120 (see A) . . 1.00346 
h. Volume of the water filling spaces 

(/ X 9) = 27.28 cu. cm. 
i. Volume of the sand {c — h)=. . . . 33.30 " ** 
j. Density of the sand (e — *) = • • 2.395 g. per cu. cm. 



♦ F. W. B., Oct. 1887. 

L Apparent specific gravity of alcohol from Experi- 
ment 10 (see Examples 8, 9, and 10, r) 

0.826 g, per cu. cm, 
/. Apparent specific volume ( I -^ ^) = 1.211 ** " 
m. Apparent weight of alcohol filling spaces 

(/— If) = 25.25 grams. 
n. Volume of this alcohol (/ X 'w) = . . 30.58 cu. cm. 
0. Volume of sulphate of copper (c — w) = 30.00 " *' 
p. Apparent weight of sulphate of copper 

(ZT— B) = 67.47 grams. 



960 APPENDIX V. [Exp. 14. 

q. The same reduced to vacuo (Table 21)^ assuming 
densities 2.3 (Table 9 a) and .00120 (see A)^ 
1.00039 X p = 1.00039 X 67.47 = 67.50 grams. 

r. Density of the sulphate of copper 

(7 -T- o) = 2.25 g. per cu, cm. 

8. Apparent weight of alcohol filling Sp. Gr. Bottle 

{K—B)= AdM grams, 

t. Weight of air (Table 20 A) of the density .00120 

(see -4) displaced by 1 g. of brass . 0.000143 " 
u. Effective weight of the alcohol (« — st)= 49.93 '• 
r. Weight of air filling Sp. Gr. Bottle 

{AXc) = 0.07 '' 
w. Weight of alcohol in vacuo (?« -[-«')= • 50.00 " 
x. Difference between capacities of Sp. Gr. Bottle at 
22^ (see Z>) and 20^ (see Z), assuming cubical 
coefficient of expansion .000023 (Table 10), 
0.000023 X (^ — i') X c = 

0.000023 X 2 X 60.58 = 0.003 cu. cm. 
y. Capacity of the Sp. Gr. Bottle at 20° 

(c. — x) = 60 58 " 
z. Density of alcohol at 20° (w -f- y) = 0.8254 g. per cu. cm. 
Compare value of x, Examples 8-10 = 0.8250 
Note. The strength of the alcohol corresponding to these 
densities (see Table 27) varies from 87.2 to 87.4 ^. 
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EXPERIMENT XV. 

OBSERVATIONS. 

1. Description of Liquids. 2. Temperatures. 8. Readings of 

densimeter. 

A. DistiUed water. 21° 1.000 

B. Alcohol of Exps. 8-14. 18° 0.831 
C Glycerine {commercial), 24® 1.250 
2>. * Methf/l alcohol 21® 0.814 
B. * Saturated salt solution. 21® 1.204 
F. * Solution of bichromate of 

sodium. 20® 1.470 



Corrections. 



* C. C. B., 1887. 



a. True density of distilled water at 21® (Table 25) 0.99807 
h. Density of 87.3 ^^ alcohol (See Examples 

11-14 Note) at 18° (see B 2), by Table 27 0.8269 

c. Density of commercial glycerine at 24° 

(see C 2) according to Table 26 .... 1.254 

d. Correction for densimeter in water (a — -4) = — 0.002 

e. Correction for " in alcohol (h — B)'= — 0.004 
/. Correction for " in glycerine (c — C7) = -j- 0.004 

I^See Fig. 21, page 72. 

g. Correction for reading in methyl alcohol t • • — 0.004 
h. Correction for reading in salt solution t . . • + 0.003 
t. Correction for reading in bichromate solution f about 

+ 0.013 (?) 

j. Corrected density of methyl alcohol at 21® . . 0.810 

k. Corrected density of salt solution at 21® . . . 1.207 

/. Corrected density of bichromate solution at 20° . 1.49(?) 

t Obtained by the carve on page 62; see § 50. 
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EXPERIMENT XVI. 

FIRST METHOD. 

A, Height of mercurial column 5.00 cm. 

B, Height of the column of water 68.10 " 

C, Temperature of the air 20® C. 

<L DifPerence between the lengths of the columns 

of water and mercury (^ — A) =. . . . 63.10 cm. 

e. Density of air (Tables 19, 25) about . . . .0012 

f. Equivalent of inequality of air pressure in 

centimetres of water (dX ^)= • • • • 0.08 cm. 

g. Corrected length of the column of water 

(B^f)=z 68.02 cm. 

h. Specific gravity of mercury at 20** (g-i- A)= 13.60 

t. Density of water at 20^ (Table 25) ... . 0.99828 

J. Density of mercury at 20® (A X ») • • • • 13.58 



SECOND METHOD. 

K, Height of column of glycerine 80.0 cm, 

L, Height of column of water 100.0 cm, 

M, Temperature of the air 20° C. 

w. Difference in length of columns (Z — -^)= 20.0 cm. 

o. Inequality of air pressure in cm, of water 

(n X «) = 0.0 cm. 

/?. Corrected length of column of water 

(^L — o)= 100.0 cm, 

q. Specific gravity of glycerine at 20° 

(^p^K) = 1.250 

r. Density of water at 20° (Table 25) . . . . 0.99828 

$, Density of glycerine at 20° (^ X = • • • 1-248 



• 
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EXPERIMENTS XVIL-XVIH. 

A, Weight of Flask with coal-gas ( mean of \ 200.500 g, 

B, Weight of Flask with air \ 5 double ( 201.200 g. 

C, Weight of Flask after exhaustion ( weighings. ) 200.600 g, 

D, Weight of Flask after admitting water . . 700.0 g, 

E, Weight of Flask completely filled with water 1200.0 g. 

F, Temperature of the water 20° C. 

G, Barometric pressure 75.0 cm. 

h. Apparent weight of water required to 

fill flask (^ -- j&) = 1000.0 ^awa. 

f. Apparent weight of water equivalent in 

bulk to the air exhausted {D — B)= 500.0 « 
j. Degree of exhaustion (i -h A) = . . . . 50 %. 

k. Weight of air exhausted {B — C) = . 0.600 grams, 
I f Specific gravity of this air (^ -5- t) . . ( 0.00120 | 
M, \ Density of air according to Barodeik = t 0.00120 3 
n. Specific volume of water (Table 22) at 20° 

(see F) and .00120 (see b) = 1.00279 cu, cm, per g. 
o. Capacity of the flask at 20° (A Xn) = 1,000.3 cu. cm. 
p, Difierence in weigiit between 1,000.3 cu. cm. of 

air and of coal-gas . . {B — -<4) = 0.700 grams, 
q. Difference of density (j» -?- 0) = 0.000700 g. per cu. cm. 
r. Density of the coal-gas at 20° (see F) and 75 cm. 

(see G) = {M — y) = . . 0.000500 g. per cu. cm. 
s. Factor for reducing density from 20° to 0° 

(Table 18 c) 1.0734 

t. Factor for reducing density from 75 cm. 

to 76 cm. (Table 18 ef) 1.0133 

ti. Density of coal-gas at 0° and 76 cm. 

r X 9 X t = 0,0005i g. per cu. cm. 
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EXPERIMENT XIX. 



I. * Readings of Vernier Gauge set 
on glass ball ofExps, 8-10. 



1. 
2. 
3. 

4. 
5. 
6. 
7. 
8. 
9. 
10. 



4.300 cm. 

4.303 

4.302 

4.313 

4.313 

4.300 

4.311 

4.310 

4.315 

4.311 



u 



« 



ft 



« 



it 



u 



tt 



ti 



t€ 



A. Average 4.3078 cm. 

B. * Zero-reading of gauge 

0.000 cm, 

c. Corrected diameter 

(A — B)^ . . 4.308 " 

d. Apparent weight of water 

displaced by the glass 
ball (Examples 8-10, e) 

41.306 grams. 

e. Apparent specific Tolume 

of water (Table 22) at 
18<>.4 (Examples 8-10) 

1.00247 per g. cu. cm. 

f. Volume of glass ball 

(d X = . 41.408 CM. cm. 

g. Diameterof sphere (Table 

8, H) with Tolume equal 
to 41.408 cu, cm. (see/) 

4.293 cm. 
h. Reduction Factor for gauge 



{9-^c) 



0.9965 



II. * Readings of Micrometer Gauge 
set on steel balls of Exps. 2-4. 



1. 


7.975 revolutions 


2. 


7.990 


ti 


8 


7.968 


tt 


4. 


7.078 


tt 


5. 


7.980 


tt 


6. 


7.981 


tt 


7. 


7.931 


tt 


8. 


7.955 


tt 


9. 


7.935 


tt 


10. 


7.968 


tt 



A. Average 7.9664 revolutions. 

B. * Zero-reading of gauge 

0.00035 rev. 

c. Corrected number of rev- 

olutions {A — B) = 

7.0629 " 

d. Apparent weight of water 

displaced by 1 steel ball 
(^ of in Examples 

2-4) . . . 0.2603 ^anw. 

e. Apparent specific volume 

of water (Table 22) at 
20^.5 (Examples 2-4) 

1.00290 CM. cm. per g. 

f. Average volume of steel 

balls (<f X e) = 0.2610 cm. cm. 

g. Diameterof sphere (Table 

3, H.) with volume 261.0 
CM. mm. (see/*) . 7.929 mm. 
h. Pitch of the micrometer 
screw {g -r-c) = 

0.9957 mm. per rev. 

♦ A. E. T., Nov. 29, 1887. 
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EXPERIMENTS XX.. XXI. 



READINGS OF SPHEROMETEB. 



A. * On Plane glcuSt 
Ist sutfctce. 


B. •OnLenSt 
iMtsvr/ace. 


C. •OnLenSf 
2d surface. 


D.» On Plane 

Olasst 
2d surface. 


1. 1.3393 cm. 


1.1593 cm. 


1.1505 cm. 


1.3305 cm. 


2. 1.3307 


1.1695 


1.1506 


1.3393 


3. 1.8897 


1.1590 


1.1503 


1.3894 


4. 1.3301 


1.1593 


1.1500 


1.3397 


6. - 1.3396 


1.1597 


1.1504 


1.3397 


6. 1.8395 


1.1592 


1.1504 


1.8306 


7. 1.8895 


1.1595 


1.1505 


1.8305 


8. 1.3396 


1.1595 


1.1505 


1.3808 


9. 1.3303 


1.1504 


1.1506 


1.3302 


la 1.3395 


1.1595 


1.1595 


1.3302 


Averages* 1.33048 cm. 


1.15045 cm. 


1.15949 cm. 


1.33944 cm. 



Oblique distances of Central Point: — 



E. ^/romlstfoot. 

1. 2.218 cm. 

2. 2.22 CM, 

3. 2.225 cm. 



F. */rom 2d foot. 

1. 2.212 cm. 

2. 2.200 cm. 

3. 2.210 cm. 



G. *Jrom Mfoot. 

1. 2.215 cm. 

2. 2.22b cm. 

3. 2.248 cm. 



A.* Average for plane glass ^ {A-^ D) z=z , 1 .33946 cm. 

%.* Average for lens ^{B+G) = . . . . 1.15047 « 

j.* Height of spherical surface {h — t ) = . 0.17009 cm. 
h* Average distance of central point from 

three feet (see E,F,&G.) 2.219 « 

/.* Mean radius of curvature, 



i 



J^_ 1 2.219 X 2.219 _ 
j * 0.17999 



13.68 



u 



* C. A. B., Oct. 12 and 14, 1885. 

Note. It has been assumed in these calculations that the 
pitch of the spherometer screw is 1.000 mm. per revolution. 
The determination of this pitch is identical with that of a mi- 
crometer. — See Example 19, II. 
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EXPERIMENT XXII. 

Observations. 

A. Temperature of brass rod surrounded hy water 20°.l 

B. Length of the rod at about 20° 1000. mm, 

C. Heading of the micrometer 9.121 mm, 

D. Reading of the micrometer after the 

admission of steam 10.643 mm, 

E. Reading of the barometer 30.0 inches. 

Calculations. 
/. Reading of barometer, 30.0 inches 

(see E)j reduced to cm, (Table 16) . . . 76.2 cm, 
g. Temperature of steam at this pressure (Table 14) 100®.07 
h. Increase of temperature {g — -4) = . . . . 80*^.0 

». Expansion of rod {D — C) =. 1.522 mm, 

j. Expansion for 1° (t-f-A)= 0.01903 mm, 

k. Expansion for 1° and for 1 mm, (J -^ B) = 

0.00001903 mm. 
I, Mean coefficient of linear expansion of brass rod 
between 20*^ and 100° in terms of its length, 

at 20° k= 0.0000190 + 

Note. It is assumed in these calculations that the pitch 
of the micrometer screw is 1.000 mm. per revolution. See, 
however. Example 19, II., in which the pitch of a similar 
screw is determined. 

EXPERIMENT XXIII. 

Observations. 

A. Outside diameter of the tubes (mean of 4: settings on 

horizontal bends) 1.00 cm. 

B, Difference of level in water-gauge due to admission 

of steam to left-hand jacket 4.03 cm. 
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(7. Distance between the bends of left-hand tube when 

expanded by steam 99.05 cm. 

D. Temperature of the water in right-hand jacket 

(mean of 3 obs, with self -registering thermometer) IS^.2 C. 

-S. Difference of level in water-gauge due to admission 

of steam to right-hand jacket 3.98 cm. 

F. Distance between bends of right-hand tube when 

expanded by steam 98.95 cm, 

G. Temperature of the water in left-hand jacket (mean 

of 3 obs. with self-registering thermometer) 20°.6 C. 
H. Barometric pressure 29.3 inches. 

Calculations. 

1. Barometric press are (H) redaced to cm. 

(Table 16) 74.4 cm. 

j. Temperature of steam condensing at this 

pressure (i), see Table 16 99°.41 C. 

k. Mean temperature of cold water, ^ (^D-\- G) = 19°.4 C. 
/. Difference of temperature (y — ^) z= . . 80°.0 C. 
m. Mean length of tubes between bends, 

i ((7+jP)= 99.00 cm. 

n. Mean length of column of hot water 

(m + -4) = 100.00 cm. 

0. Mean difference of level in gauge, i (B-\-E) = 4.005 cm. 
p. Mean length of column of cold water balancing 

the column of hot water (n — o) = . . 95.995 cm, 
q. Relative specific volume of water at 99°. 4 (see/) 

and at 19°.4 (see k), 

^n -^ p) = 100.00 -T- 95.995= . . . 1.0417 

r. Increase of specific volume per degree 

(^— 1) -f-/ = . 0417 -f- 80.0= . . . 0.000521 

Note. The last result (r) represents the mean cubical 
coefficient of expansion of water between 19°.4 and 99°.4, in 
terms of its volume at 19^.4. 
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EXPERIMENT XXIV. 

Observations. 

A.* Weight of Specific Gravity Bottle with air 

126.565 grams, 

B* Weight of Sp. Gr. Bottle with water . 182.657 '' 

C* Temperature of the water 21° C. 

D* Weight of Sp. Or. Bottle with alcohol} f 172.49 grams. 

B* Temperature of the alcohol in D . J X 16° 7 C. 

F* Weight of Sp. Gr. Bottle with alcohol ) (171.42 grams. 

G.* Temperature of the alcohol in F . ) ( 39°.2 C. 

H.* Weight of Sp. Gr. BottU with alcohol \ ( 170.43 grams. 

/.* Temperature of the alcohol in H . S \ 59°. 2 C. 

J.* Weight of Sp. Gr. Bottle with alcohol} ( 169.44 grams. 

K.* Temperature of the alcohol in J . ) X 76°.3 C. 

Calculations. 

a. Apparent weight of water filling 

Sp. Gr. Bottle {B — A)=:. . . 56.092 ^aiw5. 
h. Apparent specific volume of water 

(Table 22) at 21° (see (7), assuming 

the (mean) density of air .00120 

1.00300 cu. cm. per g, 

c. Capacity of Sp. Gr. Bottle at 21° 

(/ X iw) = 56.260 cu. cm. 

d. Coefiicient of cubical expansion of 

glass (Table 10) 0.000023 

Capacity of Sp. Gr. Bottle. 

e. at 16°.7 (see E)c — cd{ 0— E) = . 56.254 cu. cm. 

f. at 39°.2 (see ff ) c + erf ( (? — (7) = . 56.284 " 

g. at 59°.2 (see I) c -\- cd (T—C) = . . 56.309 '* 
h. at 76°.3 (see K) c + cd (K— 0) = . 56.332 « 
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Apparent weights of alcohol filling Sp. 6r. Bottle. 
i. at 16^7 (see J^), (D — A)=z .... 4:5.93 grams, 
j. at39V2 (see G), {F—A)= .... 44.86 '* 
k. at 59^2 (see I\ {H—A)= .... 43.87 " 
I at 76^3 (see K), {J— A)= .... 42.88 « 

Apparent specific volumes of alcohol. 
m, at 16°.7 (see E)^ (e -^ %) = . . 1.2248 cu. cm. per g. 
n. at 39°.2 (see G), (f-^j) = . . 1.2547 '* 
0. at 59^.2 (see /), {g-^k)z=z . . 1.2885 " " 
p. at 760.3 (see K), (A -^ /) z= . . 1.3137 *' *' 

q. at 0^; INFERRED 

(m — {p — m)-^{K—E)XE)=:\.2()0 *' ** 

Mean coefficient of expansion in terms of the volume at 0^. 

r. from 1G°.7 to 39^2, (n — m) — ^ -r- (ff — ^)== .00111 

8. from 390.2 to 59^2, (0 — n) ^ q -r- (/— G) = .00120 

t from 59^2 to 76°.3, (p^o) ^q-i- (K— I) = .00147 

* G., Feb. 18, 1886. 

EXPERIMENT XXV. 

A* Reading of the thermometer in melting mow — 0°.l C. 
fc* Correction of thermometer at 0° (— -4 ) = + 0^.1 C. 
C* Heading of barometer (reduced to cm.) . . 76.535 cm. 
d.* Corresponding temperature of steam 

(Table 14) 100^.19 C. 
E.^ Reading of the thermometer in steam . . . 100°.3 C. 
/.* Correction for thermometer at 100° 

(a — E\ ^^ • """ V . 1 U. 

G.* dO-degree column reaches from 0° up to . . 50^ A C. 
h.* The same would have reached from the freezing 

point, — 0°.l (see ^) up to 50^3 C. 

/* 77ie same reaches from 100® down to . . . 51°.3 C. 
/* The same would have reached from the normal 

boiling point, 100°.l (see/) down to . 5P.4 C. 

25 
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k,* Middle-point of thermometer, i (h -\-j) = 50®.85 C. 

/.* Correction of thermometer at 50 

(oQo — k)= — 0°.85 C. 

M* 25'degree column reaches from 0° up to . . 24°.8 C. 

n.* The same would have reached from the freezing- 
point,— OM (see ^) up to 24°.7 C. 

0.* The same reaches from 50° down to . . . 25^.3 C. 

p.* The same would have reached from the middle- 

pomt, 50°.85 (see k) down to ... . 26M5 C. 

Q.* The same reaches from 50** up to . . . . 74®. 2 C. 

r.* The same would have reached from the middle- 
point, 50*^.85 (see it) up to 75°.05 C. 

S* The same reaches from lOO"" down to , . . 76°.2 C. 
t* The same would have reached from the normal 

boiling-point, 100^.1 (see/) down to . 7G°.3 C. 

u,* First quarter-point of thermometer, 

i(^+P)= 25^.42 C. 

V* Correction for the thermometer at 25° 

(25 — m) = — 0°.42 C. 

w.* Last quarter-point of thermometer, 

i(r+t) = 75°.67 C. 

X.* Correction for thermometer at 75° 

(75 — M7)= — 0°.67C. 

Note made by student. " Notice how far off the 
higher readings are. I repeated the measurements several 
times to assure myself there was no mistake." 

* C. A. E., Feb. 18, 188G. 
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EXPERIMENT XXVL 



Calibration of Am Thermometer. 



A. 
cury 
ter. 


Depth qf meV' 
in thermome- 

0.0 cm. 


B. Weight qf ther- 
mometer and mer- 
cury. 


c. Weight of mer- 


d. Volume of met' 
cury (.0738 X c). 


1. 


46.0 grams. 


0.0 grams. 


0.00 eu. cm. 


2. 


10.8 " 


60.5 " 


6.6 " 


0.41 " 


8. 


18.1 " 


66.0 " 


10.0 « 


0.74 " 


4. 


22.7 " 


68.2 « 


ia2 ** 


0.97 " 


6. 


29.6 ** 


63.6 " 


18.6 '* 


1.36 " 


6. 


37.9 " 


70.0 " 


26.0 '* 


1.86 " 


7. 


43.0 " 


74.1 " 


29.1 " 


2.16 " 



See Fig. 57, page 120. 

.E, Reading of the air thermometer in melting mow 27.3 cnu 

F, Reading of the air thermometer in steam . . 36.1 cm. 

G. Reading of the air thermometer in water . . 29.1 cm, 
H, Reading of a mercurial thermometer in the same 18^0 C. 

t. Volume corresponding to ^^ by interpolation 

between d^ and d^ (§ 59) 1.28 cu, cm. 

j. Volume corresponding to jPby interpolation 1.73 " 
k. Volume corresponding to 6? " '* 1.33 '* 

/. Temperature of the water (formulaVTII., T 74), 

lOQo X ('t— -5- (y — t) = . . . . 20^ C. 

m. Absolute zero of temperature (formula IX., IT 74), 

— lOOo X t -f- — t) = . . — 246° C. 
n. Coefficient of expansion of air (formula X., % 74), 

(j— 0-^1 -J- 100= 0041 

Note. It is not unusual to find, as in the example, varia- 
tions of calibre in a tube which would, unless corrected for, 
introduce errors of at least 20 5^ into the results. A very 
slight quantity of moisture (about ^ ^ngr.) in the tube of 
the thermometer would account for the error (about 10 ^) 
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in the last two results (in and n). In view of such an error, 
the determination of temperature (T) must be considered as a 
means of confirming rather than correcting the reading of 
the mercurial thermometer {£f)> 

EXPERIMENT XXVn. 

Observations. 

A. Reading of air thermometer in melting snow 273*^ C. 

B. Height of mercurial column in barometer , . 75.60 cm. 

C. Height of mercurial column in manometer necessary 

to make air thermometer read 273° in steam 28.00 cm. 

D. The same in water 7.00 cm, 

E. Reading of mercurial thermometer in the water 20°.0 C. 

Calculations. 

/. Temperature of steam (Table 14) 

at 75.60 cm. (see 5) 99^.85 C. 

g. Temperature of the water (1st formula, IT 76), 

fXD-^ (7=99°.85 X 7.00 -4- 28.00 = 24^.96 C. 
h. Absolute zero of temperature (2d formula, If 76), 

-fXB-r- C = 

— 99^85 X 75.60 -^ 28.00 = . . — 269°.6 ) 

t. The same (accepted value) — 273° ) 

J, Error of the determination (h — t) -^ A = !%.-[- 
k. CoeflScient of increase of pressure of confined air 

(3d formula, IF 76), 

C-i-B -f-/= 28.00 -J- 75.60 -^ 99.85 = .00371 ) 

/. The same (accepted value) 00367 ) 

m. Error of the determination (k — I) -^k= . 1% + 
n. Correction for the mercurial thermometer at 20° 

(^_E)= +5°.0C. 
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Note. Id view of the comparatiyelj close agreement 
(within 2 ^) of the results in h and in k with accepted values, 
it may be assumed that the determination of temperature in 
g is accurate within a few tenths of a degree; hence the large 
correction (-f- 5^0) in n is justified. Since, however, so 
large a correction is improbable, the thermometer in question 
should be compared with one already calibrated (Exp. 25). 
Such a comparison might possibly show that Reaumur's (not 
the Centigrade) scale was employed. This would account for 
the results of observation. 

The data in the example are sufficiently accurate to serve 
as a rough check (§ 45) upon the results of calibration (£xp. 
25) ; but not as a means of correcting such results. 



EXPERIMENT XXVIII. 



A, Reading of mercurial barometer 



75.2 cm. 



li. Reatlings qf 
Mercurial Man- 
ometer. 


C. Readings 
qf Air Manom- 
eter. 


d. Volume of 
the air [Example 
26dJ. 


e. Preenire of 
the Bit [A ±£]. 


/ Product 
of Volume 
and Pressure. 


— 25.2 cm. 


40.75 cm. 


2.01 cu, cm. 


• 50.0 cm. 


100.2 


— 15.2 " 


35.08 » 


1.67 " 


60.0 " 


100.2 


— 6.2 " 


30.62 " 


1.48 " 


70.0 " 


100.1 


00 " 


29.00 " 


1.83 " 


75.2 " 


100.0 


4- 48 •* 


27.58 " 


1.25 " 


80.0 « 


100.0 


4-14.8 " 


25.02 " 


l.ll " 


90.0 " 


99.9 


+ 24 8 •' 


22.87 " 


1.00 ** 


100.0 " 


100.0 


+ 34.8 " 


21.58 " 


0.91 " 


no.o " 


100.1 


+ 44.8 " 


20.85 " 


083 " 


120.0 " 


99.6 


+ 54.8 " 


19.02 " 


0.77 " 


130.0 " 


1001 


+ 64.8 " 


17.77 " 


071 " 


140 " 


99.4 


+ 74.8 " 


16.72 " 


0.66 " 


150.0 " 


99.0 
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G. Ttmperaiurtsqf 
boiling tthtr. 


//. Readings <\f Air 
Alatiouiettr. 


i. Correflponding Pres- 
sured (see t). 


65O.0 


lO.yi cm. 


148.2 CIA. 


60O.0 


19.22 *' 


128.5 " 


46O.0 


21.00 " 


109.5 •' 


40O.0 


24.63 " 


92.3 " 


350.0 


28.20 " 


78.0 " 


SQo.O 


39.73 " 


61.8 " 



>ee Fig. 65, % 79. 

Note. This example has, for simplicitj, been calculated 
80 that the products under/ are all nearly equal to 100. 
The (approximate) agreement of these products follows from 
Mariotte's Law (§ 79), and serves as a mutual confirmation 
of the data under Example 26, ^ & ^, and under Example 
28, B & C, upon which these products depend. 



EXPERIMENT XXIX. 



Observations. 



A. Barometric pressure 

B. Temperature of the warm water . . . 

C. Weight of flask with warm water . . . 

D. Tike same after opening under ice-water . 

E. Weight of flask fUed with water . . 



7n.O cm, 
50°.0 C. 

oO.O g. 

80.0 g. 
170.0 g. 



Calculations. 



/. Volume of moist air in the flask at 50° (see 7?) 

and 76 cm. (see A), (E — C) nearly = 120.0 cit, cm. 
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g. Volume of (nearly) drj air in the flask at 0^ and 

76 cm. (see -4), {E — Z>), nearly = . 90.0 cu. cm. 
h. Degree of exhaustion produced by cooling to 0^ 

07-^/)= 75.0% 

t. Pressure of the (nearly) dry air at (f (A X -4) = 57.0cm. 
j. The same at 50° (see B) 

% X (273 + ^) -5- 273 = % X 323 -r- 273 = 67.4 cm. 
k. Additional pressure of aqueous vapor at 50° 

(6eeB),(A — j)=z 8.6 cm. 

/. 1 cm. mercury (Table 49 b) in megadynes per 

8q.cm.= 0.0133 

_ ( it cm. of mercury (^-Z) = .... 0.1141 , 

m. •< ^ "^ ^ ^ . megadynes 

C Difference between the pressure of 

aqueous vapor at 50° and at 0° by 
^ ' '' sg. cm. 

Table 13,0 0.117 J 



EXPERIMENT XXX. 

[Mean of two or more observations.] 

A.* Barometric pressure [76.00 cm.] 

B.* Paraffine melts at 54°-58° 

C* Alcohol boils at 79°.2 

D.* Chloroform boils at 60°. 6 

E.* Bisulphide of carbon boils at 47°. 1 

F.* Ether boils at 35°.3 

* S. L. B., Nov. 1887. 
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EXPERIMENT XXXI. 



12 " " 

17 " " 

39 " " 

120.0 grams. 

20.0 " 

3 min. 20 sec. 

4 " " 

5 " 40 " 



A. Weight of empty calorimeter {inner cup only) 100.0 grams, 

B. The same nearly jUUd with water . . . 180.0 *^ 
c. Weight of water in calorimeter {B — -4) = 80.0 " 

D, Time required to cool (1) from 80© to 70° 10 min, sec. 

(2) " 70° '* 60° 

(3) " 60° " 50° 
Total (4) " 80° " 50° 

E. Weight of calorimeter with a little water 
/. Weight of the water {E—A)=:. . 
G. Time required when shaken 

to cool (I) from 80° to 70° 

(2) " 70° " 60° 

(3) « 60° " 50° 
Total (4) « 80° " 50° 13 « '* 

H, Time required without shaking 

to cool (!) from SO"" to 7 0"" 

(2) " 70° " 60° 

(3) " 60° " 50° 
Total (4) « 80° " 50° 

/. Weight of calorimeter with turpentine . . 
j. Weight of turpentiDe (/ — A) = . . 
K Time required to cool {I) from 80° to 70° 

(2) *< 70° " 60° 

(3) " 60° " 50° 
Total (4) " 80° " 50° 

L. Temperature of the room 

m. Difference between the weights in c and in / 60.0 grams. 

n. Corresponding difference in total time of cooling 

{D^ — G^)=. 2^,0 minutes 

0, Total time of cooling with 20 grams ( G^ = 13.0 " 



5 min. sec. 

6 " " 
8 " 30 " 

19 " 30 « 
. 175 grams. 
. 75 " 

5 min. sec, 

6 " " 
8 *' 80 " 

19 " 30 " 
25O.0 C. 
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p. Corresponding thermal capacity 

(mX o-r-n) = 30.0 

q. Thermal capacity of calorimeter alone 

(p-f)= 10.0 

r. Thermal capacity of calorimeter with 

turpentine {m X -^i -r- n) = 45.0 

$. Thermal capacity of turpentine alone 

{r — q)= 35.0 

L Specific heat of the turpentine (s ^j)= , . . 0.4 



Mean temperatare within 
calorimeter. 



(1) 

(2) 
(3) 



ttss 

aboTeO^ 



r — 
above L. 



76°0 
56°.0 



ATeiage 65. 



60^.0 

4(y».o 

3(^.0 



40. 



No of unite of beat loet 
in 1 minnte. 



w 
XlO 



m! 'xloV^^i? 



90 
75 
53 



73 



60 
50 
85 



48 



Tbe ranie redaced to 1^ 
difference in temperature. 



y = 

(w -i- V). 



1.80 

188 
1.77 



18 



X 1^ 



1.20 
1.25 
1.17 



1.2 



EXPERIMENT XXXH. 



First Method. 



A, Weight of empty calorimeter {inner cup) 

B. Temperature of air within calorimeter 



100.0 grams, 
ISo.O C. 



C. Temperatures of water. 

1. 40^.6 (just before pouring) 

2. (not stationary) 

3. 37^.4 

4. 37M 

5. 36^8 

E. Weight of calorimeter with water 



D. Times, 

10 m. sec, 

11 " " 

12 " '' 
18 " " 
14 " " 

180.0 grams. 
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/*. Rate of cooling per minate 

( ^5 — Q -^ (A —A) = . . . 0O.3 fer mtn. 
g. Temperature reduced to. time of pouring 

(/X (A — A)+^8= . . . . 38^0 0. 

h. Rise of temperature of calorimeter {g — -6) = 20°.0 C. 

i. Fall of temperature of the water ((?, — g)=z 2°.6 C. 

>. Weight of water (^E—A)=i 80.0 gratns. 

k. Units of heat given out (t Xj)= . . . 208 units. 

L Thermal capacity of caloruneter (k'^h)= 10.4 

Second Method. 

M, Temperature of cold water -|- 10®.0 C. 

N. Temperature of shot in calorimeter just before sub- 
stitution of cold water 83°0 C. 

0. Resulting temperature 18*^.0 C. 

P, Weight of calorimeter with water .... 180.0 grams, 

g. Weight of water (P — A)= 80.0 " 

r. Rise of temperature of water (0 — M) = 8°.0 C. 

*. Units of heat absorbed by water (q X r) = 640 

t. Fall of temperature of calorimeter {N — 0) = 65°. C. 
II. Thermal capacity of calorimeter (s -i- t) =. . 9.9 

Third Method. 

V, Volume of water displaced by thermometer when 

immersed to the ordinary depth .... 0.9 cu, cm, 

W, Weight of (brass) stirrer 2.0 grams. 

X. Tliermal capacity of inner cup (brass) and stirrer 

(1st footnote, page 161), 0.094 X (^ + ^) = 9.6 

y. Thermal capacity of the thermometer (2d footnote, 

page 161),0.46 X V— 0.4 

«. Total thermal capacity (x -f- y) = . . . 10.0 
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EXPERIMENT XXXHI. 

Detebicikation of the Specific Heat of Lead Shot 

(If 94, I.). 

[A,] [ Weight of calorimeter with packing, 

SfCy nearly JUled with lead shot"] . [797.47 grams], 
B,* The same without lead shot . . . . 357 Ai grams 
C* Weight of bottle with ice and water 

before using 501.02 " 

D,* Indication of the thermometer in the ice-water '\- 0°.7 C. 
E,* Temperature of air in calorimeter . . 23°.5 C. 

F,* Temperature of shot in heater .... 98*^. C. 

G,* Temperature of mixture 22°.7 C. 

H.* Weight of calorimeter with mixture . . 846.17 ^raww. 
Z* Weight of bottle with ice and water after using 

452.32 ^' 
. f Weight of water U8ed ( 0— I) = . 48.70 ) ,, 

•^' C The same (Zr—^)= 48.70 > 

^ ( Weight of lead shot (A — B)= . 440.03 ) ,, 

( The same (H— B)'-{C—I)= 440.03 ) 

/.* Change of temperature in water (G — -0)= 22°.0 C. 

m.* No. of units of heat absorbed by water (ji* X = l^^^"!" 

n* Change of temperature in lead shot {F — G) = 75°.3 C. 

0. Thermal capacity of shot (m -5- n) = . . . 14.22 

p.* Specific heat of the lead shot (o -^- Z:) = . . 0.0323 + 

* J. E. W., Feb., 188G. 

Note. The inner cup of the calorimeter employed in this 
determination weighed about 44 grams, and had accordingly 
a thermal capacity equal to about 4 grams of water. Since 
its temperature fell from 23^.5 to 22°.7, that is 0°.8 C, a de- 
duction of 0.8 X 4 := 3 -}- units should strictly be made from 
the number of heat units, 1071 + (see »»)> apparently given 
out by the shot This would make the specific heat (in p) 
0.0320 instead of 0.0323. 
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EXPERIMENT XXXIV. 



First Method. 



A!^ Temperature of the room . 
B.* Weight of bottie mth kerosene 
C* Weight of bottle with water 
D,* Temperature of kerosene . 
E,* Temperature of water . . 
F.* Temperature of mixture . 
G.* Weight of bottle toith water remaining 
II.* Weight of bottle with kerosene remaining 
I. Specific heat of kerosene referred to water, cal- 
culated as in the last example, 
(C— G) X {E—F) -r- {B—H) -^ {F-^D) = 

0.47 + 
♦ F. S. D., Feb., 1886. 



24°.3 C. 
308.9 grams. 
267.1 " 

. 9°.2 C. 

. 63°. C. 

. 24°.3 C. 
254.6 grams. 
241.5 " 



Second Method. 

J, Temperature of the room 23°.0 C. 

K. Weight of lead shot 300.0 ^ram<. 

L. Weight of bottle with alcohol before using . 500.0 " 

M. Temperature of the alcohol + 1^.0 C. 

N. Temperature of the shot 98°. C. 

0. Temperature of the mixture 23°.0 C. 

P. Weight of bottle with alcohol after using . 450.0 grams. 

q. Specific heat of the lead shot 

(see the last example) 0.0320 

r. Heat units given to alcohol, qX Kx {N— 0)= 720 

s. Specific heat of the alcohol 

r-5.(Z — P)^ (0 — if)=. . . 0.65 + 
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Note. For a fuller statement of the calculations^ see last 
example. Ou account of the agreement of the temperature 
of the mixture with that of the room, no allowance for the 
thermal capacity of the calorimeter is to be made. 

EXPERIMENT XXXV. 



/. Preliminary observations, 

A. 10 grams water at 20° with 

10 grams alcohol at 20° 
gii-es mixture at . . 28P C. 

B. The same with toater at 

10° C 210 C. 

c. Temperature of water (es- 
timated) which would 
give mixture at 20°, 
about 8°C. 



Z>. Weight of glass beaker used 
as inner cup of calorimeter 

30.00 g. 

E, The same with {about) 60 

grams of alcohol . 80.00 g. 

F, Temperature of the same 20°.0 C. 

G, Temperature of cold uxiter 

just before pouring, risen 

to 8°.0C. 

H. Temperature of mixture 20°.0 C. 

/. Weight of the same in calo- 
rimeter . . . 

j. Weight of alcohol 

(£:-/))= . 

k. Weight of water 

{I-E)= . . 
/. Change of temperature in 

water (r—6')= 12o.O C. 
m. No. of units of heat given 

out(l-X/)= . . 600 

n. Latent heat of mixture per 

gram of alcohol 

{m-7'j)=' . . . 12.0 



180.00^. 
60.00^. 
60.00^. 



II. Preliminary observations, 

A. 10 grams water at 20^ with 

\gram nitrate of ammonium 
at 20° gives mixture at 14° C. 

B. The same with water a/ 80 C. 

230 C. 

c. Temperature of water (es- 
timated) which would 
give mixture at 20^ 27° C. 



D. Weight of glass beaker used 

as inner cup 0/ calorimeter 

30.00 g. 

E. The same with {about) 10 

grams of nitrate of am- 
monium .... 40.00^. 

F. Temperature of the same 20° C' 

G. Temperature of water just 

before pouring^ fallen to 

270.0 C. 

n. Temperature of mixture 20°.0 C. 
/. Weight of the same in calo- 
rimeter .... 140.00^. 
j. Weight of nitrate of am- 
monium {E — O) = 10.00^. 
k. Weight of water 

(/ — jE:)= . . . 100 00 9. 
/. Change of temperature in 

water ((? — F)= 70. C. 
m. No. of units of beat ab- 
sorbed (ifc X /) = . 700 
n. Latent heat of solution 
per gram of nitrate of 
ammonium m -r j = 70 
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EXPERIMENT XXXVI. 

Observations. 

A, Weight of empty calorimeter (inner cup) . 77.00 grams. 

B, Weight of cotton waste with ice .... 100.00 ** 

C, Temperatures of water in calorimeter . . D. Times. 

1. U^,0 C. • 20 min. sec. 

2. 40°.5 C. 21 " 

3. [Ice transferred to calorimeter.] 22 '^ 

4. 13°.4C. 23 '^ 

5. lO^.OC. 24 " 

6. 10°.0 C. 25 « 

E. TempercUttre of the room 23° C. 

F. Weight of cotton waste 60.00 ^am<. 

G. Weight of calorimeter with mixture . . 229.20 " 

Calculations. 
h. Weight of ice used {B — i^) = • • . 40.00 ^am*. 
t. Weight of water used {G — A-^h)=. 1 12.20 " 
j. Thermal capacity of (brass) cup (.094 -4) = 7.2 

k. Add for thermometer and stirrer (see Examp. 3) 0.6 

/. Total thermal capacity of calorimeter (J -\' k) = 7.8 
m. Thermal capacity of calorimeter with water 

(1 + /)= 120.0 

n. Temperature of water reduced to time (D^ of 

mixing, (7, — ( O; — - (7,) = . . . . 40^.0 C. 

0. Temperature of mixture, Cg= 0,= . . 10°.0 C. 

p. Change of temperature of water (n — o) ^ 30°.0 C. 
q. Heat units absorbed (m X /?) =• • • • 3600 

r. Heat units absorbed by 1 gram of ice (7 -f- ^) = 90.0 
s. Heat units absorbed in raising 1 gram of melted 

ice to the temperature of the mixture, 0^ 10.0 

t. Heat required to melt 1 gram of ice (r — s) = 80.0 



% 
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EXPERIMENT XXXVII. 

Observations. 

A,* Weight of brass calorimeter {inner cup) 76.974 grams, 
B,* Weight of calorimeter j thermometer, 

and stirrer 99.850 " 

C* The same with water 223.670 " 

D,* Temperatures of the water at intervals of 1 minute: 

Before admitting Daring admission of After admission of 
steam. steam. steam. 

1. 80.4 4. 20°. 6. 27^.7 

2. 80.5 6. 27°.8 7. ^7°.2 
8. 8®.6 8. 27°0 

9. 27°0 

JE [Overflow from trapl [none'] 

F, [Temperature of the room"] .... [18®?] 

G.* Weight of calorimeter with water and condensed 

steam 227.710 ^am<. 

ff.* Barometric pressure 74.96 cm. 

Calculations. 

t. Temperature of steam at pressure in H 

(Table 14) 99^6 C. 

j. Rate of increase of temperature before 

admission of steam i {D^ — Z),) = . OM per min. 
k. Rate of cooling after admission of steam 

i(A-A)= OM « 

/. Temperature of water calculated forward to the 

time of 4th observation {D^ +7) = • . • 8°.7 C. 
m. The same calculated backward (2)^ + 3 ifc) = . 27°.5 C. 

n. Rise of temperature (m — 0= 18^.8 C. 

0. Thermal capacity of calorimeter (see Examp. 36, /) 7.67 
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/?. Weight of water in calorimeter ( (7 — B)=z , 123.82 
q. Total thermal capacity (o -\- p) = . . . . 131.49 
r. Units of heat given out (n X 9) = .... 2472 
8. Weight of steam condensed (G — ^) = 4.040 grams, 
t Units of heat per gram of steam (r -=-«)= ^ 611.9 
u. Units of heat given out by 1 gram of condensed 
steam in cooling to the temperature of the mix- 
ture (i — m)= 72.1 

t;. Heat given out in the condensation of 1 gram of 

steam (t — m) = 540 

*M. B., Feb. 1886. 

EXPERIMENT XXXVIII. 

A,* Weight of zinc JUings 1.00 ^am. 

B* Weight of glass calorimeter 23.92 '' 

C* Weight of batterg solution .... 96.[00] " 
D,* Temperature of battery solution . . . 19°.5 C. 

E,* Time occupied by chemical action ... 7 minutes. 
F,* Resulting temperature (maximum) . . . 43°.[0] C. 
G.^ Temperature 1.5 minutes later .... 42°. [0] C. 

h. Correction for cooling ^ j; X (^— ^ -^■ 1.5 = 2°.3 C. 

i. Corrected temperature due to chemical action 

{F + h)= 45°.3 C. 

j. Specific heat of battery solution t • . . • 0.60 

/'. Thermal capacity of the solution (CXj)= 57.6 

/. Thermal capacity of glass calorimeter (0.19 B) = 4.5 
m. Thermal capacity of thermometer and stirrer 0.6 

w. Thermal capacity of 1 gram of zinc (Table 8) 0.1 

t The specific heat inj was taken from Table 80, for 60 % sulphu- 
ric acid, assuming that the small quantity of bichromates present 
would not essentially modify the result. For methods of determining 
the specific heat of liquids, see Exp. 32. 
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0. Total thermal capacity (^ -|- ^ + '^^ "I" ^) = 
p. Rise in temperatare (i — D)=z , . . . 
q. Units of heat developed (o -j- p) =. . . 



62.8 

25°.8 C. 

1620 



R.* Weight of zinc oxide 1.25 grams. 

S.* Weight of baUery solution 96.[00] « 

T,* Temperature of battery solution .... 17°.[0] C. 
U,* Temperature of mixture {maximum) . . 21°.3 C. 

Total thermal capacity as in o . . . . 62.8 

Rise of temperature (U— T)=z . . . 4°.3 C. 

Unite of heat developed (v X ^) = * • 270 

Difference between the number of unite of heat 
developed by 1 gram of zinc and by ite equiv- 
alent (1.25 grams) of zinc oxide (q — g) = 1350 

* E. L. A., March, 1888. 



r. 

X. 



EXPERIMENTS XXXIX.-XL. 



Observations with the 



A. Weight of lamp be/ore the experiment . 

B. Time of lighting the lamp 

C. Fixed distance of lamp from instrument 

D. Weight of candle before experiment . 

E. Time of lighting candle 

F. Meandistanceof candle from instrument 

G. Time of extinguishing lamp .... 
H, Time of extinguishing candle . . . 
/. Weight of lamp in middle of experiment 

•7. Time of relighting lamp 

K. Fixed distance of lamp from instrument 
L, Weight of candle in middle of experi- 
ment 

M. Time of relighting candle .... 
N, Mean distance of candle from instrument 



Thermo- 


Photom- 


pile.* 


ETER.f 


169. 29 g. 


198. [0] g. 


2 h. 44 min. 


10 A. 42 min. 


40. cm. 


86 cm. 


88.8 g. 


26.5^. 


2 A. 44 min. 


10 A. 42 min. 


30.7 cm. 1 


72 cm. § 


8 A. 15 min. 


10 A. 68 min. 


8 A. 15 min. 


10 A. 58 min. 


166.8 g. 


195.7 g. 


8 A. 20 min. 


11 A. 5 min. 


40 cm. 


64.6 cm. 


84.7 g. 


24.1 g. 


3 A. 20 min. 


11 A. 6 min. 


29.8 cm.t 


60.5 cm, § 



♦ F. W. A., March, 1888. 
X Mean of 3 obseryatione. 



t W. B. M., March, 1888. 
§ Single observation. 
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[ExF. 40. 



Obseryatiomb with the 


Tuermo- 

PILE.* 


Photom- 

ETER.t 


0. Time of final extinction of lamp . . 
P. Time of final extinction of candle . , 


8 A. 60 min. 
8 A. 60 min. 


11 A. 89 min. 
11 h. 89 min. 


Q. Weight of lamp ajler the experiment . 
R. Weight of candle after the experiment . 


I6l.bg. 
31.2 g. 


191.8 g. 
20.ig. 


Calculations — First part op 






Experiment. 






a. Rate of consumption of lamp in grams 

perhour II (^ — /)-f(C/— B)= . 

b. Rate of consumption of candle in grams 

per hour II {D — L)~{U'-E)= . 

c. Candle power of candle 6-r-8 = . . 


7.7 

7.0 
0.88 


&6 

9.0 
1.13 


d. Candle power of lamp C^-tF^Xc — 


1.49 


1.61 


e. The same reduced to 8^. per hour, Sd 
-fa= 


1.66 


1.60 


Calculations — Second part op 




Experiment. 






f Rate of consumption of lamp in g^ams 
per hour (/— Q) -riO—J) =. . 

g. Rate of consumption of candle in grams 
per hour (L — R) -r [P—M)= . 

h. Candle-power of candle 7-^8=. . 

f. Candle-power of lamp IC^-t-N^ X A = 

j. The same reduced to 8 grams per hour, 
8»^/= 


7.6 

7.0 

0.88 

1.69 

1.67 


6.9 

6.5 
0.81 
0.92 

1.07 


k. Mean relative candle-power of kerosene 






and paraffine under the conditions of 
the experiment, J {e +j) = . . . 


1.6 -f 


1.3 



II The time of these observations is to be expressed in hours and 
decimal fractions of an hour. 

Note. If the lamp and candle are weighed while burning, the 
observations B, E, J, M, 0, and P, should read " time of weighing " 
instead of "time of lighting," "relighting," or "extinguishing." 
The calculations are identical, except that J and M are substituted 
respectively for observations G and H, which are omitted. 
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EXPERIMENT XLI. 

A* Principal focal length of lens hy ordinary 
METHOD (IT 116, 1), mean of 4 observa' 
tions 13.[00] cm. 

B.* The same hy method op parallax 

(irii6, 2) 

C* The same hy indirect method (T 116,3) 13.287 cm. 

D.* The same hy color method (f 116, 4) 

e. Principal focal length, mean of different 

methods 13.14 cm, 

EXPERIMENT XLII. 

A,* Nearest distance of lamp from screen consistent 
with perfect image (^ 117, 1), mean of A^ ob- 
servations 51.68 cm. 



J.* Principal focal length, J -4 = 
C* Distance from lamp to lens 
D.* Distance from lens to screen 
E,* Distance from lamp to lens 
F.* Distance from lens' to screen 

g. Mean of smaller distances 

h. Mean of greater distances 

»'. Principal focal length ^X^-^(5' + ^) = 



Conjugate 

focal 

lengths 

(f 117,2). 



1 



Conjugate 

focal 
lengths 

(irii7,3). 



12.92 cm. 
^ 49.5 cm, 

17.8 cm. 

17.5 cm. 
-49.8 cm. 
17.65 cm. 
49.65 cm, 
13.02 cm, 

57.8 cm. 



J 17.0 cm. 
1 16.3 cm. 



I 



J.* Distance from lamp to lens 
K.* Distance from lens to screen 
L,* Distance from lamp to lens 
M.* Distance from lens to screen 

n. Mean of smaller distances 

0, Mean of greater distances 

p. Principal focal length n X o -r- (n -{- o) =i 

q. Principal focal length, mean of three methods of 

conjugate foci, J (5 -f" * + Z') = • • • 12.96 cm. 

♦ C. A. B., March, 1886. 



58.5 cm, 
16.65 cm, 
58.15 cm, 
12.94 cm. 
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EXPERIMENT XLIH. 

First Pabt. 

A, Distance of farther focus from converging lens 

{mean of 10 ohs.) 90.0 cm, 

B, Distance of nearer focus from converging lens 

(mean of 10 obs.) 30.0 cm. 

c. Principal focal length {AxD)-i'(A-'B) . 45.0 cm. 

Second Part. 

D. Distance of farther focus from diverging lens 

(mean of 10 obs.) 90.0 c»i. 

B. Distance of nearer focus from diverging lens 

(mean of 10 obs.) 30.0 cm. 

f. Virtual principal focal length, 

(DxE)^(D^E)= — 45.0CW. 



EXPERIMENT XLIV. 

A.* Zero reading of sextant 0® 4' 10" 

Readings of sextant when set on sun : — 
B.* Positive reading (mean of 5 obs.) . 0° 35' 28" 



C* Negative reading (mean of 5 obs.) 
d.* Apparent angular diameter of the sun, 

i (5— C) = J (64'48") = . . 
e. Apparent " semidiameter " ( d)=z . 
f The same reduced to decimal fraction 

gree (Table 44 ^) 

The same for March (Table 44, E) 



To _|_ 30' 40" 

32' 24" 
16' 12" 
of a de- 

0°.270 
0°.269 



*L. L. H., March 5th, 1886. 
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G.* Zero reading of sextant 0° 4' 10" 

Readings of stoUant set on ohject : — 
H,* Positive reading {mean ofb obs.) . . 8® 22' 34" 

/.* Negative reading {mean of 5 obs.) . . 1° + ^8' 24" 
j,* Apparent angular diameter of the object, 

i (^— J)=i (7° 4' 10") = . . 3° 32' 5" 
L The same redaced to decimal fraction of a de- 
gree (Table 44 ^) 3°.535 

/. Tangent of the angle k, (Table 5) . . 0.0618 
M.* Length of the object in question .... 100 cm, 
n. Distance of the object, calculated t {M-^ l)= T 1618 cm, 
0*. The same by measurement {from the axis of J 
the revolving mirror to the foot of the ob- 
ject) [ 1623 cm. 

♦C. A. E., March, 1886. 



EXPERIMENT XLV. 

A.* Zero reading of sextant t 2® 48'. 5 

B,* Beading corresponding to 1st angle of prism 123® 26'. 5 
C* Beading corresponding to 2d cmgle of prism 121° 30'. 
D,* Beading corresponding to Sd angle of prism 123® 34'. [0] 
e. First angle, i{B — A) = i (120° 18'. 0) = 60° 19'. 
/. Second angle, i { O— ^) = ^ (1 18° 41'. 5) = 59® 20'. 8 
g. Third angle, i{I> — A) = i (120® 45'. 5) = 60® 22'. 8 
h. Sum of the three angles {e -^f+g) = 180° 2'. 6 

♦ A. E. T., March, 1888. 

t A more accurate calculation may be made by the use of loga- 
rithmic tangents (Table 5, A). We hare log n = log M — log tan k, 
= 2.0000—2.7908 = 8.2902 ; hence n = 1619 cm. 

I The zero-reading of the instrument here employed was made 
purposely large so as to extend the limit of its negative readings 
(see Exp. 44). For second method, see next example. 
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EXPERIMENT XLVI. 

A. Heading of telescope of spectrometer set on direct 

image of slit in collimator 180° 0'. 

Readings of telescope set on image reflected: — 

B. by \st face of prism 120° 0'. 

C. by 2d face of prism 240° 0'. 

d. Aogle between l&t and 2d faces (1[ 12G), 

^{C—B)= 60<'0'. 



E. Reading of telescope set on image of slit in colli- 

mator illuminated by sodium flame and re- 
fracted by the prism angle (d) placed so as to 
produce a minimum deviation .... 140° 1'. 

F. The same with prism rotated 180° ... . 220° 1'. 

g. ( Angle of minimum deviation {A — E) =. 40° 1'. 

h. (The same (F—A)— 39° 59'. 

f . The same (mean of g and h) 40° 0'. 

• 

Note. The reading; of a sextant in this determination, 
see II 127, II., would also be 40° (not 80°). Given a prism 
angle 60°, and an angle of minimum deviation 40°, the index 
of refraction is (see f 244, and Table 4). 

f* = sin i (60° + 40°) -^ sin \ (60o) = 

sin 50° -5- sin 30° = 0.7660 -5- 0.5000 = . L5320 
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EXPERIMENT XLVH. 

First Pabt. 

A,* Zero reading of sextant 2® 25' 

Readings of sextant set upon first set of diffracted 

images of a thin white flame prodtieed by a piece 

of linen cloth : — 

B.* Positive reading 2® 48' 

C* Negative reading 2** 4' 

d. Angular separation of images i (B — 0)= 0° 11 '.0 

e. The same in decimal fraction of a degree 

(Table 44 ^), (rf -5- 60) = 0**. 183 

f. Distance between the threads (^ 130, for- 

mula L), 0.00006 -h sin 0M83 = 

0.00006 -r- 0. 0032 = 0.019 cm. 

g. No. of threads per cm, (1 -i-f) = . . . 53 

♦A. E. T., March, 1888. 



Second Part, 

H,* Zero reading of spectrometer {mean of 3 ohs,) 

29° 24' 50" 
Readings on diffracted image of slit illuminated by 
sodium flame : — 
/.* Positive angle {mean of 4: obs.) . . . . 12° 4' 15" 
•/.* Negative angle {mean of 4 obs,) . . . 46° 43' 30" 
k.* Angle of minimum deviation produced by diffrac- 
tion grating, i {J— /)=.... 17° 19' 37". 5 
/. The same reduced to decimal fraction of a degree 

(Table U A) 17^ 327 
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m. Distance between lines of grating as stated by 

manufacturer (1 -f- 12960) = . 0.000077160 inches. 

n. The same reduced to cm. (2.5400 m) = 0.00019599 cm. 

0. Length of sodium light-waves in air (IT 130, foot- 
note), 2 X W X sin i (I) = 
2 X 0.00019599 X 0.1506 = . r 0.0000590 + cm. 

p. Mean of wave-lengths, D^& D^ -< 
(Table 41) 



0.0000589 + cm. 



* M. B., March, 1886. 

Note. Angles less than 25° are generally reduced with 
greater accuracy by a table of logarithmic sines than by a 
table of natural sines having the same number of places. We 
have by Table 4 a and Table 6, log 2 -f- log n -|- log sin J I 
= 0.30103 + i.29224 + 1.1779 = 5.77117; hence o = 
0.00005904 cm. (nearly). The error in this determination 
(0.0000001 cm.) corresponds to an error of about 1' in the 
observed angle of diffraction. 



EXPERIMENTS XLVIIL, XLIX., AND L. 

Observatioxs. 

A. Distance between two adjacent points of minimum 

sound in^ 131, /., with a small violin A-fork 
(mean oflO ohs.) 38.0 cm. 

B. The same with a small C-fork 32.0 cm. 

C* Temperature of the air within resonance tube 22°. 75 C. 
D.* Relative humidity of the air of the room . . 25 5J 

E.* Distance between nodal points in resonance 

tube (II 132) due to a large A (?)-fork . 74.9 cm, 

♦J. E. W., December, 1885. 
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F. The same due to a middle C-fork .... 68.0 cm, 

G, Length of monochord responding to large A- 

fork (1[ 133, III.) 80.0 cm. 

H, Length of monochord responding to middle C- 

fork 72.0 cm. 

Calculations. 

t. Wave-leDgth of sound due to small violin A- 

fork (2 A)=. 76.0 cm. 

j. The same due to small C-fork (2 ^) ^ . . 64.0 cm. 

k. Velocity of sound corresponding to atmospheric 

conditions in (7 and D (see Table 15) 34.608cm. per sec. 

I Wave-length due to large A-fork (2 ^ = 149.8 cm. 

m. Number of vibrations of large A-fork 

j per second (^ -f- /) = C 230.9 

( The same according to instrument maker. 1 228.5 

n. Wave-length of middle C-fork (2 i?") = . 136.0 cm. 

0. Number of vibrations of middle C-fork 

r per second (^ -7- w) = r 254.5 

( The same according to instrument maker ( 256.0 

p. Musical interval between the small A- and 

C-forks {A -^3)= r 1.2 (nearly). 

q. Theoretical interval (6:5)= . . . (1.20 

r. Musical interval between the large 

' A-fork and O-fork {E -^ F) = ... r 1.10 

s. The same (^-^^= 1.11 

t. I The same according to instrument makers, i 

256-^228.5= I 1.12 
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EXPERIMENT LI. 
Velocity of Sound — Echo Method. 

-4.* Distance between two parallel walls (IT 137, II.) 

80.0 metres. 
B.* Heading of metronome adjusted to keep time with 

echoes (mean of 5 observations) .... 129 

C* dumber of beats in 100 seconds corresponding to 

this reading 215 

2).* Temperature of outside air 6° C. 

U.* Relative humidity 80 % 

/. Distance traversed by soand (2 -4) = . .160 metres. 

g. Time occupied (100 -5- C) = 0.465 sec, 

h. Velocity of sound (f-i-g) = . , . . 344 \ 

f . Velocity tabulated for conditions JD and l ^^^^^ 

_ "^ I per sec. 

E (Table 15) 836 ) ^ 

* J. E. W., December, 1885. 



Pendulum Method. 

J.* Time of pendidum (on north wall of Laurence 

Hall) about 1.00 sec, 

K,* Distance of signalling observer from pendulum^ 

about 10 metres, 

Z.* Distance of observer vnth telescope (Jarvis Field) 

350 ± 20 metres, 

m.* Velocity of sound 

(L — K)-^ /= . . . . 340 ± 20 m. per sec, 

* Approximate results, recalled from memory from experiments 
made by students in 1881-1882, before the building of the Jefterson 
Physical Laboratory. 
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EXPERIMENT LH. 

A. Number of waves traced by tuning-fork between 

alternate marks made by pendulum (mean of 10 
observations) 28.27 

B. Number of complete oseiUaiions of the pendulum 

timed 100 

C. Time occupied (mean of 10 observations) . . 50.0 sec. 

d. Rate of pendulum (complete oscillations per sec- 

ond) Z?-5- C= 2.00 

e. Rate of tuning-fork (complete oscillations per sec- 

ond) -4 X c?= 66.5 -f 



EXPERIMENT Lin. 



Note. The tuning-forks Nos. 1 and 17 are supposed to 
have been adjusted to an exact octave (by filing or loading 
one of them) before the following observations were taken. 



A. No. qf 


B. No. of 


C. Timeqf 


d. No. of 


s Tot&Iii 


/. Pitch of 
lat fork 


l8t fork. 


2d/\>rk. 


100 beats. 


beats per mc. 




(c -f e„). 


1 


2 


2b sec. 


40 


0.0 


65.6 


2 


3 


20 


5.0 


4.0 


69.6 


3 


4 


22.2 


4.5 


9.0 


74.6 


4 


6 


30 


3.3 


13.5 


79.1 


6 


6 


27 


8.7 


16.8 


82.4 


6 


7 


20.8 


4.8 


20.6 


86.1 


7 


8 


26.3 


8.8 


26.3 


90.9 


8 





23.8 


4.2 


29.1 


94.7 


9 


10 


25 


4.0 


33.3 


98.9 


10 


11 


20.6 


3.4 


37.3 


102.9 


11 


12 


23.2 


4.3 


40.7 


106.8 


12 


13 


20 


50 


46.0 


110.6 


18 


14 


22.3 


4.5 


60.0 


116.6 


14 


15 


27.2 


8.7 


54.5 


120.1 


16 


10 


28 


36 


58.2 


128.8 


16 


17 


26.6 


3.8 


61.8 


127.4 


17 


1 


No beats. 


No beats. 


65.6 


131.2 
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EXPERIMENT LIV. 

-4.* Time occupied by Lissajous^ curves in passing 

through 40 complete cycles {mean of 10 obs.) 18.5 sec. 

B,* Which fork must be loaded to make the figures 

permanent^ The higher. 

C7.* Number of lobes visible in the symmetrical figures 

(= 71, formulae, IT 1 42) 4 

d. Sign of the correctiou for cycles (compare B with 

ir 142) + 

«. Number of cycles per second (40 -f- -4) = c, for- 
mulae, 1[ 142 2.16 

/. Pitch of the lower fork (Exp. 52) = p in for- 
mulae, If 142 56.5 -f- 

g* Pitch of the higher fork (7 X / [rf] * = 

4x56.5 + 2.16= 228.2 + 

* M. B., December, 1885. 



EXPERIMENT LV. 

A. Number of revolutions made by a toothed wheel in 

100 seconds when adjusted so as to show station- 
ary waves upon a tuning-fork (mean of 10 obs.) 473 

B, Number of teeth 12 

^ I Pitch of the tuning-fork ^b ^ X ^ • • f 57.0 

1 The same by graphical method (Exp. 52) . ( 56.5 + 
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EXPERIMENT LVL 

A. Distance between marks made by buUet. . . 19.2 cm, 

B, Time occupied by 250 complete oscillations of the 

pendulum 200 sec. 

c. Time occupied by pendulum after its release in 

reaching the middle-point of its swing, 
iX^hXB= 0.200 wc. 

d. Square of time occupied (c^ = 0.0400 

e. Ratio of distance through which bullet falls to 

square of time occupied (-4 -5- rf ) = . . . . 480 
/. Acceleration of gravity (2 e)= 960 

[Results with other pendulums reduced in the same way 
and tabulated as in IT 148] 



EXPERIMENT LVH. 



A. Distance from lower edge of bracket to top of 

bullet 

B. The same to bottom of bullet .... 
c. Length of pendulum ^ (A-^- B)= . 

D, Time occupied ^100 single vibrations 

e. Time of pendulum 2) -4- 100 = . . . 

f. Square of time of pendulum (c') = . 

g. Ratio of length of pendulum to square of time 

{c-r'f)= 97.8 



7.8 cm. 

9.8 cm» 

8.8 cm. 

80.0 see. 

0.800 sec. 

0.090 



[Results with other pendulums reduced in the same way 
and tabulated as in H 149.] 
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EXPERIMENT LVm. 

A. Diameter of rods (ah and hi^ Figs. 153 and 

154) 1.00 cm. 

B. Distance between rods adjusted to .... 100.00 cm. 

C. Mean interval between coincidences with seconds 

clock (reduced as in If 152) 125 see. 

d. Length of pendulum (^ + -5) = . . . 101.00 cm. 

e. Time of pendulum (C'-r- ((7— 1)) = . . 1.00807 sec. 

f. Acceleration of gravity corresponding to d and e 

(see Table, f 153) 980.9 



EXPERIMENT LIX. 



Preliminary Observations. 

A, Length of spring without load, about . . 

B, Length of spring with bullet^ about . . 

C, Length of spring with 30 grams . . . 

D, Length of spring with 81 grams . . . 
-£?. Length of spring with 30.6 grams, about 
f Weight of bullet, about 



50 cm. 

. 100 cm. 

99 + cm. 

100 + cm. 

100 cm. 

30.6 grams. 



Observed Times op 1000 Conseoutivb Oscillations. 

G. —With the buOet 800 *cc. 

R — With 30.6 grams 801 sec. 

l —With ZO.h grams 798 «cc. 

j. Mass of the bullet, 

30.5 + 0.1 X ( G^ — -0 -5- {H— I) = 30.57 grams. 
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EXPERIMENT LX. 



A, Readings qf the 

marker €U 
ifUervcUs qf 2 tee. 


6. Diflterence 
in 2 MO. 


c. Mean Te- 
locity (6-^2). 


d. Differ- 
enee in 2eee. 


e. Aooeler- 
ation(d-^2). 


1. 562 mm, 

2. 585 

3. 600 

4. 595 

5. 575 

6. 535 


+ 33 

+ 16 

— 5 

— 20 

— 40 


+ 16.5 
+ 7.5 

— 2.5 

— 10.0 

— 20.0 


8.0 
10.0 

7.5 
10.0 


4.0 
5.0 
8.8 
5.0 



20.5 cm, 

0.5 cm. 

10.25 cm. 

10.00 cm 

57.4 cm. 



F. Mass of the ring bOO grams. 

G, Outside diameter of ring 

H. Radid thickness of ring 

t. Outside radius of ring, \ G 

y. Mean radius (t — ^ H)= 

k. Mean deflection of outside of ring in cm. 

(average of -4 -j- 10) = 

L Mean angle of deflection in degrees, 

^ ^ t' X 860^ ^ ^ = 57.4 -5- 10.25 X 57<>. 8 = 821° 
m. Acceleration of outer surface reduced to cm. 

(average of c -7- 10) = 0.445 cm, per sec. per. sec, 
n. Mean acceleration of whole mass of ring 

{mxj'^i)= ^-44 " 

0. Force exerted by wire on ring (/* X w) = 220 dynes, 
p. Couple exerted by wire on ring (0 Xj) = 

2200 dyne-cm. 
q. Couple exerted per degree of twist 

(nearly) 7 -^ , 

^ "^ (per degree. 

Note. The marker is here supposed to be set opposite 

the zero of the scale carried by the ring when the ring is at 

rest. The length, diameter, and material of the wire should 

be noted. 
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EXPERIMENT LXI. 

Preliminary Observations. 
(See Tables, pages 339 and 340, left-hand half.) 

First Method. 

Readings of spring balances in kilograms corrected hy 

first table (1), page 339. 

A. — First balance with one end of lever , . . 0.46 Hlos, 

B. — Second balance with other end of lever, . 0.44 ** 

C, — First balance with load on lever .... 6.85 " 

D, — Second balance with load on lever . . . 6.75 " 

e. Weight of lever (^ + ^) = 0.90 " 

/. Weight of lever with load (C+ /))=.. 13.60 «* 
^. Weight of load (/—«) = 12.70 " 

Second, Third, and Fourth Methods. 



A, [Corrected] reading of spring bal- 

ance hearing one end of lever 

B. The same with load on lever 

c. Efifect of load on lever (B — A) 

D. Distance of point where spring 

balance is attached from fixed 
point of suspension .... 

E. Distance of point where load is 

attached from fixed point of 

suspension 

/ Weight of load (cX D-rE) = 



Second 
Method. 


Third 
Method. 


+ 0.46 
+ 6.80 
+ 6.36 


+ 0.30 

— 8.20* 

— 8.60 


+ 100.0 


+ 76.0 


+ 26.0 
26.40 


— 260 
25.60 



Fourth 
Method. 

+ 0.60 kilos. 
+ 7.80 " 
+ 7.20 " 



+ 26.0 cm. 



+ 100.0 cm, 
1.80 kilos. 



' Observed reading 7.78 kilos. 

Correction for graduation (First Table) . + 0.10 " 
Correction for inversion ( 180°,Second Table) + 0.32 " 
Corrected reading, numericallj equal to . . 8.20 " 
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Fifth Method — Observations. 

A. Corrected reading offini spring balance with 

load 10.05 kilos. 

B. The same for second spring balance . . 9.95 " 

C. Distance of point (a) from point (c) {Fig. 166) 100.1 cm. 

D. Distance of point (b) from point (c) (Fig. 166) 99.9 cm. 

E. Vertical deflection (cd. Fig. 166) with load 10.00 cm. 

F. Corrected reading of first spring balance 

without load 9.60 kilos. 

G. The same for second spring balance ... 9.60 " 
H, Distance of point {a) from point (c) (Fig. 167) 100.0 cm, 
I. Distance of point (b) from point (c) (Fig. 167) 99.8 cm, 
J, Vertical deflection without load (cd^ Fig. 167) 1.04 cm. 



Calculations. 

k. Mean reading of spring balances with load 

J(^-f-^)= 10.00 ihVo*. 

/• Mean length of hypothenuse with load, 

i(C+Z>)= 100.0 cm. 

m. Weight of ring with load, 2 JST X ^ -5- ^= 2.00 kilos. 
n. Mean reading of spring balances without load, 

^ (^-1- Gy= 9.60 « 

0. Mean length of hypothenuse without load, 

i(/^+/)=: 99.9 cm. 

p. Weight of ring without load (2 /X w -5- o) = 0.20 kilos. 
q. Weight of load (m —jo) = 1.80 " 



27 
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Sixth Method, f 159 (6). 

A. Corrected reading of spring balance pulling a point 

{h) in a cord (ab, Fig. 169) to a distance {be) 
from the vertical line (ac) nearly equal to 75 cm. 

9.65 kilos. 

B. The same in the opposite direction (cby Fig. 169) 

9.55 " 

C. Length of cord (ab, Fig. 169) 125.0 cm. 

D. Horizontal distance (W, Fig. 169) . . . . 150.0 cm. 

e. Mean deflection (^ D) = 75.0 cm. 

f. Vertical distance (ac, Fig. 169), 

^/C^'—e^ = V15625 — 5625 = Vl 0,000 = 100.0 cm. 

g. Mean force felt by balance, ^ {A-^-B) . . 9.60 kilos, 
h. Weight of load, 

^ X/-^ c = 9.20 X 100.0-^75.0= 12.80 " 



EXPERIMENT LXII. 

A. Weight suspended from edge of board . . . 10.0 kilos. 

B. Distance of point of suspension from triangular 

support {ab, Figs. 171 and 172) .. . 100.0 cm. 

C. Distance of centre of gravity from triangular sup- 

port (cb/ Fig, 172) 40.0 cm. 

d. Weight of the plank Ax B-^ C . . . . 25.0 kilos. 

Note. The position of the centre of gravity is best lo- 
cated in such a heavy plank by balancing the plank upon 
the triangular knife-edge without the weight. See however 
f 160. 
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EXPERIMENT LXUI. 



1 


J 


1 
1 


1 

1' 


ll 




1 

1 




1 

J! 
1 


-^ 


=5 





Q 


w 


s 


B. 


* 


- 


1. woo 


1.000 


1.000 


0,4B0 


1.000 


S[^>;10> 


BOOxlo' 


H.0O X 10" 


1 El«*l 










tm 




8,0B " 




Nrl 


a. «)( 


lUM 




VM 


1B,0(K 


16.68 •■ 




J.M " 






a,ooi 


im 




tm 


a.9S '• 






J El»l 


B. 100. D 


l.OM 


■im 


0.23g|]8,000 


lfi.6« " 


85.9 ■■ 


834 ■• 





EXPERIMENT LXIV. 

PRELIUINART EzPEKIHENTS (% 164). 



1. 

r 




s 

1 




li 


« 


l.g 


1^- 


80 






d&t 





6 


16= + 


0.40- 


80 






a&b 


6 


6 


15" 


040 


80 






cA.d. 


6 


e 


15"- 


0.40 + 


80 








8 


8 


20" 


0.40 


80 






a&e 


10 


10 


26» + 


0.40 — 


80 






d&t 


6 


12 


30° 


0.40 


80 






d&t 


6 


18 


46"- 


0.40 + 


40 






d&t 


6 


12 


!&> 


0.60 


40 






d&t 


6 


24 


80" 


080 


80 


2 


6 


a&g 


16 


00 


16" 


e.4 


80 


2 


10 


a^g 


10 


100 


26" + 


6.4 — 



A. Reading of needle when empty tornon balance it 

made horizontal -f- 17° 

B. The tame with 1 decigram in the lefi hand pan +■ 317° 
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O, The same with 1 decigram in right hand pan, 

ll^'.Le —283^ 

D, Length of balance beam .../.... 20.4 cm. 

E, Length of wire subject to torsion 100.0 cm. 

F, Diameter of the wire 0.0300 cm. 

g. Value of 1 gram in dynes 980 dynes. 

h. Weight of 1 decigram in dynes (^ -5- 10) = 98.0 « 

i. Length of balance arm (^ Z)) = 10.2 cm. 

j. Couple exerted by decigram weight (h X ») = 

1000 dyne-cm. 
k. Deflection produced by this couple, ^ (^— 0) = 800° 

L Coefficient of torsion of the wire (y-j-it)=3.33 ( dyne-cm, 

{per degree. 

EXPERIMENT LXV. 

A,* Length oj iron wire subject to stretching . . 6505 cm. 
B.* Diameter of the wire (jnean of 20 obs^ 

.0664 ± .0001 cm. 
O.* Reading of micrometer without weight (mean of 

10 obs.) 0.7446 ± .0001 cm. 

D,* TJie same icith weight (mean of 10 obs.) 

1.2324 ± .0004 cm. 

K* WeigtU added 5,000 ^ram«. 

/. Deflection (/)— C)= 0.4878 cm. 

g. Value of 1 gram in dynes 980.4 dynes. 

h. Weight reduced to dynes 

{EXg)= 4.902 X 10' rfync*. 

». Cross-section of the wire corresponding to dia- 
meter B, see Table 3 G . . . . 0.003463 sq. cm. 

/. Stress upon the wire 

(A-T-»)= . . . . IA16 X ^0^ dynes per sq, cm. 

k. Strain of the wire (/-^ A) = 000750 



Exp. 66.] OBSERVATIONS AND CALCULATIONS. 1005 

L* Young's modulus of elasticity (j -5- it)= 1.89 X 10" 

*G., January, 1885. 

Note. From the weight (27.00 grams) of 10 metres of 
the wire, and from the density of wrought iron (7.8, Table 9) 
the mean cross-section would be 

27.00 -J- 7.8 -^1000= 0.00346 «^. cm. 

EXPERIMENT LXVI. 

A.* Diameter of steel wire 0.02327 cm. 

B.* Place of breaking. C* Maximum reading a/ tpring balance. 

1. Near balance 8.45 kilos, 

2. 2 inches from balance . . . . 9.61 

3. 1 inch from balance .... 9.30 

4. Close to balance 9.20 

5. Close to balance 8.50 

6. Middle 9.68 

7. 1 inch from balance . . . . 9.66 

8. 2 inches from balance . . . 8.95 

9. Close to balance 8.85 

10. Middle 8.95 

d* Average ^, lib kilos. 

NoTB BT Student. Several bad results thrown out, 

e.* Correction of the spring balance (for zero error 

and graduation) for a reading of 9 kilos — 0.240 kilos. 

/.♦ Correction for an inclination of 90° . . + 0.120 « 

g. Value of 1 gram in dynes 980.4 dgncs* 

h.* Corrected reading of spring balance 

(rf + «+/)= S.9d5 kilos. 

».* The same in dynes (A X ^) = • • • 8.82 X 10* 

/.* Cross section of wire with diameter 

.02327 cm. (see A), 0.000425 sq. cm. 
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k,* Breaking stress of the steel 

(»-T-y)= .... 20,^ y, \(fi difnes per sq. cm, 

* J. E. W., January, 1886. 

Additional Data. 

L, Length of wire weighed 100.0 cm. 

M, Weight in grams 0.835 grams, 

n. Weight of 1 cm, (M -i- L) = . . . . 0.00335 « 
0. Length breaking under its own weight 

(1000 A -J- n) = 2.69 X 10' cm. 



EXPERIMENT LXVII. 

First Method (f 169 I.). 

A, Distance between vertical prongs of fork . • 2.00 cm, 

B, Weight required to counterpoise the fork 

when dipping into a beaker of water , 1.000 gram, 

C. The same with film of water 

(mean of 10 obs,) 1.300 grams, 

D. Temperature of Oie water 20° C. 

e. Tension of film 2 cm, broad {B — C) = 0.300 gram, 

f. Tension of single surface 1 cm. broad 

(c -J- 4) = 0.075 gram, 

g. Value of 1 gram in dynes 980.4 dynes. 

h. Surface tension of the water at 20° 

(see D), ( fX y) = • . . • 73 + dgnes per cm» 

Second Method. — Calibration of Tube. 

/.* Length of mercurial column 30.13 cm. 

J* Weight of mercurial column 7.8G0 ^awi*. 

K. Temperature of the room, about 20° C, 
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L Apparent specific volume of mercury at 

20** (see K), from Table 23 B= . . . 0.0788 
m. Volume of mercury (/X 0= • • • • 0.580 cu, cm. 
n. Cross-section of the tube (m -f- 7)^ . 0.0192 sq. cm. 
0. Diameter corresponding (see Table 3 G) 0.166 + cm. 

Height of Capillary Column. 

P.* Height to which water rises in the tube above its 

level outside of the tube {mean of 5 obs.) 1.66 ±, .01 cm. 

q. Density of water at 20° (Table 25) ... . 0.99828 

r. Density of air at 20° (mean), Table 19 . . 0.00120 

s. Weight of 1 cu. cm. of water at 20° in air, 

(9 — r)= 0.99708 

t. Weight in air of a column of water 1.66 cm. long, 
0.0192 sq. cm. in cross-section, reduced to 
dynes (jP X 'i X « X 5^) = • • • • 31.0 dynes. 

u. Breadth of film sustaining the weight of this col- 
umn = circumference of tube (Table 3, F), 
with diameter 0.156 cm. (see D) . . . 0.490 cm. 

V. Surface tension of the water at 20° (^ -5- w) = 

63 -|- dynes per cm. 
* A. N. S., January, 1887. 

EXPERIMENT LXVIII. 
First Method (^ 171,1.). 

A. Force required to draw plank with uniform velocity 

parallel to the fibres of the plank and of a hori- 
zontal board upon which the plank rests flat- 
wise {mean of IQ obs.) 0.290 Hfo. 

B. The same with plank edgewise 0.310 ^ 

C. The same with plank flatwise but bearing a load 

3.50 kilos. 
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D. Weight of the plank 1.00 kilo. 

E. Weight of the load 10.00 kilot. 

f. Coef. of friction {\)vaA{A^D) = 

i3)"C(C-i-(D+£!)) = 



. . 0.29 ^ 

. . 0.31 [■ 

) — . 0.32 ) 



Second MfcrrnoD (^ 171, II.). 

G. Diitanee {AB, Fig. 184) meattired along kori- 
Kmial surface of table from the point of contact 
of the under surface of board to fool of vertical 

measuring rod 1 00.0 em. 

H. Height of under surface of hoard above horixonlai 
surface of table at this point sufficient to maie 
plant slide dovm board with uniform velocity 
parallel to the fibres of the plank and of the 
boardwith the plank ^flatwise (mean of 10 oil.) 

30.0 cm. 

I. Slope of uDder aurfkce of board aslope of up- 
per surfoce nearly ^coefficient of fricUon 
=iH-i- G= 0.30 



EXPERIMENT LXIX. 
Observations. 



A.* Circumference of the ttheel of motor . 



B.* IDiffrrtnce belicttn] readiacit of tpring 

C.' f^o. of TeailulSoni made by Iht Khtd 
[I.* Daralion of the experiment in lermdt 
£.* Weiifhl in grttmt of the axiter toed . 
F.* Headingi of tie preuuTt-gaugt in 
poanila pfr square Inch .... 



bt 


2d 


3d 


1.3 
14 


1.2 
15 


LI 

]8 


11 


K 


10 


210O 


2.™ 


2640 


20 


lfl.5 


10.5 



72.8 cm. 
ith IHal. 



2614 gram*. 
19 J '*«■/*■ 
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g. Tangential force ot friction reiluceil 

to megadynes (0.»8 B) = . 
h. Velocity of rim of wheel in 

sec. (J X C-i-0)=. . . 
I. Poner utilized by motor lu megergs 

per»ec. (ffX *) = 

J. PreiBure of nater reduced to megi 

dynea p«r iq. cm. (0.069 X t') =^ 
k. Flow of water in ca. em, per lec. 

(1.00XE4-B}= 

J. Power (pent on motor \u mpgt'rgs 

per tecond (j X £} » . 
n. Efficiency of motor in 

lOOx i-i-l-. . . . 



Ut 


sa 


3d 


1.2Y 


1.18 


1,08 


102 


lOB 


131 


130 


129 


141 


1.38 


1.14 


1.35 


219 


2S6 


264- 


302 


200 


36BS 


M 


48 


40 



4th trial. 



mrgerg* 
1.31 J per. iq. 



•P.M.R.,Juinarr, 1886. 



EXPERIMENT LXX. 
Observations. 

A. Xiength of pasteboard tube with cor&a . . 124.0 cm. 

S. Thickness of corks each 2.0 cm. 

G. Depth of lead shot (by difference) . . . 20.0 cm, 

D. Temperature of the room 20'',0 C 

E. Temperature of the shot before the.ea^periment 

reduced to* IV.O C. 

K Temperature of the pasteboard tube before the 

e:^}eriment raised to' 23°.0 C. 

G. Temperature of the shot and tube after the 

experiment 23°.0 C. 

S. Numher of reversals necessary to bring about 

this change of temperature in the shot . . 81 
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Calculations. 

i. Rise of temperature of the shot {0 — F)=. 6^.0 C. 
j. Distance fallen by the shot in each reversal 

{A — 2B—C)= 100.0 cm. 

k. Total distance fallen by the shot {H Xj) = 8100 cm. 
L Distance fallen per degree rise of temperature 

{k-^%)= 1350 cm. 

m. Force acting upon each gram of shot . . 980.4 dynes, 
n. Work necessary to raise 1 gram of shot lo in 

temperature reduced to megergs 

(/ X ^ -^ 1000000) = . . . . 1.324 megergs. 
o. Heat units necessary to raise 1 gram of lead 

1° C. (See Exp. 31, and Table 8) 0.032 units of heat. 
p. Mechanical equivalent of heat * 

yn' ' o)— ^^ \unil. of hmt. 

* A simple way to cool shot to a given temperature is to mix it with 
colder shot from a refrigerator. The tube may be warmed to a giTen 
temperature by pUcing shot in it a little above that temperature. 
Assuming that, as in the example, the operations have been per- 
formed, so that J (f + JEJ) = Z), and G = F, the effects of cooling 
and thermal capacity will be eliminated (see IFl 98, 102 and 104), and 
tlie probable error of the result due to other causes (see 1[ 178) ought 
not to exceed 5 %. 



EXPERIMENTS LXXI.-LXXIV. 



Observations — Magnet numbered 

A. Distance between the poles of the 

magnet in centimetres . . . 

B. Weight in grams necestary to cotm- 

terpoise each magnet .... 
C Tlie same when repelled as follows : 
No.lbyNo,2; No.2bi/ No.S; 
No,ZbifNo.l 



1. 

9.6 
240.00 

239.86 



2. 



100 



3. 



10.4 cm. 



250.00 260.00 grams. 



249.80.259.38 " 
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Obsebyations— 3fa^fie( numbered 

* 

D. The same when attracted as stated 
E» Distance bettoeen the magnets from 
centre to centre (in cm.) . • . 

F, Zero-reading of torsion-apparatus 

G. Reading of the same when magnet 

points east and west .... 
H, Reading of the same when magnet 
points west and east .... 

/. Mean distance of centre of magnet 
from centre of compass needie^ 
measttred in east and west posi- 
tions 

J. Readings of compass needle with 

magnet east of needle 

North pole deflected west- 
ward [N, W.] . . 

South pole deflected east- 
ward [S. jB.J . . 

North pole deflected east- 
warn [N. E.] . . 

South pole deflected west- 
ward \S, W.\ * . 

With magnet west of needle. 

North pole deflected loest- 
ward [N W.] . . 

South pole deflected east- 
ward [S, E.] , , 

North pole deflected east 
ward [N. E.] . . 

South pole deflected west- 
ward [S. W.] , . 



(Fi^. 200,1) 



{Fig. 200,2) 



[Fig. 200,3) 



{Fig. 200,4) 



Calculations. 

a. Mean force felt by each ma^et, 

i{D^C) = 

b. Mean force felt by each pole, 

(4a) = 

c. The same in dynes (980.4 X 6) = 

d. The same reduced to a distance 

of 1 cm. giving product of 
strength of poles acting, 
(cXJ5r»)=. 



1. 

241.26 

2.00 
Oo.O 



+ 1170.0 



— 1170.0 



S£.0 



80.8 
80.6 
80.5 
80.9 

80.6 

80.4 
80.3 
80.7 



2. 
251.40 

2.00 
00.0 



+ 1200.0 



— 1200.0 



0.950 

0.476 
466 



1864 



35.0 



90.8 
90.4 
90.5 
90.7 

90.5 

90.8 
90.2 
90.6 



1.050 

0.525 
515 



3. 
261.33 " 

2.00 cm. 
00.0 



+ 1230.0 



— 1230.0 



2060 



35.0 cm. 



100.9 
100.7 
100.6 
110.0 

100.8 
100.4 
100.5 
100.7 



1.000 grams. 



u 



0.500 
490 dynes. 



1960 dynes. 
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Calculations — Magnet numbered. 

e. Ratio of the strengthB of poles in 
question {d^ -^ d^) ; {di -r- rfj ; 
(c/j-h</i) = respectively . . 

/. Provisional estimate of strength 

of single poles, \^dx e = . 



g. Coefficient of torsion of wire 
(Exp. 64) in dyne-cm. per degree 

h. Mean angle of torsion observed, 
i(C; — //) — 900= . . . 

I. Couple exerted by or upon mag- 
net in dffne<m. {g X h) —, . 

j. Force of earth's magnetism on 
each pole (/-7-i4) = . . . 

k. 1st estimate of the horizontal in- 
tensity of earth's magnetism 

U^f)-- 



1. 



/. Distance of nearer pole of mag- 
net f^om centre of compass 
needle (/ — ^A)—, . . . 
m. Distance of further pole (/ -f 

i^)= 

n. Field of force due to nearer pole 

(/■^P)= 

o. Field of force due to farther pole 

(/H-m=)= 

p. Resultant field of force (n — o) = 
q. Mean angle of deflection (aver- 
age of T") 

r. Tangent of this angle (Table 5) 
s. 2d estimate of the horizontal in- 
tensity of the earth's magne- 
tism (p-r-r) = 

t The same (1st estimate — see k) 
u. Geometric mean between the two 
estimates = Horizontal inten- 
sity of earth's magnetism = 

\/or^ = 

V. " Moment " of magnets (i -j- m) = 
w. Strength of poles (v-^A) =. 



0.961 
42.1 

8.83 

270.0 

90.0 

9.4 



0.951 
44.3 

3.38 
30O.0 
100.0 

10.0 



3. 



0.223 


0.226 


80.2 


80.0 


89.8 


40.0 


0.0402 


0.0492 


0.0266 


0.0277 


0.0196 


0.0216 


30.6 


90.6 


0.1612 


0.1678 


0.130 


0.129 


0.228 


0.226 


0.170 


0.171 


629 


686 


66 


68 



1.105 

S units of 
magne' 
tism, 

C dyne- 
3.38 < cm. per 
( degree, 

880.O 

110.0 \ ^^"^- 

( cm, 
10.6 dynes. 



0.228 



29.8 cm, 

40.2 cm, 

0.0624 

0.0288 
0.0286 

100.7 
0.1890 



0.126 
0.228 



0.169 

661 

63 
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EXPERIMENT LXXV. 

A.* Number of vibrations made by a small loaded 
magnetic needle in 10 seconds under the in- 
fluence of the earth's magnetism ... 1.5 vibr, 

B.* The sam,e at a distance of 1 cm, from the mid* 

die point of a lofig bar magnet ... 8.0 vibr. 
The same at a dista?ice of 1 cm. from, the axis 
of the magnet^ and at the following dis- 
tances: — 



From north end — 


Vibrations. 


From south end — 


Vibrations 


C* cm. 


17.0 


H.* 


cm. 


18.0 


/).♦ 10 cm. 


13.0 


1.* 


10 cm. 


14.6 


E.* 20 cm. 


12.6 


J.* 


20 cm. 


11.0 


F.* 80 cm. 


12.0 


K.* 


80 cm. 


7.6 


G.* 40 cm. 


11.0 


L.* 


40 cm. 


6.0 



See Fig. 205, page 413, representing the squares of 
the numbers of vibrations. 



Inferences from this Figure. 



m. Distance of north pole from end of magnet . . 22 cm. 
n. Distance of south pole from end of magnet . . 12 cm. 
o. Distance between the poles 66 cm. 

* C. R. E., April, 1888. 



^ 
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EXPERIMENT LXXVL 

A.* Throws of needle of baUiatic galvanometer caused 
by sliding a coU over the magnet through a dis- 
tance of 10 cm., measured as follows: — 



From north end of magnet — Throw. 



B.* 


0—10 cm. 


270.8 


G.* 


0—10 cm. 


370.3 


C* 


10— 20 cm. 


22<>.l . 


H.* 


10 — 20 cm. 


230.6 


D.* 


20 — 80 cm. 


I80.O 


/.♦ 


20 — 30 cm. 


140.6 


£.♦ 


30 — 40 cm. 


140.2 


J.* 


80 — 40 cm. 


60.O 


F,* 


40 — 60 cm. 


80.6 


K.* 


40 — 60 cm. 


10.0 



From south end 0/ magnet — Throw. 



A figure representing the chords of the throws (see 
Table 3, column d) was here constructed by the student as 
explained in H 189. 

Inferences from this Figure. 
/. Distance of north pole from end of magnet . . 19 cm. 
m. Distance of south pole from end of magnet . . 14 cm, 

71. J Distance between poles J 67 an. 

0. (The same in Exp. 75 (see 0) (66 cm. 

* C. R. E., April, 1888. 

EXPERIMENT LXXVII. 

Throtcs of the needle of a ballistic galvanometer 
caused by revolving the coil of an earth- 
inductor 180° 

A.* About a horizontal axis. B.* About a vertical axis. 

1. 560.5 

2. 66°. 
8^ 66^ 

c. Mean 56°.6 d. Mean I70.6 

e. Chord of c 0.931 (Table 3). / Chord ofd 0.804 (Table 3). 

g. Tangent of the angle of dip (« -5-/) = . . . . 8.06 
h. Angle of the magnetic dip (Table 8, column &, 

or Table 5) 71^9 

• C. R. E. April, 1888. 



1. 


17«6 


2. 


ir. 


3. 


18°. 
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EXPERIMENTS LXXVHI.-LXXIX. 

A,* Number of turns of wire in coU 10 

B,* Outside diameter of ring (mean ofS ohs.) 

37.936 cm. 

C* Depth of groove to outer surface of insulated 

wire {mean ofS ohs.) 0.645 cm, 

D,* Semi-diameter of wire (m^an of 4 observa- 
tions on 10 thicknesses) 0.150 cm, 

K* Mean radius of coil (i i? — C— D) = 18.173 cm. 

fj* Coustant of coil 
2 7rX-4-^J5'=2x3.1416x 10 -J- 18.173= 3.457 

g. Reduction factor of the galvanometer, assuming 
a mean value 0.170 for the horizontal intensity 
of the earth's magnetism (Example 74 u) ; 
0.170 -^/= 0.0492 

A. The same for measurements in amperes (10 ^) = 0.492 



Simultaneous deflections — meafi of 3 obs. in each case. 



/*. DouUe'ring galvanometer. 
44°. 00 N. E. 430.83 S. W. 



440.88 S. E. 
440.47 S. E. 

430.97 S. W. 



430.97 N. W. 

440.03 N. W. 

440.10 N. E. 
K.* Zero reading. 

00.0 N. E. —00. 25 S. W. 

in.* Average deflection 44o. 09 

0. Tangent of m (Table 6) 0.9688 



J.* Single-ring galvanometer. 

470.68 E. S. 470.13 W. N. 

470.68 E. S. 470.13 W. N. 

470.50 E. N. 470.93 W. S. 

470.53 E. N. 480.00 W. S. 

Z.* Zero reading. 

00.0 E.S. —00.5 W.N. 

n.* Average deflection 470.64 
p. Tangent of n. (Table 6) 1.0928 



q. Constant of the double-ring galvanometer, 

fXo-^p= 3.06 + 

r. Reduction factor of the double-ring galvanometer 

for amperes {h Xp-r-o) = 0.555 

* C. A. E., April, 1888. 
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Note. The same student found in March the value 
0.1714 for the horizontal intensity of the earth's magnetism. 
Substituting this value instead of 0.170, the reduction factors 
in h and r become 0.496 and 0.559 -}-• 

In the abbreviations above, the first letter refers to the 
pointer, the second to its deflection ; thus the letters N. E. 
indicate readings of a pointer attached to the north end of 
a needle when deflected eastward ; while the letters £. N. 
refer to observations of the east end of a (transverse) pomter 
when deflected northward. 

EXPERIMENT LXXX. 

A, Number of turns of wire in the large coil of 

the dy7iamometer 100 

£, Outside diameter of the coil 27.00 cwi 

C Inside diameter of the coil 23.00 cm. 

d. Mean diameter, ^ (^-|- C) = . . . . 25.00 cm, 

e. Mean radius, ^ tf = 12.50 cm, 

f Constant of large coil (2 ir e -i- A) = . . . . 50.27 

G» Number of turns in small square coil . . . 79.5 

J7. Outside horizontal diameter 5.09 cm, 

L OtUside vertical diameter 5.03 cm. 

J. Width of S(i turns of wire 4.80 cm. 

A:. Mean diameter of wire, (J -^ 80) = . . . 0.06 cm, 
I. Mean horizontal diameter of coil (£r — k) = 5.03 cm,, 
m. Mean vertical diameter of coil (/ — A:) = . 4.97 cm, 
n. Mean area 6f cross-section (ly^m)= . 25.00 sq, cm, 
o. Magnetic area of coil {Gy,n)= , . . 1988 sq, cm, 

p, G)nstant of Dynamometer (y X ^) = • • • 99937 
q. The same for amperes, or No. of dyne-centimetres 

due to one ampere, {p -f- 100) = . . . . 999 -f- 
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jB. Length of dynamometer wire subject to torsion 

33.8 cm, 
8. Coefficient of torsion of a wire 100 cm. long of 
the same size and material (Exp. 64) in dyne- 
cm. per degree 3.33 I ^2/' ^"^ • 

^ ( p^r deg, 

t. Coefficient of torsion of dynamometer wire 

«XlOO-T-i2= 10.0 " 

u. Reduction factor of the dynamometer for am- 
peres V t-^q = 0.100 

V. Deflection of dynamometer (f 204) . . . 100^0 
W. Corresponding deflection of galvanometer 63^.4 

X. Current through dynamometer, 

u a/T= 0.100 VlOO^ = 0.100 X 10.0 = 

1.00 amperes. 
y. Tangent of the angle of deflection of the galvan- 
ometer (Table 5). Tan. ^r. = tan. 63^4= 1.997 
z. Reduction factor of the galvanometer 

(a; -5- y) = 0.501 ) 

The same previously found (Exp. 78, h) . 0.492 \ 

Note. The value of the reduction factor (0.501) found in 
this experiment is the same as that which would have been 
found in Exp. 78 if the value 0.174 had been taken for the 
horizontal intensity of the earth's magnetism, instead of the 
value 0.170 found in Exp. 71-74. 
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EXPERIMENT LXXXI. 

A. WeigJU of copper spiral before the experiment 

(mean of 3 double weighings) . . 10.945 grams. 

B. Duration of the experiment^ 31 m. 30 sec, = 1890 sec. 

C. Deflections of the galvanometer at intervals of 1 min. 



1 


50O.7 E. 


5. 51°. 


2 


51.2 


51.8 


8 


51.4 


51.8 


4 


51.4 


51.8 


5 


51.4 


51.8 


6 


51.3 


51.8 


7 


51.4 


51.8 


8 


51.4 


51.9 





51.4 


51.9 


10 


51.4 


51.9 


11 


51.8 


51.8 


12 


51.4 


51.9 


18 


51.4 


51.9 


14 


51.3 


51.8 


16 


51.4 


51.9 


Afftan 61.32 


51 .8r 



16 


51O.0 E. 


N, 510.5 


17 


51.3 


51.7 


18 


51.3 


51.7 


19 


51.4 


51.7 


20 


51.3 


51.7 


21 


51.2 


51.6 


22 


51.2 


51.0 


23 


51.2 


51.6 


24 


51.2 


51.7 


25 


51.2 


51.6 


26 


51.3 


51.6 


27 


51.3 


51.7 


28 


51.2 


51.0 


29 


51.8 


51.6 


80 


51.8 


51.7 


Mean 51.25 


51.64 



^• 



2>. Weight of copper spiral after the experiment 
(mean of 3 dotible weighings) . . 11.348 
e. Amount of copper deposited (D — A) 0.403 
f Amount of copper deposited in 1 second 

(e-Hi?)= 0.0002132 

g. Amount of (cupric) copper deposited in 1 second 

by 1 absolute unit of current (Table 8) 0.00328 

h. Amount deposited by 1 ampere (^g)z= 0.000328 

». Mean current in amperes (f-r- h) = . 0.650 amperes. 

j. Mean deflection, average of Ci to Czo= 51°.50 + 

k. Tangent of this angle (Table 5) 1.257 + 

/. Reduction factor of galvanometer (i -h k)=z 0.517 
The same by dynamometer (Exp. 80, z) 0.501 

The same by magnetic measurements (Exp. 78, h) 0.492 



(( 



(( 



a 



(t 
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EXPERIMENT LXXXII. 



Uy See Fig. 237. 
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[Exp. 83. 



EXPERIMENTS LXXXIII.-LXXXIV. 



^. Retidingt 

qf Ammeter in 

amph'es. 


£.* RecUtinga 

qflst 
galvanometer. 


C* Readings 

qfid 
galvanometer. 


d^ True 

current In 

amperes. 


e. Correction 

of ammeter 

id -A). 


+ 0.10 
+ 4.20 
+ 7.90 


QP.0 
73°.3 


OP.O 
65®.0 

76°.^ 


0.00 
4.27 
8.06 


— 0.10 
+ 0.07 
+ 0.16 



* Note. The reduction factor of the let galvanometer with 10 
tarns of wire is about 0.60 (see Exp. 81) ; that of the second is 0.66 
(Exp. 79) ; hence with only five turns of wire the reduction factors 
are 1.00 and 1.12 respectiyely. The current in (/ is accordingly 1.00 
tanB+l.l2tan C. 

JReadinga of ammeter connected with different cells 
for different lengths of time : — 



F. Tnn. 


O. BunsencelL 


H. DanUlleell. 


/. Leclanchi celL 


minutes. 


4.66 amperes. 


2.00 amperes. 


3.00 amperes. 


6 " 


4.60 


2.10 


2.80 


10 " 


4.46 


2.18 


1.00 


16 " 


4.20 " 


2.20 




20 " 


4.00 


2.17 




26 " 


8.80 


2 05 




30 " 


3.60 


1.90 





20^ See Fig. 237, page 470. 

[Note. The results given above and in the figure were not 
founded upon actual observations, and are intended only to show how 
such observations should be made and represented.] 
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EXPERIMENT LXXXV. 

Obsebvations. 

-4.* Weight of empty brass calorimeter . 47.20 grams. 
B.* Weight of calorimeter with water . 126.00 " 

* Headings of galvanometer and thermometer at differ- 
ent times : — 

C* Time, Z>.* Galvanometer, E.* Thermometer. 

1. 8 h. 14 m. sec. 23°.7 

2. " 16 " Qo.O E.S 

8. " 16 " 230.8 

4. " 17 .0 •' — (y>.l W.N. 

6. " 18 *« 23°.8 

6. 3 h. 19 m. sec. Circuit made 

7. " " 30 •* bV.lE.N. 

8. " 20 " 240.0 

9. " " 80 " 48^.7 " 

10. " 21 " 24®. 2. 

11. " " 30 " 48O.0 " 

12. " 22 20 " ... 24° 6 

13. " '* 30 " 47® 6 " 

14. " 23 " 24° 8 

15. " " 30 " 470.0 '• 

16. " 24 " 26®.0 

17. " " 80 " 46°.8 W.S. 

18. " 25 " 26°. 3 

10. " " 30 " 460.6 "....... 

20. " 26 " 25°.6 

21. " " 80 " 46°3 " 

22. •* 27 *' 26°.7 

25. •* •* 30 " 46°.2 " 

24. •* 28 " 26°.9 

25. " " 80 " 46°. " 

26. 8h. 29 m. sec. Current reversed .... 26o.O 

27. '• '* 80 " 46°.3 E.S. 

28. " 30 " 260.2 

29. " " 30 *' 460.2 " 

80. " 81 " 260.5 

81. « " 80 '* 46° 1 " 

32. " 82 " 26°. 7 
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C* Time, D.* Galvanometer, £*. Thermometer, 

88. 8h. 32m. 80 sec. 4GP. E,S 

84. " 88 " 26®.9 

86. " " 30 " 46°. •• 

86. " 84 " 27°. 

87. " " 30 " 4e°.2 W,N. 

38. •• 36 " 27°.2 

30. •' " 30 " 46°.8 " 

40. " 36 " 270.4 

41. •* " 30 " 46°.6 '• 

42. •' 37 " 27°6 

43. " " 80 " 46°.6 " 

44. " 38 *• 270.8 

46. " " 30 " 46O.0 " 

46. 3h. 30 m. Osec. Current cat off 28^.0 

47. " 40 " 28O.0 

48. " 41 •* 270.9 

49. " 42 " 270.9 

60. " 48 •* 270.0 

♦J. E. W., April, 1886. 

Calculations. 

f. Weight of water in calorimeter (J? — A)= 78.80 g, 

g. Thermal capacity of calorimeter (IT 90, 2; IT 91, 

III.), 0.094 X A + 0.2 + 0.4= .... 5.0 " 

A. Total thermal capacity (/+ ^7) = . . . . 83.8 " 

f. Rise of temperature observed (E^ — -Ei) = 4°. 2 C. 

J. Units of heat developed (A X *) = • • • • ^^2. 

k. Length of time, C^^ — (7g = 20 tnin, sec, = 1200 sec, 

I, Units of heat per second (^* -s- A:) = . . . 0.293 

m. Equivalent in watts (§ 15), 4.17 X ^ = • 1.22 vnatts, 

n. Mean angle of deflection in 2> 4G®.G4 

o. Tangent of this angle (Table 5) 1.059 

/>. Reduction factor of the galvanometer with 5 turns 

of wire (see note, Example 84) .... 1.00 

q. Current in amperes indicated (0 X />) = • • • 1.059 
r. Square of this current (Table 3, (7), ^ =1 . . 1.122 
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e, ResistaDce of the conductor in ohms = power iu 
watts necessary to maintain a current of one 
ampere (see § 136) 
= (m-i-r) = 1.22 -4- 1.122 = . . . 1.09 ohms. 

Note. In the calculation above, only the first and last 
observations of temperature during the action of the current 
were utilized. The others would have given a somewhat 
larger result. The student's calculation gave 1.06 ohms as 
the resistance of the coil by the method of heating. The 
same student found the resistance of the same coil by com- 
parison with 6. A. units (May, 1886)^ to be 1.00 ohms (see 
note, £zample* 87). The probable error in determinations 
conducted as in the example is about 10 %. 

EXPERIMENT LXXXVI. 

First Method. 

A. Deflection of a galvanometer with JSunsen ceil 
a7id unknown resistance included iti the 
circuit 21^6 

J?. T/ie same with 7 ohms in place of unknown 

resistance 20°.0 

C The same with 6 ohms in place of unknovm 

resistance 22°.0 

d. Value of the unknown resistance by interpolation, 

6+(6^ — ^)-r-((7 — J?)= . . . . 6.2oAm«. 

Second Method. 

JK Deflection of differential galvanometer with 
unknown resistance in one circuit and 6 ohms 

in the other —6^0 

JP, The same with 7 ohms in place of 6 ohms +24°.0 
g. Value of the unknown resistance by interpolation, 

6 + [— 6.0] -f. [— 6.0 — 24.0] = . . 6.2 ohms. 
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EXPERIMENT LXXXVn. 

A. Value of known resistance (said to be equal to 
1.0132 B. A, units) in legal ohms ( Table 50), 
1.0132X0.9889= 1.0021 oAm«. 

J?.* Distaiices of contact from end of bridge-wire 
nearer the unknowti resistafice measured: — 

(1) from cm. upwards {mean ofQ obs,) 50.237 cm. 

(2) the same with current reversed (mean 

of 6 obs,) 50.222 cm. 

(3) from 100 cm. downward (mean of 6 

obs.) 50.215 cm. 

(4) the same with current reversed (mean 

of 6 obs.) 50.212 cm. 

Mean 50.222 cm. 

C* Length of the bridge-wire 100.00 cm. 

d. Value of the uuknown resistance, 

AxB^(C—£) = 

1.0021 X 50.222 -^ 49.778 = . . . 1.010 ohms. 

*J. E. W., May, 1886. 

Note. The value of the unknown resistance determined 
in this experiment includes that of the connecting wires, 
amounting to about 0.01 ohm. A deduction of 0.01 ohm 
should therefore be made in comparing this result with that 
obtained by the method of heating (Exp. 85). 
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EXPERIMENT LXXXVUL 

A. Value of known resistance used as a standard 

of comparison {see Example 87, A) 1.002 ohms. 

B. Distance of contact on ^^ bridge-wire^' from 

end nearer unknoion resistance (mean of 4 
observations — see J?, Example 87) . 50.00 cm, 

C. Length of " bridge-wire " 100.00 cm. 

2>. Jjcngth of German silver wire (between con* 

necting strips) constituting unknown re- 
sistance 100.00 cm, 

E. Diameter of the wire (mean of 10 obs,) 0.05000 cm. 
f Cross section of wire with this diameter (Table 3, 

O) 0.001963 «j. cm. 

g, Resistanoe of the wire Ay, B -r- (C — -^) = 

1.002 ohms, 
h. Resistance of a wire of the same material and 

diameter 1 cm. long (g -^ D) = . . 0.01002 ohm. 
i. Resistance of a wire of the same material 1 cm. 
long and 1 sq. cm. in diameter (h X f) = 

0.0000197 '' 
' The same in microhms = specific resistance in 
microhms of a centimetre cube of the Ger- 



k. 



man silver 19.7 



Compare (mean) value in Table 37 a . . 20 



. 
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r 

EXPERIMENT LXXXIX. 

A. Value of known resistance used as a standard 

of comparison^ 10 JB, A, units = in legal 
ohms (see Table 50) 10 x 0.9889 = 9.889 ohms. 

B. Distance of contact on " bridge-wire " from 

end connected with galvanometer^ mean of 4 
observations {see Example 87, B) . . 37.60 cm, 

C. Length of ^^ bridgcAoire^^ 100.00 rm. 

d. Resistance of galvauometer in legal ohms, 

Ay,B-^{C — B) 5.959 oAm*. 



EXPERIMENT XC. 

A. Value of ktiown resistance used as a standard 

of comparison (see Example 87, A) 1.002 ohms. 

B. Length of " bridge-wire " between point of 

contact and battery (mean of 2 obs.) . . 49.0 cm. 

C. Length of ^^bridge<cire'^ 100.0 cm. 

d. Resistance of battery in legal ohms, 

AxB'^(C — B)= OMohm. 
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EXPERIMENT XCI. 

First Method. 

-4.* Deflection of Single Bing tangent galvan^ 

ometer . 59^.5 

JB* Corresponding deflection of Double-JRing 
tangent galvanometer with shunt (mean of 
2 obs.) 36^05 

C* Resistance of the shunt 0.10 oAm 

d. Reduction factor of Single Ring galvanometer 

(Example 80, 2) 0.50 

e. Redaction factor of Doable Ring galvanometer 

(Example 79, note) 0.56 

/. Carrent throagh the Single Ring galvanometer, 

d X tangent of A = 

0.50 X 1.6977 (Table 5) = . . 0.85 amplre. 
g. Current through Double Ring galvanometer, 

e X tangent of i? = 0.56 X 0.7279 = 0.41 " 
A. Current (by diflPerence) through the shunt, 

(f-g)= 0.44 « 

I. Resistance of the galvanometer, 

Cxh'^g=CxO,U'^U= . . OAl ohm. 

* F. S. D., May, 1888. 

Second Method. 

tT. Deflection of galvanometer through a large 

external resistance 20^.0 

-£ Value of this resistance 1000 ohms, 

L, Deflection reduced by a shunt to ... , 10°.0 

M. Resistance of this shunt 6.00 oAm^. 

n. Resistance of the galvanometer (If 224, 12) 

a:x3/x (^-z:)-T-(Lx a: + Lx3i — JX3/) = 

1000X6.00X10.0^(10.0X1000)+10.0X6.00-20.0X6.00) = 
60,000 ^ 0940 =» 6.043 ohms. 
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EXPERIMENT XCn. 

-4.* Deflection of Single Ming tangent galvan- 
ometer (mean of 2 obs,) 62®.2 

JS* The same with additional resistance . . . 35°.25 
C* Value of resistance added 2.00 ohms. 

d. Resistance of battery, galvanometer^ and con-' 

nections (H 225, formula 10), C X tangent of 
B -f- (tangent oi A — tangent of B) = (see 
Table 5) 2.00 X 0.7067 -f. (1.8967 — 0.7067) 
= 2.00 X 0.7067 H- 1.1900 = . . 1.10 + ohms. 

e. Resistance of galvanometer (Example 91, i) 0.11 ohm. 

f. Internal resistance of battery {d — 6) = 0.99 " 

♦ F. S. D., May, 1888. 



Note. The electromotive force of the battery b found by 
multiplying the current in A (0.50 X tangent of A^ see 
Example 80, z) and the total resistance in Ay namely d. 
Tills gives 0.50 X 1.8967 X 1.10= 1.04 + volts. 
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EXPERIMENT XCIII. 

A. \st resistance of the shunt (ac Figs. 254 and 

255) such that a DanieU battery of 2 cells 
reduces the current from a single 3u7ise7i cell 
to zero 28.0 ohms. 

B. Corresponding resistance (b c) added to DanieU 

or main circuit 0.0 " 

C. 2d resistance of shunt neutralizing the current 

in the JSunsen or side-circuit when a new re- 
sistance is added to the main circuit , 168.0 ohms, 

D. Value of the resistance (in C) added to the 

main circuit 10.0 " 

e. Resistance of the Daniell battery (formula 6, 
H 229), 

(AXD — Bx C)-^(C—A) = 
(28.0 X 10.0— 0) -5- 140= . . . 2.00 " 
f r Average resistance of the Daniell cells 

(*e)= 

Resistance of 1 Daniell cell by Mance*s 
Method (Example 90, t?) .... 
The same by Ohm's method (Examj)lc 
92,/) 



< 



1.00 " 



0.96 « 



10.99 « 



Note. Taking the electromotive force of 1 Daniell cell 
as 1.04 (Example 92, note), that of 2 cells will be about 2.08 
volts. This will give through an internal battery resistance 
2.00 ohms (see e) and through an external resistance of 28.0 
ohms (see A) a current of 2.08 -r- (28 + 2) = 0.0693 + 
amptTcs. The fall of potential in passing through 28.0 ohms 
is accordingly 1)69 3 X 28.0= 1.94 vo^^s, which must be 
equal to the electromotive force of the Bunsen cell. 
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EXPERIMENT XCIV. 
First Part. 

A, JElectromotive force of a {given) Daniell cell 

from Exp. 92 (see Example 92, note) . 1.04 'oolU 

B, Deflection of tangent galvanometer due to this 

and another DanieU cell in series . . 62°.4 N.E. 

C, The same when the second cell is opposed to 

the first 1°.0 N. W. 

2>. Is t/ie 2d cell stronger or weaker than the 

1st? Stronger, 

e. Electromotive force of stronger cell (see D) by 
formula 9, T 231, and by Table 5, 
A X (tan. J? -f tan. (7) -^ (tan. JS — tan. C) = 
1.04 X (1.9128 + .0175) -5- (1.9128 — .0175) = 
1.04 X 1.9303 -4- 1.8953 = 1.06 volts. 

Second Part. 

E. Deflection of tangent galvanometer due to 1 
Bunsen and 2 DanieU cells in series through 
an external resistance of about 2 ohms G2°.0 N. E 

G. The same when Bunsen cell is opposed to the 

two DanieU ceUs 5°.0 N. E. 

II, Is the Bunsen ceil stronger or weaker than the 

2 DanieU ceUs in series ? Weaker. 

L Electromotive force of the two DanieU cells 

{A-\-e)=z 2A0 volts. 

j. Electromotive force of the Bunsen cell, by for- 
mula 8, 1[ 231 (see D) and by Table 6, 
i X (tan. i^— tan. Q) rf- (tan. i^^+tan. O) = 
2.10 X (1.8807 —.0875) -5- (1.8807 + .0875) = 

1.92 volts. 
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EXPERIMENT XCV. 

-4. JFirst resistance in thermoelectric circuit 
in addition to that of the thermo-ele- 
menty of the galvanometer ^ and of the 
connecting wires 0,0 ohms. 

B, Corresponding resistance in circuit of 

Daniell cell^ reducing the current to the 

same value as in A 1313 '*• 

C. Second resistance in thermo-electric cir- 

cuit in addition to that of the thermo- 
element^ of the galvanometer and of 
the connecting wires t 3.0 " 

D- Corresponding resistance in circuit of 
Daniell ceU, reducing t/ie current to the 
same value as in C 2563 " 

e. Increase of resistance in thermo-electric 
circuit corresponding to r, formula 10, 
f233((?— ^)= 3.0 " 

f Increase of resistance in Daniell circuit, 
corresponding to (iJj — -Ri) in formula 
10, 1[233 (2> — i?)= 1250 " 

g. Electromotive force of (given) Daniell cell 

(Example 92, note) 1.04 volts, 

h. Electromotive force of thermo-element 
(formula 10, IF 233) 
gXe-^fzzz 1.04 X 3.0 -f- 1250 = 0.0025 « 
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EXPERIMENTS XCVI.-XCVII. 

A,^ Distances between points of con- B.* Corresponding deflections of 

tact on uniform straight wire. galvanometer with WOO ohms 

added resistance^ 

1. 10 cm. T. 

2. 20 cm. 19°. 

3. 30 cm. 31°. 

4. 40 cm. AOr. 

5. 60 cm. 47°. 

6. 60 cm. 52°.5 

7. 70 an. 57°. 

8. 80 cm. 61°. 

9. 90 cm. 63°.5 
10. 100 cm. 66°. 

See Fig. 260, page 527. 



o 



C* Deflection due to DanieU ceR 48 

2>.* Deflection due to LeclancJie cell. 65"" 

E. Deflection due to Bunsen cell 

fl. Number of cm, in A corresponding to a deflec- 
tion in B of 48° (see G) by interpolation, 
50 cm. + (48 — 47) -^ (52.5 — 47) X 10 = 

51.8 cm. 
g. Electromotive force of the (given) Daniell cell 

(Example 92, note) IM volts. 

h. Number of volts per cm. (g -^f) =z 0.020 volts per cm. 
i. Number of cm. corresponding to deflection 65® 
(see D) of Leclanche cell by interpolation, 
90 cm. + (65 — 63.5) -^ (66 — 63.5) X 10 = 

96.0 cm. 
j. t Electromotive force of Leclanche cell 

(AXt)= l.d + volts.'f 
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k. Number of cm, corresponding to deflection of 

Bunsen cell 

/. Electromotive force of Bunsen cell (A X A;) == 

* S. L. B., May, 1888. 

t This result {\,^ -{- volts) is far too great (see Table 
35). The error was probably due to exhaustion of the 
Daniell cell used as a standard of comparison. A subsequent 
determination of one of the Daniell cells by Poggeudorff's 
method (Exp. 99) gave 0.724 volts (H. F. B., May, 1888). 
Substituting this value for 1.04 volts in the example, the 
electromotive force of the Leclanche cell becomes 1.34 volts. 



EXPERmENT xcvm. 

A,* Distance between points of contact of poles 

of Xeclanche ceU {mean ofb obs,) . . 64.46 cm, 

Bj* Distance between points of contact of poles 
of Daniell cell (mean of 5 corresponding 

obs.) 46.53 cm, 

c. Ratio of the electromotive force of Leclanchd 

to that of Daniell cell (^ -5- -5) = . . , 1.385 

(I. Electromotive force of Daniell cell (Example 92, 

note) 1.04 volts, 

e. Electromotive force of Leclanche cell 

(cx^)= 1.42 « 

* L. L. H., May, 1886 

Note. The Leclanche cells used in the Jefferson Physi- 
cal Laboratory (1885 to 1886) had electromotive forces 5 or 
10 % higher than the value contained in Table 35. 

39 
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EXPERIMENT XCIX. 

AJ* Deflection of tangent galvanometer . . . 45° .2 
^.* Resistance of the coil {Exps. 85, 87) 1.002 ohms. 

c. Reduction factor of gulvanometer (Exp. 83) 1.00 

d. Current in amperes {c X tangent of A), 

(see Table 5) 1.007 amperes. 

Electromotive force of the Daniell cell 

c. < (Bxd)^ [l.Ol volts. 

Previous determination (Exp. 92) . . ( 1.04 " 

♦ F. S. D., May, 1888. 

EXPERIMENT C. 



OsSERVATIOyS. 

A.* Mean difference in megadynes between 
the readings of two sjmng balances • 

B.* Number of revolutions per second, re- 
duced from obs. lasting 100 sec. . . 

C* Circumference of the pulley-wheel in 
centimetres : . . 

/).♦ Mean current in amperes indicated by 
{an ammeter or) tangent gaivanomtter. 

E.* Mean electromotive force m volts huli- 
cated (hy a voltmeter or its equivalent.) 

Calculations. 

/. Power utilized by the motor in meg 

erps per second (Ay, Bx C)= . 
7. The same in watts, 

/-rlO = 

h. Power spent upon motor in watts 

(Z>X^)- 

i. Efficiency of the electric motor 

iS^h) X100% 



1st set qf 

observa- 

turns. 


2dsetqf 
obscrvatums. 


0.108 


0.128 megadynes. 


2.05 


2.27 rev. per sec. 


30.3 


30.3 cm. 


1.48 


1.50 amperes. 


6.3 


0.2 volts 


8.7 


8.6 \ '""'^'^'^^ 
\ j>er stc. 


0.87 


0.85 watts. 


9.3 


9.3 watts. 


9.4% 


QIC 



* F. S. D., May. 1888. 
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APPENDIX VI. 

FIRST LIST OF EXPERIMENTS IN PHYSICAL MEASUREMENT, 
INTENDED TO COVER THE GROUND REQUIRED FOR AD- 
MISSION TO HARVARD COLLEGE, BOTH IN ELEMENTARY 
AND IN ADVANCED PHYSICS. 

Note. The experiments in this list are designated 
by the letter A. The abbreviations " H. U. Elem.'' 
and " H. U. Adv." refer to lists of experiments pub- 
lished by Harvard Univereity, — the elementary list 
in October, 1889 ; the advanced list in June, 1890. 
The numbers following the abbreviations refer to the 
exercises in these lists to which a given experiment 
corresponds. DiflEerent parts of experiments are in- 
dicated by Roman numerals. Experiments marked 
" extra " do not correspond to any particular num- 
bers in the lists, but are suggested as equivalents. A 
few experiments covering ground outside of the Har- 
vard requirements are also included. If time is lim- 
ited, these could naturally be left out, and are marked 
accordingly "Omit." The correspondence between 
this list and the two Harvard pamphlets is given at 
the end of the list. 

Before performing the experiments the student 
should read the following sections in Part HI. : In 
Chapter I., §§ 1 and 2 ; in Chapter II., §§ 23, 24, 30- 
33 ; in Chapter IV., §§ 50, 53-60. 
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HYDROSTATICS. 

1 A. Find the leDgth; breadth, and thickness in cm. of a 
block of wood, IT 3. Read § 5. Review §§ 1, 2, and 32, 
1st paragraph. Calculate the volume in ou, cm, by multiply- 
ing the length, breadth, and thickness together. 

Apparatus: — Block (wooden solid), and Gauge (vernier). 

H. U. Elem., 7 I. 

2 A. Find the weight in grams of the block used in 1 A, 
as in IT 2. Read §§ 6 and 9, also § 35. Calculate, as in IT l^ 
the density of the block. 

Apparatus : — Balance (fi) ; Block (wooden solid) ; Weights 
{g). H. U. Elem., 7 II. 

3 A. Find the density of water, or better that of a 
saline solution of unknown strength, by loading a block of 
wood until it floats or sinks indifferently (foot-note page 2)^ 
then find, as in 1 A and 2 A, the volume, weight, and density 
of the block. The latter is equal to the density sought. 
Read §§ 62, 63, and 64. 

Apparatus : — Balance (5) ; Block (hollow) , Gauge (ver- 
nier) ; Weights (g) ; Lead, shot, and (salt) water. 

H. U. Elem., 10, II. 

4 A. Find the specific gravity of a block of wood by 
flotation in water. Mark the water-line in pencil at each 
comer, sighting (as in Fig. 6, page 10) the under surface of 
the water. Measure the average distances, d and d', of the 
water-line from the upper and lower surfaces of the block. 
Divide d' by d + d\ to find the specific gravity in question. 
Read §§3, 45, and 69. See Harvard Elementary List, Ex. 
9, second part. 

Apparatus: — Block (wooden, hollow); Metre rod, pencil, 
and water. H. U. Elem., 9, III. 
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5 A.* Find the weight required to siuk a Nicho]80Q*s hy- 
drometer to a given mark in water at, below, and above the 
temperature of the room (HIT 6 and 7). Plot a curve as in 
Fig. 7, page 12. Read § 4. Review § 59. 

Apparatus : — Brush (camel's-hair) ; Nicholsou*s Hydrom- 
eter; Thermometer, and Weights (c</) ; Hot and cold water. 

(H. U. Adv., 1.) 

G A.* Find with Nicholson's hydrometer the weight in air 
of some steel bicycle-balls, also that of a small wooden block, 
IF 8. Read § 43. 

Apparatus: — Balls (steel); Block (small); Brush (camePs- 
hair) ; Nicholson's Hydrometer ; Thermometer, and Weights 
(c//). II. U. P:iem., 8 I., 9 I. 

7 A.* Find with Nicholson's hydrometer tlie weight in 
water of objects used in 6 A (1[ 10), and calculate their ap- 
parent specific gravity (§ G6;. 

Apparatus same as in 6 A. 

H. U. Elem., 8 II., 9 II. 

Note. The blocks of wood must be held down by the 
lower pan {L, Fig. 9, page 15), since its weight in water is 
ncgatine. Reverse the pan if necessary and place the block 
under it. The weight of water displaced by the block is the 
difference between the two weights required to sink the hy- 
drometer with the block in air and in water. Divide the 
weight of the block by the weight of water it displaces to find 
its specific gravity. 

* Exps. 6 A, 6 A, and 7 A may be performed with a Jolly (spring) 
balance instead of a Nicholson's hydrometer. 
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USE OF A BALANCE 

8 A. Find the sensitiveuess of a balance with loads of 
0, 20, 50, and 100 grams in each pan (tH 20-21). Plot the 
results, Fig. IG. Read H 22, §§ 25 and 26. Review §§ 80 
and 33. 

Apparatus . — Balance (a) ; Weights {eg), 

H. U. Adv., £, 

9 A. Find the ratio of the arm of a balance (1 23). Re- 
peat two or three times. Reduce as in 1 24. Read §§ 41 
and 46. Estimate probable error (§ 50). 

Apparatus: — Balance (a); Weight {eg). 

H. U., Extra. 

10 A. Find roughly the density of air as in Exp. XVII. 
(IFIF 44 and 45), calculating the degree of exhaustion. Com- 
pare the observed density with data contained in Tables 19 
[and 20] for the same conditions of pressure, temperature, 
[and humidity]. Read § 48. 

Apparatus : — Balance (b) ; Barometer (aneroid) ; [Hy- 
grodeik]; Pump (Richards) ; Rubber Stopper (1 hole); Spe- 
cific Gravity Flask ; Stopcock ; Thermometer ; Weights {g) 

H. U. Elem., 11. 

Note. Rough observations of the barometer, thermometer, 
and hygrodeik will suffice (see Exp. 5). 

11 A. Find the density of some coal-gas as in Exp. 
XVI II. Calculate the density of air as in No. 10 A, from 
observations of a barometer, thermometer, and hygrodeik 
(fir 13, 15). Read §§ 70 and 81 ; see Tables 18 d and e. 

Apparatus : — Balance {a) ; Rubber Stopper ; Barometer 
(aneroid) ; Hygrodeik ; Specific Gravity Flask ; Thermome- 
ter ; Weights {eg), and Coal-gas. 

H. U. Elem., Extra 



I 
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12 A. Find gross errors (if any) in the reading of a baro- 
deik by comparing its indications with results obtained as in 
10 A or 1 1 A. Employ the method of weighing by oscilla- 
tions (f 20). Read §§ 49, 65, and 71. 

Apparatus : — Balance (a), with Barodeik ; Barometer 
(aneroid); Hygrodeik; Thermometer; Weights (c^). 

H. U. Adv., 7. 

13 A. Find the weight of a glass ball in air by a double 
weighing, IT 28. Weigh also a piece of cork coated with var- 
nish. Read § 44. Reduce the results to vacuo by Table 21. 
Assumo that the density of glass is 2.5. 

Apparatus : — Balance (a) ; Ball (glass) ; Rings (small) ; 
Weights (eg). H. U. Adv., 8. 

THE HYDROSTATIC BALANCE. 

14 A. Find the weight of a glass ball in water (IT 29). 
Read §§ 67 and 68. Calculate the volume and density of 
the ball. 

Apparatus : — Arch (hydrostatic) ; Balance (a) ; Ball 
(glass) ; Beaker ; Brush (camel's-hair) ; Stirrer ; Thermom- 
eter ; Weights (eg). Supplies : Wire and water. 

II. U. Adv., 10, I. 

15 A. Find the weight of the cork (in No. 13 A) in water 
by attaching a sinker to it, and weighing the sinker in water 
with and without cork (If 29). Calculate the density of the 
cork. Read § 34. Consider what assumptions you have 
made in this and in other experiments with the hydrostatic 
balance. Test the accuracy of one or more of these assump- 
tions by weighing the cork in air after weighing it in water. 

Apparatus: — Arch (hydrostatic) ; Balance (a) ; Beaker; 
Brush (camel's-hair) ; Cork ; Sinker ; Weights (eg). Sup- 
plies : wire and water. H. U. Adv., 12. 
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16 A. Find the weight of a glass ball (of No. 13 A) in 
alcohol at an observed temperature (IF 30). Calculate the 
density of the alcohol (IT 31). 

Apparatus : — Arch (hydrostatic) ; Balance (a) ; Ball 
(glass) ; Beaker ; Brush (camel's-hair) ; Stirrer ; Thermom- 
eter ; Weights {eg). Supplies : Wire and alcohol. 

H. U. Adv., 11. 

17 A. Find the readings of a densimeter in glycerine, 
water, and kerosene, and plot curve of corrections, as in 
Exp. XV., t1[ 39, 40, 41. Read § 36 (3). 

Apparatus: — A Densimeter with jar containing glyce- 
rine, water, and kerosene. II. U. Adv., 16, I. 

18 A. Find the density of three saline solutions by means 
of a densimeter, apply corrections found in 17 A. (Exp. XV., 
1[1[39,40,41.) 

Apparatus: — A Densimeter with three jars containing 
different saline solutions. U. U. Adv., 16, XL 

19 A. Find the capacity of a capillary tube by means of 
mercury. See IT 169, II., and 1[ 170. Read § 39. 

Apparatus: — Balance (a); Capillary Tube; Weights 
(eg) ; Mercury. II. U. Adv., 55, II. 

NOTR. The student who wishes to take as little as 
possible for granted may himself determine the density of 
mercury, as in 21 A, before performing tliis experiment. 
The method described in 16 A is also (theoretically) possible, 
with, for instance, a platinum ball, which would sink in mer- 
cury. Attention is called to Tables 23 A, and 24, also to 
23 B, which is intended especially to shorten calculations, in 
calibration by mercury. 

20 A. Find the capacity of a Specific Gravity Bottle 
(IF 32). Read f 33. 

Apparatus: — Balance (a) ; Specific Gravity Bottle; Stir- 
rer ; Thermometer ; Weights (eg) ; Water. 

H. U. Adv., 13. 
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21 A. Find the density of alcohol by the Specific Grav- 
ity Bottle, and calculate the strength of the alcohol (^ 38). 
Use Table 27. 

Apparatus : — Balance (a) ; Specific Gravity Bottle ; Stir- 
rer ; Thermometer ; Weights {eg) ; Alcohol. 

H. U. [Elem. 10, I.] Adv., 15. 

22 A. Find the volume of some steel balls, by the Spe- 
cific Gravity Bottle. Calculate their density. 

Apparatus: — Balance (a); Balls (steel); Specific Grav- 
ity Bottle (IT 34) ; Stirrer ; Thermometer ; Weights {eg) ; 
Water. H. U. Adv., 14. 

23 A. Find the volume of some crystals of sulphate of 
copper by the use of alcohol (ITIT 36, 37), and calculate their 
density. 

Apparatus : — Balance (a) ; Specific Gravity Bottle ; 
Stirrer; Thermometer; Weights (c^). Supplies: Alcohol 
and crystallized sulphate of copper. 

H. U., Extra. 

24 A. Find the correction for one reading of e Vernier 
gauge (IT 50, I). Read f 47, but use Table 3, H. Bead 
HIT 48 and 49 ; also §§ 37, 72, and 73. 

Apparatus : — Ball (glass) ; Gauge (vernier) ; Lens 
(magnifying). H. U. Adv., 2. 

25 A. Find the pitch of a screw (IT 50, II.). 
Apparatus: — Balls (steel); Micrometer Gauge. 

H. U. Adv., 3. 

26 A. Find the constants of a spherometer (If IT 51 and 54). 
Apparatus : — Ball (glass) ; Plate (glass) ; Spherometer. 

11. U. Adv., 4. 

27 A. Find the radii of curvature of 2 spherical sur- 
faces, IT 55. Read IT 56. 

Apparatus : — Lens (magnifying) ; Spherometer. 

H. U., Extra. 
Review Chapter V. (IIydrostatics). 
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PRESSURE. 

28 A. Find the readings of a manometer under two or 
more different pressures (IT 78). Find also the height of the 
barometric column (IT 13). Read IT 77 and §§ 77, 78 and 
79. 

Apparatus : — Air Thermometer and Manometric Appara- 
tus with mercury. II. U. Elem., 6. 

29 A. Find the mercurial pressure required to keep air 
in manometer from expanding when heated from 0° to 100®. 
(1[ 76, as far as line 17, page 130.) Read §§ 74, 75, 76. 
Also IF 76. Calculate e by formula, page 131. 

Apparatus : — Air Thermometer ; Manometric Apparatus ; 
Steam Boiler ; Steam Jacket ; Thermometer. 

II. U. Elem., 25. 

30 A. Find the fixed points of an Air-Thermometer 
(first paragraph, IT 73). Read § 80 and IT 74. Calculate e 
by formula X., page 1 26. 

Apparatus : — Air Thermometer ; Steam Boiler ; Stenm 
Jacket ; Thermometer. II. U. Elem., 26. 

31 A. Find the fixed, middle, and quarter points of a 
Mercurial Thermometer (HIT 66, 67, 68, 69, 70). Estimate 
tenths of a degree (§ 26). 

Apparatus : — Beaker (for ice) ; Bun sen Burner ; Steam 
Boiler ; Thermometer. Supplies : Gas, ice, and water (or 
steam). H. U. Elem., 23 [Adv. 56]. 

32 A. Find the coefiicient of expansion of water between 
about 20° and 100° (f 59). Read W 60 and 61, and § 82. 
Review §§62 and 63. 

Apparatus : — Expansion Apparatus with accessories. 
Supply of water and steam. 

H. U. Adv., 53 [Elem., 10, III. or IV.]. 
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33 A. Find the coefficient of expsmsion of alcohol from 
about 20° to 40° or 50° by the Specific Gravity Bottle- 
(f1[ G2, 63). 

Apparatus: — Balance (a); Specific Gravity Bottle; 
Stirrer ; Thermometer ; Weights {eg). Supplies : Alcohol 
and hot water. H. U., Extra. 

34 A. Find the coefficient of expansion of glass by the 
weight thermometer (If 240). 

Apparatus : — Balance (a) ; Bunsen Burner ; Steam 
Boiler; Steam Jacket; Thermometer (weight); Weights 
{eg). Supplies : gas, ice, mercury, and water (or steam). 

H. U. Adv., 5a 

35 A. Fii)d the coefficient of linear expansion of a brass 
rod from about 20° to 100° (IT 57). Read § 83. 

Apparatus : — Brass Rod ; IMicrometer Frame ; Steam 
Boiler ; Steam Jacket ; Thermometer. H. U. Elem., 24. 

36 A. Find the boiling-point of one or more liquids, and 
the melting-point of paraffine (ITIT 83, 84). 

Apparatus: — Stopper (1 hole) ; Test Tube; Thermometer. 
Supplies : Hot water, paraffine, alcohol, etc. 

H. U. Adv., 57. 

37 A. Find the temperature of the air (IT 15) and the dew- 
point (IT 16). Read IT 17. Obtain the relative humidity 
(Table 14, A) and the pressure of aqueous vapor (Table 15 ). 

Apparatus: — Cup (nickel-plated) and Thermometer, with 
ice and salt. H. U., Elem. 22, II. 

38 A. Plnd the maximum pressure of aqueous vapor at 
about 40° (ir 81). 

Apparatus : — Balance (5) ; Rubber Stopper ; Specific 
Gravity Flask ; Thermometer ; Weights {g) and hot water. 

H. U. Elem., 22, 1. 
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CALOPJMETRY. 

39 A. Find different rates of cooling of a calorimeler 
(1[1[ 85, 87). Read 1[ 86, also §§ 47, 89. 

Apparatus: — Calorimeter; Clock; Stirrer; Thermom- 
eter. Supply of hot water. H. U., Extra. 

40 A. Fiud the thermal capacity of a calorimeter with 
thermometer and stirrer. IT 90 (1), I., and IT 90 (2) ; IT 91, 
I. and III. Read §§ IG, 84, 85. Review § 45. 

Appaiatus : — Balance (p) ; Calorimeter ; Clock ; Stirrer ; 
Thermometer ; Weights (g). Supply of hot water. 

H. U. Adv., 60. 

41 A. Find roughly the conductivity of sand by means of 
a calorimeter (IT 241, 1.). 

Apparatus : — Balance (b) ; Calorimeter ; Clock ; Stirrer ; 
Thermometer; "Weights (g). Supply of sand and hot 
water. H. U., omit, 

42 A. Find the specific heat of lead shot (IF 94, 1.). Read 
§§ 86 and 90. Use Formula VII., page 194. 

Apparatus : — Balance (b) ; Bottle (ice water) ; Calorime- 
ter ; Thermometer ; Weights (g) ; Shot, ice, and water. 

II. U. f:iem., 27 (Adv. 62). 

43 A. Find the specific heat of alcohol or turpentine by 
the following electrical method:* place two equal (ohm) 
resistance-coils (Fig. 238, IT 212) in two equal calorimeters 
(see B., Fig. 239) ; fill one calorimeter with w' grams of 
water, the other with w" grams of alcohol ; pass a current 
from 2 Bunsen cells in series (§ 140) tlirough both resistance- 

♦ This experiment is taken from the Harvard University List of 
Advanced Pliysieal Experiments, 1890, Exp. Xo. Oi. It would be 
well in repeating it to interchange the contents of the two calorime- 
ters (§41). 
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coils for about 10 miniites; note the rise of temperature (f) 
of the water aod (t") of the alcohol. Having found the 
thermal capacities (c' and c") of the two calorimeters, as in 
H 90, 2, we may calculate the specific heat of alcohol by 
the formula 

_ u)t' + c't' — c"t " 

To obtain acccurate results by this method, an allowance 
for cooling must be made in estimating the temperatures 
in question. 

Apparatus : — Balance (b) ; Battery (2 Bunsens) ; 2 Re- 
sistance-coils ; 2 Stirrers; 2 Thermometers; Weights (g). 
Supplies: Alcohol and water^ connecting wires. 

H. U. Adv., 64. 

44 A. Find the latent heat of liquefaction of water as 
follows : Mix I part, by weight, of ice with 5 parts of water 
at about 40° in a calorimeter. Note the temperature of 
the water before pouring it into the calorimeter, and after the 
ice has melted. Calculate the result by formula of H 102, 
neglecting c. Read 1[ 102. also §§ 87, 88, 91. 

Apparatus: — Balance (b) ; Shot Heater; Stirrer; Ther- 
mometer i Weights (g) ; ice and warm water. 

H. U, Elem., 28 (Adv. 63). 

Note. The object of this variation from the method of 
IF 101 is to avoid considering the thermal capacity of the 
calorimeter. 

45 A. Find the latent heat of vaporization of water 
essentially as in ^ 103; but find the temperature of the 
water by a single observation be/ore pouring it into the cal- 
orimeter, and cut off the steam when the water reaches the 
temperature of the room. (See note under 44 A.) Calculate 
the result by the formula of IT 104, neglecting c. Read IT 104. 
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Apparatus : — Balance (b) ; Steam Boiler ; Steam Trap ; 
Stirrer ; Thermometer ; Weights (g) ; Ice and warm water. 

H. U. Elem., 29. 

46 A. Find the heat of combination of zinc and nitric 
acid (f1[ 105, 1, 106). 

Apparatus : — Balance (a) ; Calorimeter, with glass lin- 
ing; Clock; Stirrer; Thermometer; Weights (eg). Sup- 
plies: Zinc filings and dilute Nitric Acid. 

H. U., omit, 

47 A. Find the heat of combination o£ zinc oxide and 
nitric acid. (HIT 105, 2, 106.) 

Apparatus same as in 46 A. Supplies : Zinc Oxide and 
dilute Nitric Acid. H. U., omiL 

Review Chapter VI. 



RADIANT HEAT AND LIGHT. 

48 A. Find the candle -heat power of a kerosene lamp 
(HI nil 112), and calculate that of a lamp burning 8 
grams of kerosene per hour (IT 113). Road §§ 94, 95, 148. 

Apparatus : — Balance (b) ; Candle ; Clock ; Galvanome- 
ter (astatic) ; Kerosene Lamp ; Optical Bench ; Ther- 
mopile: Weights (g). H. U. Adv., 99. 

49 A. Find the candle-power of a kerosene lamp by Bun- 
sen's photometer (If 114, I). Read IF 109. Reduce the 
candle-power of the lamp to 8 grams per hour. Use formula 
and reasoning of H 113. 

Apparatus : — Candle ; Kerosene Lamp ; Optical Bench ; 
Photometer. H. U. Elem., 34 (Adv. 32). 

50 A. Find the principal focal length of a lens by two dif- 
ferent methods (f 116 (1), (2)). Read § 103. 
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Apparatus: — Chimney (perforated); Kerosene Lamp; 
Lens (magnifying) ; Optical Bench. 

H. U. Elem., 36. 

51 A. Find the equivalent focal length of a compound 
lens as follows : Place two lights at two points W and H" 
(Fig. 7, § 104) as far as possible from the lens, and separate 
them so as to produce the greatest measurable distance be- 
tween the images B^ and B^K Measure this distance and call 
it d. Now substitute the lens from 50 A ; focus by moving 
the screen; and let the new distance between the images 
be rf'. 

Calculate the focal length (I^) of the compound lens from 
that {F') of the lens in 50 A, by the formula — 

a 

Head first two paragraphs of § 104. See Harvard List of 
Advanced Physical Experiments, No. 45. 

Apparatus: — Candle; Kerosene Lamp; 2 Lenses ("doub- 
let *' and magnifying lens) ; Metre Rod ; Optical Bench. 

H. U. Elem., 38 (Adv. 45, 46). 

52 A. Find several conjugate focal lengths of a lens 
(IT 117, (1), (2), and (3)). Note the size of the images (see 
§ 104). Calculate the principal focal length of the lens. 
Use formula, page 238. 

Apparatus : — Chimney (perforated) ; Kerosene Lamp -■ 
Lens (magnifying) ; Metre Rod ; Optical Bench. 

H. U. Adv., 42 (Elem., 37, L). 

53 A. Find the virtual foci of several (nearly) plane 
mirrors (IT 1 18). Tell which are convex and which concave, 
remembering that the virtual images (§ 104) of convex mir- 
rors are nearer than the objects producing them. Read IF 1 18. 

Apparatus : — Mirrors (small) ; Optical Bench. 

H. U. Elem., 35 (Adv. 41). 
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54 A. Find 3 virtual foci of a long-focus converging lens 
(H 119, II.). Calculate the principal focal length. 

Apparatus : — Lens (long focus), and Optical Bench. 

H. U- Elem., 37, II. 

55 A. Find the zero-reading (§ 32) of a sextant (II 123). 
Read § 97. 

Apparatus : — A Sextant. H. U. Adv., 35, I. 

56 A. Find by a sextant the angular semidiameter of the 
sun (H 124, L). 

Apparatus: — A Sextant. H. U. Adv , 35, II. 

57 A. Find the three angles of a prism (H 125). 
Apparatus : — A small Prism ; Kerosene Lamp (with slit); 

Spectrometer (or sextant). H. U. Adv., 50. 

58 A. Find the angle of minimum deviation for a raj of 
sodium light passing through a prism angle of known magni- 
tude (HH 126, 127). Read D 128 and § 102. 

Apparatus . — Prism (used in 57 A) ; Sodium Flame (with 
slit) ; Spectrometer (or sextant). II. U. Adv., 52. 

59 A. Find the distance between the lines of a diffrac- 
tion grating ^H 130). Read H 129, § 101. 

Apparatus : — Diffraction Grating ; Sodium Flame (with 
slit) ; Spectrometer (or sextant). II. U., Extra. 



SOUND (§§ 92-96). 

60 A. Find the wave-length of sound from a tuning-fork 
in a rubber tube (H 131, 1.). Read § 100. 

Apparatus: — Metre Rod; Rubber Tube; Tuning- Fork 
rtube. II. D. Elem., 82. 

61 A. Find the wave-length of sound from a tuning-fork 
in a resonance tube (H 132). Read §§ 98 and 99. Notice 
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that the leogths of the tube corresponding to a given fork 
are nearly proportional to the odd integers 1; 3^ 5, &c. 

Apparatus. — Eesonance Tube and Tuning -Fork (A = 
220). H. U. Adv., 26. 

62 A. Find the pitch of a tuning-fork by the graphical 
method (H 139). Head §§ 7 and 96. 

Apparatus : — Smoked Glass app. ; Tuning-Fork (c =: 64). 

H. U. Elem., 31. 

63 A. Find the pitch of a tuning-fork by the toothed 
wheel (H 144). Read f 145. 

Apparatus: — Toothed Wheel apparatus; Tuning-Fork 
(c = 64) . H. U., Extra. 

64 A. Find the musical interval between two tuning- 
forks by means of a monochord (f 133,111.). Read IF 134. 

Apparatus: — A Monochord and 2 Tuning- Forks (A = 
216 to 220, c = 256). H. U. Adv., 24. 

Note. A musical ear is of service in making rapidly the 
necessary adjustments of a monochord, but is not absolutely 
necessary for this experiment Unison between the fork and 
string may be tested by touching the base of the fork to the 
end of the string. If unison exists the fork should commu- 
nicate its vibration to the string. 

If / is the length of the string and m its mass per unit of 
length, the number of vibrations {n) produced in one second 
by a stretching force (/) in dynes (equal to wg if to is the 
stretching weight) may be found by the formula — 

21 y m 

Students not preparing for Harvard College may substitute 
1 133, L or II. for f 133, III. 

65 A. Find by Lissajous* curves (H 143) the musical in- 
terval between two C-forks 2 octaves apart, also find the 

30 
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musical interval between the higher of these forks and sl G$ 
fork two '' octaves " and a " third " below it. Read HI) 134 
and 142. 

Apparatus : — Lens (small) ; 3 Tuning- Forks (C = 256, 
(7= 64, G$ =51.2) ; Kerosene Lamp for smoking, and 
sealing wax. U. U. Adv., 29. 

Note. Instead of the forks mentioned above, two A-forks 
and a Z>-fork may be used (-4 = 216, -4 = 54, I) = 72) or 
only 2 forks (C= 64, 6^= 128), as suggested in 1 143. The 
advantage of using three forks Is that the labor and ap- 
paratus required in the next experiment may be greatly 
reduced. 

66 A. Find the pitch of a set of forks, covering a known 
musical interval by the method of beats (H 141). Read 
H 140. 

Apparatus: — A clock and 5 tuning-forks, (?jt=51.2, 
^ = 54,^ = 57, i? = 60, C = 64. 

H. U. Adv., 25. 

Note. If^^in the last experiment (No. 65 A.) an A- 
and a /)-fork were used, 6 forks will now be required, 
namely ; ^ = 54, ^j;=57, i? = 60, C= 64, C$ = 68, and 
2> = 72. Ifouly two forks were used (C= 64 and C= 128), 
a set of 17 forks will be necessary to cover the interval in 
question. 

The results of the last experiment (No. 65 A.) are redu- 
cible to the form (see H 142, formula 1.), 

P= n, />, + c (1), and P = n,/?, + c, (2) ; 

hence, substracting (2) from (1), we have 
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Now from this experiment (No. 65 A) we find 

Pi —Pi =/> (4) ; whence w, p^ — n^Pi = n^p (o). 

Adding (3) and (5) we have finally 

(n, — n,) p, = n^p + c^ — c^ (6), 

where n^ and n^ represent the respective numbers of lobes 
visible when the first and when the second of two forks are 
compared with a third fork higher than either of them ; pi the 
pitch of the first fork, p the excess of the second fork over the 
first, C2 — Ci the algebraic excesses of the third fork over the 
nearest harmonic of the first and second, respectively. The 
pitch of the forks chosen above is such that n^ — ni = l. 
If they are carefully tuned or loaded, Ci and Cg may be made 
nearly equal or both very small, so that in either case Cj — Ci 
may be neglected. After any such adjustment of pitch the 
observations named in Nos. 65 and 66 must of course be re- 
peated. 

67 A. Find the pitch of the note due to longitudinal 
vibrations in a wire (IT 248 1) either by a pitch-pipe (Fig. 273), 
or (in the absence of a musical ear) by a resonance tube, 
ITIF 132, 134, II. Calculate the velocity of sound in the 
wire (IF 248). 

Apparatus : — A Fitch-Fipe (or Resonance Tube) ; Tape 
Measure: Wires; Cloth, Resin, etc. 

H. U. Adv., 27. 

68 A. Find the pitch of the note due to torsional vibra- 
tions in a wire (if 248, II.), either by a pitch-pipe or by a 
resonance tube. Calculate the velocity of these torsional 
vibrations in the wire. 

Apparatus : — Same as in 67 A. 

H. U., Extra. 

69 A. Find the velocity of sound (f 135 (1), (2), & (3) ; 
f 136, first paragraph; % 137, III.). Read ff 138, 135 
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(4); also §§ 8, 10, 92 and 93. Use formula II, page 
281. 

Apparatus : — Clock ; Signalling Apparatus ; Tape Meas- 
ure. H. U. £le]ii.| 30. 

Review Chapter VII 

VELOCITY. 

70 A. Find the velocity (v) of a bullet by a ballistic pen- 
dulum (f 147, (7)) as follows: Find the weight (m) of the 
bullet and that (JI) of the pendulum ; measure the length 
{A C) of the t^uspeuding cords. Project the bullet into the 
pendulum. Let the pendulum be caught by a ratchet at its 
furthest point. Measure the distance {A. B. Fig. 9 , § 109) 
through which it has swung. Read §§ 11, 12, 106 and 109. 
Calculate the velocity F^of the pendulum by the formula 



r= A jDi/^, (see § 109.) 
'AC 

Now read §106. The impulse ft which the bullet gives the 
pendulum may be measured cither (1) by the momentum 
lost by the bullet, that is, m (v — V), or (2) by that gained 
by the pendulum (JH V) ; hence M V=- m (v — F), or 

V — ^ + ^ V (see % 147, 7). 
m 

Apparatus: — Ballistic Pendulum ; Bullet (with means of 
projecting it) ; Clock ; Metre Rod. 

H. IT. Elem., Extra. 

71 A. Find the average velocity of a falling body (f 148). 
Read §§ 107, 108 and 111. Calculate the acceleration of 
gravity. 

Apparatus : — Clock ; Falling Body Apparatus ; ^letre 
Rod. H. U. Adv., 18. 
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72 A. Find the length of a seconds, i seconds and ^ sec- 
onds pendulum (^ 149). Tabulate results as on page 319. 
Bead §§ 28, 29, 40, 61, and 110. 

Apparatus : — Clock ; Metre Rod ; Pendulum (simple). 

H. U. Elem., 19 (Adv., 17). 

73 A. Find the relative masses of two billiard bails as 
suggested on pages 312-313. Make a series of experiments 
all performed in exactly the same manner. Have a metre 
rod fixed in position, at one time so as to measure the dis- 
tance A A'\ at another time the distance JB B'\ etc. 

Apparatus : — Balls (billiard) ; Metre Rod. 

H. U. Elem., 20. 

74 A. Find the mass of a lead bullet by the method of 
oscillations (f 154). Read f 155. 

Apparatus: — Clock, Spiral Spring Apparatus; Weights 
{eg) and lead bullet. H. U. Elem., 18. 



FORCE AND ELASTICITY. 

75 A. Find the weight in kilograms of a 28-lb. weight, 
(f 159, 1) ; a 56-lb. weight (ff 159, 2 and 159, 3), and a 
4-lb. weight (f 159, 4), using a lever and 1 or 2 spring bal- 
ances of 10 kilos capacity. 

Apparatus : — Balances (spring, 10 k,) ; Lever ; Weights 
(safety-valve) with cords. H. U. Elem., 14. 

76 A. Find with 1 or 2 spring balances of 10 kilograms 
capacity and a system of cords, the weight in kilograms of a 
4.1b. weight (IT 159, 5), and of a 56-lb. weight (f 159, 6)- 
Read § 105. 

Apparatus : — Balances (spring 10 k,) \ Weights (safety 
valve) with cords. H. U. Elem., 12. 
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77 A. Find the weight of a board, as in ff 160 and 161. 
Read§ 112. 

Apparatus : — Flank (1 X 6 ft.) ; Pendulum (simple) ; 
Triangular supports ; Weights (safety valve). 

H. U. Elem., 17. 

78 A. Find the stiffness of 5 beams by bending them 
(f 162). Read §115. 

Apparatus : — Beam (steel) Micrometer ; Triangular sup- 
ports ; Weights (kg). H. U. Elem., 3. 

79 A, Find the (torsional) stiffness of 2 or more rods by 
twisting them (f 164). Read §§ 13, 113 and 116. 

Apparatus : — Balance (spring, 10 k,) and Torsion Ap- 
paratus. H. U. Elem., 4. 

80 A. Find the coefficient of torsion of wire by a tor- 
sion balance (If 165). Review § 116. 

Apparatus : — Gauge (micrometer) ; Metre Rod ; Torsion 
Balance ; Torsion Head ; Weights, (eg), 

H. U. Elem., 15. 

81 A. Find Young's Modulus of Elasticity for a wire 
(iri67). Read §114. 

Apparatus : — Gauge (micrometer) ; Micrometer (elec- 
tric) ; Tape measure ; Weights {kg) ; Young's Modulus 
Apparatus. H. U. P31em., 2 (Adv., 54). 

82 A. Find the breaking strength of several wires (first 
paragraph, IT 168). Weigh a known length of the wire, and 
calculate what length would break under its own weight. 
Read IT 1 68. 

Apparatus : — Balance (spring, 10 A:.) ; Bobbins and 
Wires. H. U. Elem., 1. 

83 A. Find the surface tension of water by means of the 
capillary tube of No. 16 A (1[ 169, II.). Read 1[ 170. 

Apparatus : — Beaker; Capillary Tube ; Metre Rod ; Ther- 
mometer. H. U. Adv., 55, II. 
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84 A. Find by two methods the coefficient of friction of 
wood on wood (IT 171, L, IL). Review § 105. 

Apparatus : — Balance (spring, 10 A;.) ; Board and Plank ; 
Weights (kg). H. U. Elem., 13. 

85 A. Find the efficiency of a pulley (1) for raising heavy 
weights and (2) for multiplying motion (IT 173). Read 
§§ 14 and 117. 

Apparatus : — Balance (spring, 10 k.) ; Metre Rod ; Tackle; 
Weights (safety-valve). H. U. Elem., 21. 

86 A. Find the efficiency of a Water Motor (IT 174). 
Read % 175, also §§ 15, 118. 

' Apparatus : — Balance (rough) ; Clock ; 2 Spring Bal- 
ances ; Jar ; Tape Measure ; Water Motor (with pressure 
gauge) weights (Jcg). H. U., omit, 

87 A. Find (roughly) the mechanical equivalent of heat 
by meaus of lead shot (IT 177, first paragraph). Read 
irir 176 and 178. 

Apparatus : — Paste-board Tube (with corks) ; Thermome- 
ter, and some Lead Shot. H. U. Adv., 65. 
Review Chap. VIIL, as far as § 119. Read §§ 119-122. 



MAGNETISM. 

88 A. Find the distance between the poles of a magnet 
by means of iron-filings, and confirm by a small compass- 
needle (1[ 179). Read §§ 126 and 127. 

Apparatus : — Compass (vibrating) ; Magnet (compound) ; 
Iron Filings ; Photographic paper and pencil. 

H. U. Elem., 40. 

89 A. Find the attraction and repulsion between two 
parallel magnets at a given distance (IT 180). Estimate the 
strength of the poles (IT 181). Read §§ 17 and 129. 
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Apparatus: — Balance (a); 2 Blocks (cu,cm.); Gauge 
(vernier) ; 3 Magnets (compound) ; Weights (eg). 

H. U., Extra. 

Note. In this and in following experiments, the distance 
between the poles of the (short) compound magnets may be 
called equal to ^j the length of the magnet (see IT 179). 

90 A. Find the couple exerted by the Earth's Magnetism 
upon magnets by means of torsion (IT 182). Estimate ** H." 
Read § 128. 

Apparatus : — 3 Magnets (compound) ; Torsion Head and 
Wire tested in No. 80, A. ; Wax, and Pins to serve as sights. 

H. U. Adv.,. 68, I. 

91 A. Find the deflection of a compass-needle due to 
a magnet of known strength (from No. 89 A) at a given dis- 
tance (1[ 183). Read HIT 184 and 185. Estimate " H." 
Calculate the true value of '^ H " from the estimates in Nos. 
90 A and 91 A. 

Apparatus : — Compass (surveying) ; 3 Magnets (com- 
pound) ; Metre Rod. II. U. Adv., 68, II. 

92 A. Find the distribution of magnetism on a magnet 
by the method of vibrations (IT 180). Plot a curve (Fig. 
205). Estimate the distance between the poles. 

Apparatus : — Clock ; Magnet (vibrating needle) ; Magnet 
(long-bar); Metre Rod; Test-tube. H. U. Adv., GO. 

93 A. Find the distribution of magnetism on a magnet by 
means of an induction coil (IT 189). Plot the curve and es- 
timate the distance between the poles as in No. 92 A. Read 
§ 147, also irir 187 and 188. 

Apparatus : — Galvanometer (astatic) ; Helix (sliding) ; 
Magnet (long-bar) ; Metre Ro<l. H. U. Adv., 69. 

94 A. Find the magnetic dip by the Earth-Inductor (IT 192), 
and confirm by means of a dipping needle. Read ITU 190 
and 191. Review § 128. 



% 
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Apparatus : — Earth-lDductor ; Gralvanometer (astatic, 
loaded so as to answer for a ballistic galvanometer), and a 
Level. H. U. Adv., 70. 

ELECTRICAL CURRENT MEASURE, 
§§ 18, 19, 130, 131. 

95 A. Find the relative strength of battery currents from 
a 1-fluid cell under given conditions (IT 208, (1) to (8)). 
Read §§ 123, 124, and 1[ 207. Reduce resulte as in IT 209, 
and plot them as in Fig. 237. 

Apparatus : — Battery (1 Daniell) ; Compass (vibrating) ; 
Galvanometer. (The porous cup is to be removed from the 
Daniell cell.) H. U. Elem., 41. 

96 A. Find the deflections of a tangent compass at the 
centre of a coil of wire due to currents from a Daniell cell 
under the conditions of IT 208 (9) to (12). Plot the results 
as in 95 A. Weigh the zinc and the copper before and after 
the experiment, and calculate the gain or loss of weight in 
each case. Read § 1 44. Review IT 209. 

Apparatus : — Balance (b) ; Battery (1 Daniell) ; Compass 
(surveying) ; Galvanometer ; "Weights (g), 

n. U. Elem., 42. 

97 A. Find the constant and reduction factor of a Single- 
Ring Tangent Galvanometer (Iflf 198, 199, formulae (5) 
and (6)). Read §§ 18, 19, 132 and 133. 

Apparatus : — Battery (6 Daniell) ; Gralvanometer (S. R.), 
and connecting wire. H. U. Adv., 71, I. 

98 A. Find the reduction factor of a Double-Ring Galvan- 
ometer by the method of comparison (f 201). Read IT 200. 

Apparatus : — Battery (2 Daniell) ; 2 Commutators ; 2 
Galvanometers (S. R. and D. R.), and connecting wire. 

H. U. Adv., 73. 
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99 A. Find the reduction factor of an Astatic Galvan- 
ometer by the method of comparison (IT 201), as follows: 
Connect the astatic galvanometer in series with a rheostat 
of several thousand ohms resbtance, a tangent galvanometer, 
and a battery. Arrange a shunt of about 1 ohm resistance 
so as to cut out the rheostat and astatic galvanometer. 
Change the resistances of the shunt and rheostat so that both 
galvanometers may give measurable deflections (e. g. 45^. 
Read § 38). Note what plugs are removed from the rheostat, 
also the length, diameter, and material of the shunt. Calcu- 
late the reduction factor of the combination as in the last 
experiment (No. 98 A). 

Apparatus: — Battery (1 Daniel!); 2 Galvanometers (as- 
tatic and D. R.) ; Gauge (micrometer) ; Metre Rod ; Resist- 
ance Box; 1 Metre of German silver wire (about No. 25 
B. w. G.). H. U. Adv., 86. 

Note. If -R, (?, and S are the respective resistances of 
the Rheostat, Galvanometer, and Shunt, and if /is the re- 
duction factor of the combination, the reduction factor (i) of 
the astatic galvanometer alone is — 

The Galvanometers should be marked and the shunt laid aside 
for Exps. No. 101 A and 108 A, respectively ; or the whole 
experiment (No. 99 A) may be deferred until G and S have 
been determined. 

100 A. Find the reduction factor of a Dynamometer by 
comparison with a Single- Ring Galvanometer (If 201). Read 
ir202, § 131. 

Let C be the current in amperes indicated by the galvan- 
ometer, and a the angle of torsion in the dynamometer ; then 
we find the reduction factor D by the formula — 

V a 
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Apparatus: — Battery (3 Bunsen or 6 Daniell) ; 2 Com- 
matators; DjDamometer ; Galvanometer (S. R.), and con- 
necting wires. H. U. Adv., 98, I. 

101 A. Find by measurement the reduction factor of a 
Dynamometer (IT 203). Read §§ 134 and 135. 

Use the formula 

Calculate the current C in No. 100 A by the formula 

then find 1 and ^ as in IT 204. 

Apparatus : — Dynamometer ; Gauge (vernier, long) ; Tor- 
sion Balance, and Weights {eg), II. U. Adv., 98, II. 

102 A. Find the reduction factor of a galvanometer by 
the electro-chemical method (IT 205). Calculate *' H " 
(ir 206). Read §§ 142 and 143. 

Apparatus : — Balance (a) ; Battery (Daniell) ; Clock ; 
Commutator ; Galvanometer (S. R.) ; Weights (eg) and a 
spiral of copper wire. H. U. Adv., 71, If. 

Review Ciiaptbr IX., omitting § 124. 



ELECTRICAL RESISTANCE. 

103 A. Find the electrical resistance of a coil of wire by 
the method of heating (ITIT 212, 213). Read §§ 20, 136, 

and 137. 

Apparatus : — Balance {h) ; Battery (2 Bunsen) ; Cal- 
orimeter ; Resistance-Coil ; Stirrer ; Thermometer ; Weights 
(^). n. U. Adv.,78. 

104 A. Find the length of copper wire about \ mm. in 
diameter (No. 31 b. w. g.), which can be substituted for a 
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battery resistance caused by arranging the cells in multiple 
arc. Now this is half the resistance of a simple cell, there* 
fore, etc. 

Apparatus : — Battery (2 Daniell) ; Compass (surveying) ; 
Gralvanometer, clamps and wire, 

H. U. Elem. 45, II. (Adv. 77, II.). 

112 A. Find the resistance of a battery by Ohm's method 
(T 225). Read § 138. 

Apparatus : — A Battery (1 Daniell) ; Galvanometer 
(S. R.) and Resistance-Box. H. U. Adv., 75. 

Note. The battery cell should be marked so that it can 
be identified later on. 

113 A. Find the resistance of a battery by Thomson's 
method as follows : Connect a Daniell cell (B^ Fig. 253, page 
499) with an astatic galvanometer {G), through a resist- 
ance box {R)y with enough plugs removed to reduce the de- 
fiection of the galvanometer to about 45^ Now connect the 
poles of the battery with a shunt {S) (of about 1 ohm's re- 
sistance), and find what resistance (r) in the galvanometer 
circuit will give the same deflection as before. Calling the 
respective resistances of the Resistance-Box, Gralvanometer 
and Shunt, R^ G^and S, we find the battery resistance by the 

formula 

7?— r 



B=iS 



+ G 



Apparatus: — Battery (1 Daniell); Galvanometer (astatic) ; 
Resistance-Box ; Shunt. H. U. Adv., 88. 

114 A. Find the resistance of a battery by Beetz' 
method (IT 229). Read IflT 226-228. 

Apparatus: — 2 Batteries (2 Daniell, 1 Leclanch6) ; Gal- 
vanometer (astatic) ; 2 Keys; Resistance-Box. 

H. U. Adv., 91. 
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ELECTROMOTIVE FORCE (Read § 139). 

115 A. Find the electromotive force of a battery by the 

method of opposition (IT 230 (7)). Use 5 or 6 Daniell cells 

and 3 Hansen cells in series, with an astatic galvanometer 

and resistance-box. Estimate the electromotive force of the 

Daniell cells from that of the single cells tested in No. 112 A. 

(See IT 230 (2)). From this find that of the Bunsen cells. 

Read § 21 and § 145. 

Apparatus : — Named above. 

H. U. Adv. 93. 

Note. If no number of Bunsen cells can be made to bal- 
ance (approximately) any whole number of Daniell cells, 
notice the deflection of the galvanometer (which should be 
small) in two cases, and use the method of interpolation 
(§ 41). 

1 1 6 A. Find the electromotive force of a Bunsen cell by 
Wiedemann's method (IT 231). 

Apparatus: — 2 Batteries (1 Bunsen, 2 Daniell); Gal- 
vanometer (S. R. or D. R.). H. U. Adv., 95. 

117 A. Find corrections for a Volt Meter (1[ 231). Plot 
the results (Fig. 260). Read § 139. 

Apparatus: — B. A. Bridge; Battery (2 Daniell); Gal- 
vanometer (astatic with extra slides) ; Resistance-Box. 

H. U. Adv., 92. 

118 A. Find the electromotive force of a Bunsen and a 
Leclanch^ cell by a volt-meter (IT 235). 

Apparatus : — Batteries (1 Bunsen, 1 Leclanche, &c.) ; 
Galvanometer (a8ta,tic); Resistance-Box. 

H. D. Adv., 74. 
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119 A. FiDd the electromotive force of a Daniell cell by 
FoggendorfE's absolute method (1[ 237). 

Apparatus : — 2 Batteries (1 Daniell, 1 or 2 Bunseu) ; 
2 Galvanometers (astatic and S. R. or D. R.) ; Resistance- 
Coil. II. U., Extra. 

120 A. Find the efficiency of an electric motor (T 238,1). 

Apparatus : — 2 Balances (spring) ; Battery (2 or 3 Bun- 
sen) ; Clock ; 2 Galvanometers (astatic and S. R. or D. R.) ; 
Motor (electric, small) ; Revolution Counter ; Resistance-Box. 

H. U., omit. 
Review Chap. X. 
Review Chap. I-III. 
General Review. 

The list of experiments given above covers the ground of 
42 of the Harvard elementary experiments, viz. : Nos. 1-4 ; 
6-32 ; 34-42, and 44-45. It covers also the ground of G4 
advanced experiments, viz.: Nos. 1-4; 7-18; 24-27; 29; 
32 ; 85 ; 41-42 ; 45-46; 51-58 ; 60 ; 62-66 ; 68-71 ; 73-78 ; 
81-82; 85-86; 89-90; 91-93; 95, and 98-99. 

Two of the elementary experiments have practically been 
counted double, so that the real equivalent is 40 elementary 
experiments. To replace 11 of the advanced experiments 
anticipated by the elementary course, viz.: Nos. 17, 32, 41, 
45, 46, 54, 56, 62, 63, 76, and 77, eleven extra experiments arc 
suggested, namely, Nos. 9 A, 1 1 A, 23 A, 27 A, 33 A, 39 A, 
59 A, 63 A, 68 A, 70 A, and 119 A. The exact correspon- 
dence of the regular experiments is shown in the schedule 
below. [The brackets indicate repetition.] 
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Elementary Course. 



H&irard 

Elem. 

No. 


VintLUt 
No. 


Harrard 

Klem. 

No. 


Fint List 
No. 


Hanr&rd 

Elem. 

No. 


FintLiat 
No. 


1 


82 A 


17 


77 A 


88 


Omitted 


2 


81 A 


18 


74 A 


84 


49 A 


3 


78 A 


19 


72 A 


36 


63A 


4 


79 A 


20 


73 A 


86 


60 A 


6 


Omitted 


21 


86 A 


37 


[62 A]&64 A 


6 


28 A 


22 


37A&88A 


38 


61 A 


7 


1 A&2A 


23 


31 A 


39 


[64 A] 


8 


I ( 6 A, 7 A 
) 1&4 A 


24 


36 A 


40 


88A 





26 


29 A 


41 


96 A 


10 


3A[21A&32A] 


26 


80A 


42 


96A 


11 


10 A 


27 


42 A 


43 


Omitted 


12 


76 A 


28 


44A 


44 


104 A 


13 


84A 


29 


46 A 


46 


106 A & 111 A 


14 


76 A 


80 


69 A 


46 


Omitted 


16 


80 A [79 A] 
[79 A] 


31 


62 A 






16 


32 


60A 







Advanced Course. 



narrard 

AdT. 

No. 


First list 
No. 


Harrard 

AdT. 

No. 


Fint List 
No. 


HTarrard 

AdT. 
No. 


First LiBt 
No. 


1 


6A 


86 


65A&66A 


71 


97 A & 102 A 


2 


24A 


41 


[68 A] 


73 


98 A 


3 


26A 


42 


62 a! 


74 


118 A 


4 


26 A 


46 


[61 A] 
[61 A] 


76 


112 A 


7 


12 A 


46 


76 


[104 A] 
[106 A & HI A] 


8 


13 A 


60 


67 A 


77 


9 


8A 


62 


68A 


78 


103 A 


10 


14 A 


63 


32 A 


81 


IOTA 


11 


16 A 


64 


[81 A] 


82 


108 A 


12 


16 A 


66 


83 A & 19 A 


86 


106 A 


13 


20 A 


66 


[81 A] 


86 


99A 


14 


22 A 


67 


86 ii 


88 


113 A 


15 


21 A 


68 


84 A 


89 


110 A 


16 


17 A & 18 A 


60 


40 A 


90 


109 A 


17 


[72 A] 


62 


[42 A] 
[44 A] 


91 


114 A 


18 


71 A 


63 


92 


117 A 


24 


04 A 


64 


43 A 


93 


116 A 


25 


66 A 


66 


87 A 


96 


116 A 


26 


61 A 


66 


92A 


08 


100 A & 101 A 


27 


67 A 


68 


90 A & 91 A 


99 


48 A 


29 


66A 


69 


93 A 






32 


[49 A] 


70 


94 A 







31 
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SECOND LIST OF EXPERIMENTS IN PHYSICAL MEAS- 
UREMENT INTENDED TO COVER THE GROUND 
REQUIRED FOR ADMISSION IN ELEMENTARY 
PHYSICS TO HARVARD COLLEGE. 

Note. The experiments in this list are designated by the 
letter 6. The abbreviations are the same as in the first list 
(see Appendix VL, page 1035). 

1 B. Find the length, breadth, and thickness in cm. of a 
block of wood by several measurements of each of its dimen- 
sions (IF 3). Read §§ 1, 2 and 5. Calculate the volume in 
cu. cm, hj multiplying the length, breadth, and thickness 
together. 

Apparatus : — Block (wooden solid), and a (Jauge (vernier). 

II. U. Elem., 7. I. 

2 B. Find the weight in grams of the block used in IB., 
as in IT 2. Head §§ 6 and 9. Calculate as in IF I the density 
of the block. 

Apparatus: — Balance (I/); Block (wooden solid); 
AVeights (r/). H. U. Elem., 7, II. 

3 B. Find the density of water, or better that of a saline 
solution of unknown strength, by loading a block of wood 
until it floats or sinks, indifferently (foot-note, page 2), then 
finding as in I B and 2 B the volume, weight, and density 
of the block. The latter is equal to the density sought. 
Bead § 64. 

Apparatus : — Balance ; Block (hollow) ; Gauge (vernier) ; 
AVeights {(/) ; Lead shot and (salt) water. 

H. U. Elem., 10, II. 
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4 B. Find the specific gravity of a block of wood by flota- 
tion in water. Mark the water-line in pencil at each corner, 
and calculate, as in 4 A, the specific gravity of the block. 
Read §§ 3 and 69. 

Apparatus : — Block (wooden, solid) ; a Metre Rod ; a 
pencil and water. H. U. Elem., 9, III. 

5 B.* Find the weight required to sink a Nicholson's hy- 
drometer to a given mark in water, at, below, and above the 
temperature of the room (KIT 6 and 7). Plot a curve as in 
Fig. 7, page 12. Read § 59. 

Apparatus : — Brush (camel's-hair) ; Nicholson's Hydrom- 
eter ; Thermometer and Weights {eg) ; Hot and cold water. 

H. U. Elem., omit. 

6 B.''^. Find the weight in air of some steel bicycle balls, 
also that of a small wooden block, by Nicholson's Hydrometer 

(ITS). 

Apparatus : — Balls (steel) ; Block, (small wooden) ; 
Brush (camel's-hair) ; Nicholson's Hydrometer ; Thermom- 
eter and Weights {eg). 

H. U. Elem., 8, 1., 9 I. 

7 B."* Find the weight in water of objects used in 6 B 
(IT 10), and calculate their apparent specific gravity (§ 66). 

Apparatus same as in 6 B. 

H. U. Elem., 8 IL, 9 11. 
See Note under 7 A. 

8 B. Find the (apparent) specific gravity of kerosene as 
follows: Weigh a bottle when empty, when filled with 
water, and when filled with kerosene. Calculate (by subtract- 
ing the weight of the empty bottle) the weights of water and 
of kerosene required to fill the bottle. Divide the weight of 

* Experiments 6 B, 6 B, and 7 B, may be performed with a Jolly 
(spring) balance instead of Nicholson's Hydrometer. 
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kerosene by the weight of water to find the specific gravity 
in question. 

Apparatus : — Balance (b) ; Specific Gravity Flask, kero- 
sene and water. (More exact methods are considered in 
Exps. XL and XIV.) H. U. Elem. 10, 1. 

9 B. Fiud the (apparent) specific gravity of kerosene by 
the 1st method of balancing columns (1[ 42, page 63). Read 
the 1st and last paragraphs of IT 43, also §§ 62 and 63. Use 
formula, page 66. 

Apparatus: — Metre Rod and £^tube, with glass tubes 
and rubber couplings. H. U. £lem., 10^ III. 

10 B. Find the (apparent) specific gravity of glycerine by 
the 2d method of balancing columns (1[ 42, page 64). Read- 
ings and calculation the same as in 9 B. 

Apparatus : — Metre Rod, Stop-cock and Ztube, with glass 
tubes and rubber couplings. H. U. Elem., 10, IV. 

11 B. Find the readings of a densimeter in glycerine, 
water, and kerosene, and plot carve of corrections as in Exp. 
XV. (1[ir39, 40, and41). 

Apparatus : — A Densimeter with jars containing glyce- 
rine, water, and kerosene. 

H. U. Elem., omit. 

12 B. Find the density of three saline solutions by means 
of a densimeter, applying corrections found in 11 B. (Exp. 
XV., irir 39, 40, and 41.) 

Apparatus : — A Densimeter with 8 jars, containing differ- 
ent saline solutions. 

H. U. Elem., omit. 

13 B. Find roughly the density of air (as in Exp. XVI.) 
(ITir 44 and 45). Calculate the degree of exhaustion. 

Apparatus: — Balance (b); Pump (Richards) ; Rubber 
Stopper (1 hole) ; Specific Gravity Flask ; Stopcock ; Ther- 
mometer ; Weights (ff), 

H. U. Elem., 11. 
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14 B. Find the density of some coal-gas, as in Exp. 
XVIir. (IT 46). Read §§ 70 and 81. See Tables 18, 
d and e. 

Apparatus : — Balance (b) ; Rubber Stopper ; Specific 
Gravity Flask ; Thermometer ; Weights (b) and coal gas. 

H. U. Elem., Extra. 

15 B. Find the temperature of the air (If 15), and the 
dew-point (IT 16). Read IT 17. Obtain the relative humid- 
ity (Table 14 A), and the pressure of aqueous vapor 
(Table 15). 

Apparatus: — Cup (nickel-plated), and Thermometer, 
with ice and salt H. U. Elem., 22, II. 

1 6 B. Find the maximum pressure of aqueous vapor at 
about 40<> (1[ 81). 

Apparatus : — Balance (b) ; Rubber Stopper ; Specific 
Gravity Flask ; Thermometer ; AVeights (g) , and hot water. 

H. U. Elem., 22, I. 

17 B. Find the maximum pressure of ether vapor at about 
20® by the second method suggested in IT 80. 

Apparatus : — Medicine Dropper, Rubber Stopper (2 
holes) ; Specific Gravity Flask ; Thermometer, ghiss tubes, 
ether, and mercury. H. U. Elem., omit 

18 B. Find the barometer pressure as in the first para- 
graph of IF 13, testing as in the first paragraph of IF 14, 
then find the pressure of ether vapor by the first method 
suggested in 1[ 80. Read IT 80. 

Apparatus : — Barometer (aneroid) ; Barometer Tube ; 
Medicine Dropper ; Thermometer, glass tubes, and mercury. 

H. U. Elem., omit, 

19 B. Find readings of a manometer under two or more 
different pressures (IT 78). Read 1 77, and §§ 77, 78, and 
79. 

Apparatus: — Air Thermometer and Manometric Appara- 
tus, with mercury. H. U. Elem., 6. 
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20 B. Find the mercurial pressure required to keep air 
in manometer from expanding when heated from 0° to 100^ 
(IT 76, as far as line 17, page 130). Read §§ 74, 75 and 76 ; 
also IT 76. Calculate e by formula, page 131. 

Apparatus : — Air Thermometer ; Manometric Apparatus ; 
Steam Boiler ; Steam Jacket ; Thermometer. 

H. U. Elem., 25. 

21 B. Find the fixed points of an air-thermometer (first 
paragraph, f 73). Read § 80 and IT 74. Calculate e by 
formula X., page 126. 

Apparatus : — Air Thermometer ; Steam Boiler ; Steam 
Jacket ; Thermometer. H. U. Elem., 26. 

22 B. Find the fixed points of a mercurial thermometer 
(IT 69), estimating tenths of a degree (see Fig. 52, IT 68). 
Read §§4 and 26 ; also first paragraph of IF 70. Refer to 
Table 14. Calculate corrections for the thermometer at 0^ 
and 100^ 

Apparatus : — Barometer (aneroid) ; Steam Boiler ; Ther- 
mometer ; and ice. H. U. Elem., 23. 

23 B. Find the coefficient of linear expansion of a brass 
rod from about 20° to 100^ (IT 57). Read §§ 82 and 83. 

Apparatus : — Brass Rod ; Micrometer Frame ; Steam 
Boiler ; Steam Jacket ; Thermometer. H. U. Elem., 24. 

24 B. Find the specific heat of lead shot (IT 94, I.). Read 
§§ 84, 85, 86 and 90. Use Formula VII., page 194. 

Apparatus : — Balance (b) ; Bottle (ice water) ; Calorime- 
ter ; Thermometer ; Weights (g)y shot, ice, and water. 

H. U. Elem., 27. 

25 B. Find the latent heat of liquefaction of water, as in 
44 A (First List of Experiments). Read 1 102, also §§ 87 
and 91. 

Apparatus : — Balance (b) ; Shot-heater ; Stirrer ; Ther- 
mometer ; Weights (^), ice, and warm water. 

H. U. Elem., 28. 
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26 6. Fiud the latent heat of vaporization of water essen- 
tially as in IT 103, but find the temperature of the water by 
a single observation before pouring it into the calorimeter, 
and cut off the steam when the water reaches the temperature 
of the room (see note under 44 A) . Read § 88. Calculate the 
result by the formula of H 104, neglecting c. Read IT 104. 

Apparatus : — Balance (5) ; Steam Boiler ; Steam Trap ; 
Stirrer; Thermometer ; Weights (g). H. U. Elem., 29. 

27 B.-Find the candle-power of a kerosene lamp by Bun- 
sen's photometer (IT 114, 1.). Read § 94, ^% 109 and 113. 
Reduce the candle-power of the lamp to 8 grams per hour. 
Use formula and reasoning of IT 113. 

Apparatus : — Candle ; Kerosene Lamp ; Optical Bench ; 
and Photometer. H. U. Elem., 34. 

28 B. Find the relative intensities of the red, green, and 
violet rays reflected by a colored and by a white surface 
(11246). Read IT 115. 

Apparatus : — Colored Glasses ; Kerosene Lamp ; Optical 
Bench ; and Colored Paper. H. U. ^lem., omit. 

29 B. Find the principal focal length of a lens by two 
different methods (IT 116, (1) (2)). Read § 103. 

Apparatus : — Chimney (perforated) ; Kerosene Lamp ; 
Lens (magnifying) ; Optical Bench. H. U. Elem., 36. 

30 B. Find the equivalent focal length of a compound 
lens, as in 51 A (First List of Experiments). Calculate the 
focal length (JF) of the compound lens from that (JF') of 
the lens in 29 B, by the formula (see 51 A) — 

Read first two paragraphs of § 104. See Harvard List of 
advanced Physical Experiments, No. 45. 

Apparatus : — Candle ; Kerosene Lamp ; 2 Lenses (doub- 
let and magnifying) ; Metre Rod ; Optical Bench. 

H. U. Elem., 38. 
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31 B. Find several cod jugate focal lengths of a lens 
(U 117, (1) (2), and, (3)). Note the size of the images 
(see § 104). Calculate the principal focal lengths of the 
lens. Use formula page 238. 

Apparatus : — Chimney (perforated) ; Kerosene Lamp ; 
Lens (magnifying) ; Metre Rod ; Optical Bench. 

H. U. Elem., 37, L 

32 B. Fhid the virtual foci of several (nearly) plane 
mirrors (H 118). Tell which are convex and which concave, 
remembering that the virtual images of convex mirrors are 
nearer than the objects producing them. Head § 104 and 
H 118. 

Apparatus: — Mirror (small), and Optical Bench. 

H. U., Elem., 35. 

33 B. Find 3 virtual foci of a long-focus converging lens 
(H 119, 1.). Calculate the principal focal length. 

Apparatus : — Lens (long-focus), and Optical Bench. 

H. U. Elem., 37, IL 

34 B. Find 3 virtual foci of a diverging lens (IT 119, II.). 
Calculate the virtual principal focal length by the formula of 
1[119. 

Apparatus : — Lens (diverging), and Optical Bench. 

H. U. Elem., omit, 

35 B. Find the wave-length of sound from a tuning-fork 
in a rubber tube (131, I.). Read § 100. 

Apparatus : — Metre Rod ; Rubber Tube ; Tuning-fork ; 
I^tube. H. U. Elem., 32. 

36 B. Find the wave-length of sound from a tuning-fork 
in a resonance tube (H 132). Read §§ 98 and 99. Notice 
that the lengths of the tube responding to a given fork are 
nearly proportional to the odd integers 1,3, 5, &c. 

Apparatus : — Resonance Tube, and Tuning-fork (A = 
220). 11. U. Elem., Extra. 



•V 
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37 B. Find the pitxjh of a tuning-fork by the graphical 
method (H 139). Read §§ 7 and 96. 

Apparatus : — Bow (violin) ; Clock ; Smoked Glass Ap- 
paratus ; Tuning-fork (c = 64). H. U. Elem., 31. 

38 B. Find the velocity of sound (1[ 135 (1), (2), (3); 
IT 136, first paragraph, IT 137, III.). Read H 138 and IF 135 
(4), also §§ 8, 10, 92, and 93. Use formula II., page 281. 

Apparatus : — Clock ; Signalling Apparatus, and Tape 
Measure. H. U. Elem., 30. 

39 B. Find the velocity of a bullet by a ballistic pendu- 
lum (IT 147, (7)) as in 70 A. (First List of Experiments). 
Calculate the velocity V of the pendulum by the formula — 

V=ABi/^ (see §109). 
AC 

and that (y) of the bullet by the formula — 

V = (^ + ^) V(8ee IT 147 (7)). 

7)1 

Read §§ 106 and 109. 

Apparatus: — Clock, Metre Rod, and Pendulum (ballistic). 

H. U. Elem., omit, 

40 B. Find the velocity acquired by a falling body (IT 148). 
Read §§ 11, 107, and 108. 

Apparatus : — Clock ; Falling Bodies' Apparatus ; Metre 
Rod. H. U. Elem., omit. 

41 B. Find the length of a seconds, ^ seconds, and ^ sec- 
onds pendulum (1[ 149). Tabulate results as on page 319. 
Read §§ 110, 111. 

Apparatus : — Clock ; Metre Rod ; Pendulum (simple). 

H. U. Elem., 19. 

42 B. Find the relative masses of two billiard balls sus- 
pended by cords as suggested on pages 312-313. See 73 A. 
(First List of Experiments). 

Apparatus : — Balls (billiard) ; Cords ; Metre Rod. 

H. t. Elem., 20. 
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43 B. FiDd the mass of a lead bullet by the method of 
oscillation (IT 154). Read 1[ 155. 

Apparatus : — Clock ; Spiral Spring Apparatus ; Weights 
{eg) and lead bullet. 

H. U. Elem., 18. 

44 B. Find corrections for a spring balance (^ 158), and 
construct two tables (pages 339 and 340). 

Apparatus: — Balances (spring 10 ^.); Pulley; Weights 
(safety-valve). H. U. Elem., omit, 

45 B. Find the weight in kilograms of a 28 lb. weight 
(IT 159, 1); a 561b. weight (IT 159, 2, and IT 159, 3) ; and 
a 4 lb. weight (IT 159,4), using a lever and one or two spring 
balances of 10 kilos capacity. 

Apparatus: — Balances (spring, 10 A:.) ; Lever; Weights 
(safety-valve), with cords. H. U. Elem., 14. 

46 B. Find with 1 or 2 spring balances of 10 kilograms 
capacity and a system of cords, the weight in kilograms of 
a 4 lb. weight (IT 159, 5) and of a 56 lb. weight (IT 159, 6). 
Bead § 105. 

Apparatus : — Balances (spring, 10 k.) ; Weights (safety- 
valve), with cords. II. U. Elem., 12. 

47 B. Find the weight of a board as in HIT ICO and 161. 
Read§ 112. 

Apparatus: — Board (loaded); Pendulum (simple); Tri- 
angular supports ; Weights (safety-valve) ; a pencil. 

II. U. Elem., 17. 

48 B. Find the stiffness of 5 beams by bending them 
(11162). Read§§ 114 and 115. 

Apparatus : — Beam (steel) ; Micrometer ; Triangular sup- 
port; Weights (Jcg). H. U. Elem., 8. 

49 B. Find the (torsional) stiffness of two or more rods 
by twisting them (IT 164). Read §§ 113 and 116. 

Apparatus: — Balances (spring, 10 /:.), and Torsion Ap- 
paratus. H. U. Elem., 4. 
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50 B. Find the (longitudinal) stiffness of a wire bj stretch- 
ing it. Measure the force (/), the amount of stretching (e), 
the length of wire (0> and its weight (to). Take the den- 
sity (d) from Table 9. Calculate q by formula II., page 
861 ; then calculate Young's modulus as explained in 
IT 166. 

Apparatus : — Balances (spring, 10 k.) ; Metre Rod ; fine 
steel wire. H. U. Elem., 2. 

51 B. Find the breaking strength of several wires (first 
paragraph, If 168). Weigh a known length of the wire, and 
calculate the length which would break under its own weight. 
Read IT 168. 

Apparatus : — Balance (spring, 10 A:.) ; Bobbins and wires. 

H. U. Elem., 1. 

52 B. Find by two methods the coefficient of friction of 
wood on wood (IT 171, I. and IL). Review § 105. 

Apparatus: — Balance (spring, 10 A:.) ; Board and plank ; 
Weights (kff), 

H. U. Elem., 13. 

53 B. Find the efficiency of a pulley (1) for raising heavy 
weights, and (2) for multiplying motion (IT 173). Read 
§ 117. 

Apparatus : — Balance (spring, 10 k,) ; Metre Rod ; Tackle ; 
Weights (safety-valve). H. U. Elem., 21. 

54 B. Find the poles of a magnet by means of iron filings, 
and confirm by a small compass needle (IT 179). Read 
§§ 126 and 127. 

Apparatus : — Compass (vibrating) ; Magnet (compound) 
Iron filings ; Photographic paper and pencil. 

H. U. Elem., 40. 

55 B. Find the magnetic dip by a dipping- needle (If 190). 
Read § 128. 

Apparatus : — Dipping needle. H. U. Elem., Extra. 
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5G R. Fiud the relative strength of battery currents from 
a 1-fluid cell under given conditions (% 208, (1), to (8)). 
Read §§ 123, 124, 130, and f 207. Reduce results as in 
H 209. 

Apparatus : — Battery (1 Daniell) ; Compass (vibrating) ; 
Gralvanometer. (The porous cup is to be removed from the 
Daniell cell.) II. U. Elem., 41. 

57 B. Find the deflection of a tangent compass at the 
centre of a coil of wire due to currents from a Daniell cell 
under the conditions of IT 208, (9) to (12). Weigh the zinc 
and the copper before and after the experiment. Read 
§§ 143, 144. Review % 209. 

Apparatus : — Balance (b) ; Battery (1 Daniell) ; Com- 
pass (surveying); 6 Galvanometers; Weights ((f). 

H. U. Elem. 42. 

58 B. Find the length of copper wire about I mm. in diam- 
eter (No. 31 B. w. o.), which can he substituted for a 1- 
ohm coil ( 0) in the circuit of a Daniell cell (B) and galvanom- 
eter (ff), — see Fig. 243, page 476, — without changing the 
deflection. Repeat with a double wire, with a Grerman sil- 
ver wire of the same diameter, and with one of twice the 
diameter or 4 times the cross-section (about No. 25 b. w. g.). 
Read H 218, also § 140. 

Apparatus: — Battery (1 Daniell) ; Compass (sjirveying) ; 
Galvanometer ; Resistance-Coil (1 ohm) ; and wires as stated.* 

II. U. Elem., 44. 

59 B. Find the (external) resistance of a circuit as follows : 
First, note the deflection of a galvanometer due to each one of 
two equal cells, then join the cells in series (Fig. 20, § 146), 
and include German silver wire enough in the circuit to give 
the same (average) deflection as before. Read § 138 and 
§ 146. Calculate the resistance of this wire. This is equal 
to the value sought. For proof, see 105 A. 
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Apparatus : — Battery (2 Daniell) ; Compass (surveyiog) ; 
Galvanometer, with German silver wires.* 

H U. Elem., 45 I. 

GO B. Find the resistance of a Daniell cell as follows: 
Note the deflection of each of two cells as in 59 B, and join 
them in multiple arc (Fig. 19, § 14G). Include in the cir- 
cuit enough Grerman silver wire to give the same average 
deflection as before. Calculate the resistance of this wire, 
and multiply it by 2 to find the resistance sought For 
Proof, see 111 A. 

Apparatus : — Battery (2 Daniell) ; Compass (surveying) ; 
Galvanometer, with clamps and German silver wire.* 

H. U. Elem., 45 II. 

* It is not necessary to cut the wires in 68 B,69 B, and 60 B. A 
greater or less length may he included between two clamps, as in 
T 237. The wire should he kept straight, as in Fig. 249, page 486. 

REVIEW. 

Chapter I. (General Definitions), first 11 sections. 

Chapter V. (Hydrostatics), omitting §§ 67, 68, 71, 72, and 
73. 

Chapter VI. (Heat), omitting § 89 on cooling. 

Chapter VII. (Sound and Light), §§ 92, 93, 94, 96, 98, 99, 
100, 103, and 104. 

Chapter VIII. (Force and Work), as far as § 118. 

Chapter IX. (Electricity and Magnetism), §§ 123, 124, 126, 
127, 128, 130. 

Chapter X. (Electromotive Force, and Resistance), §§ 138, 
140, 143, 144, 146. 

The Second List of Experiments is intended to cover the 
ground of 40 Exercises in Elementary Physics required for 
admission to Harvard College, r«2. Nos. 1-4; 6-14; 17-32 ; 
84-38 ; 40-42 ; and 44-45. In most cases the correspond- 
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encG is exact ; other cases are designated in the table below 
by an asterisk (*). The course of reading recommended 
covers the principles of at least three additional exercises, 
and three extra experiments are suggested. The ground 
covered for examination is therefore about equivalent to the 
46 exercises of the Harvard elementary pamphlet. The 
laboratory work is divided into 50 experiments (assuming 
that 10 of the 60 are omitted as indicated). As these experi- 
ments all involve measurements, they are on the average 
fully as difficult as those recommended by the Harvard pam- 
phlet. This course would be offered only by students who 
are ambitious to learn more about physical measurement than 
is thought desirable to require of all candidates for admission 
to Harvard College in elementary physics. 

The exact correspondence of the second list of experiments 
with the " Descriptive List of Elementary Physical Experi- 
ments ** published by Harvard University, October, 1889, is 
shown by the table below. 



Harvard Rlem., 


Second List, 


No. 


No. 


1 


61 B. 


2 


60 B. 


8 


48 B. 


4 


49 B. 


6 


[§§ 62-63] 


6 


19 B. 


71. 


1 B. 


7 11. 


2 B. 


8 1. & II. ) 


(6B. 
17B. 


y I. & II. ] 


9 III. 


4B. 


101. 


8B. 


10 II. 


3B. 


10 III. 


OB. 


10 IV. 


10 B. 


11 


13 B. 


Extra 


11 B. 


12 


40 B. 


13 


62 B. 



Ilarrard 

Elem., 
No. 



14 
15 
16 
17 
18 
19 
20 
21* 
22 1* 
2211. 
23 
24 
25 
20 
27 
28 
29 
30 
31 



S«cond List, 
No. 



45 B. 

[§ 113] 
[1 164] 

47 B. 

43 B. 

41 B. 

42 B. 
63 B.* 
16 B* 

15 B. 

22 B. 

23 B. 

20 B. 

21 B. 

24 B. 

25 B. 

26 B. 
38 B. 
37 B. 



Ilarrard 

Elem., 

No. 



32 

.3:3 

Extra 

.34 

35 

36 

37 1. 

37 11. 

38 

89 

40 

Extra 

41 

42 

43 

44 

46» 



Second List, 
No. 



46 I 



85 B. 
Omit 

86 B 
27 B. 
32 B. 
29 B. 
31 B. 
a3B. 
SOB. 
Omit 

64 B. 

65 B. 

66 B. 

67 B. 
Omit 

68 B. 
69B. & 
60 B.* 

Omit 



* Cases of only approximate correspondence (3 such cases in all). 
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APPENDIX VIII. 

ADVANCED PHYSICS. 

THIRD LIST OF EXPERIMENTS IN PHYSICAL MEAS- 
UREMENT INTENDED TO COVER THE GROUND 
REQUIRED FOR ADMISSION TO HARVARD COLLEGE 
IN ADVANCED PHYSICS. 

Note. The experiments in this list are designated by 
the letter C. The abbreviations are the same as in the first 
list (Appendix VI., page 1035). Before beginning the ex- 
periments the student should review those sections in 
Part III., already mentioned (see Appendix VII., page 
1077), and should read in addition Chapters II. and IV., 
omitting §§51, 52, and 61 ; also §§ 48 and 49 of Chapter III. 

1 C. Find the sensitiveness of a balance with loads of 0, 
20, 50, and 100 grams in each pan, (KIT 20, 21). Plot the 
results (Fig. 16). Read IT 22. Review §§ 26, 30, 59. 

Apparatus : — Balance (a) ; Weights {eg), 

H. U. Adv., 9. 

2 C. Find the ratio of the arms of a balance (IF 23). Re- 
peat two or three times. Reduce as in IF 24. Read § 46. 
Estimate probable error (§ 50). 

Apparatus : — Balance (a) ; Weights {eg), 

H. U., Extra. 

3 C. Find a correction for the reading of a barodeik 
(f 18), by means of a hygrodeik (IF 15) and an aneroid 
barometer. Use Tables 19, 20. Read § 71. 
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Apparatus : — Balance (a) ; Barodeik ; Barometer (ane- 
roid); Ilygrodeik ; Thermometer; Weights {eg.), 

II. U. Adv., 7. 

4 C. Find the weight of a glass ball in air by a double 
weighing (H 28). Weigh also a piece of cork coated with 
vaniish. Read §§ 35, 44, G7, and 72. Reduce the results 
to vacuo. 

Apparatus: — Balance (a); Ball (glass); Rings (small); 
Weights (c^). H. U. Adv., 8. 

5 C. Find the weight of a glass ball in water (IT 29). Re- 
view §§ 64, 65, 66, and 67. Read § 68. Calculate the vol- 
ume and density of the ball. 

Apparatus : — Arch (hydrostatic) ; Balance (a) ; Ball 
(glass) ; Beaker ; Brush (camel's-hair) ; Stirrer ; Thermom- 
eter ; Weights (eg). Supplies : Wire and water. 

H. U. Adv., 10. 

6 C. Find the weight of the cork (in No. 4 C) in water 
by attaching a sinker to it, and weighing the sinker in water 
with and without the cork (H 29). Calculate the density of 
the cork. Review § 34. Consider what assumptions you 
have made in this and in other experiments with the hydro- 
static balance. Test the accuracy of one or more of these 
assumptions by reweighing the cork in air after weighing it 
in water. 

Apparatus : — Arch (hydrostatic) ; Balance (a) ; Beaker ; 
Brush (camePs-hair) ; Cork ; Sinker ; Weights (eg). Sup- 
plies : Wire and water. FI. U. Adv., 1 2. 

7 C. Find the weight of a glass ball (of No. 5 C) in alco- 
hol at an observed temperature (IT 30). Calculate the den- 
sity of the alcohol (f 31). 

Apparatus : — Arch (hydrostatic) ; Balance (a) ; Ball 
(glass) ; Beaker ; Brush (camel's-hair) ; Stirrer ; Thermom- 
eter ; Weights (eg). Supplies: Wire and alcohol. 

H. U. Adv., 11. 
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8 C. Find the capacity of a Specific Gravity Bottle 
(ir 32). Read f 33. 

Apparatus ; — Balance (a) ; Specific Gravity Bottle ; 
Stirrer ; Thermometer ; Weights (eg) ; Water. 

H. U. Adv., 13. 

9 C. Find the density of alcohol by the Specific Gravity 
Bottle, and calculate the strength of the alcohol (H 38). Use 
Table 27. 

Apparatus : — Balance (a) ; Specific Gravity Bottle ; 
Stirrer ; Thermometer ; Weights (eg) ; Alcohol. 

H. U. Adv., 15. 

10 C. Find the volume of some steel balls by the Specific 
Gravity Bottle (f 34). Read IT 35 ; also § 38. Calculate 
the (Jensity of the balls. 

Apparatus : Balance (a) ; Balls (steel) ; Specific Gravity 
Bottle ; Stirrer ; Thermometer ; Weights (eg) ; Water. 

H. U. Adv., 14. 

lie. Find the volume of some crystals of sulphate of 
copper by the use of alcohol (HIT 36, 37), and calculate their 
density. 

Apparatus : — Balance (a) ; Specific Gravity Bottle ; 
Stirrer; Thermometer; Weights (eg). Supplies: Alcohol 
and crystallized sulphate of copper. 

H. U., omit. 

12 C. Find the correction for one reading of a vernier 
gauge (IT 50 I.). Read H 47, but use Table 3 H. Read 
IFH 48 and 49, also §§ 37, 43, and 73. 

Apparatus : — Ball (glass) ; Gauge (vernier) ; Lens 
(magnifying). 

H. U. Adv., 2. 

13 C. Find the pitch of a screw (H 50, IT.). 

Apparatus : — Balls (steel) ; Micrometer gauge. 

11. U. Adv., 3. 
32 
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14 C. Find the constants of a spherometer (f ^ 51 and 54). 
Apparatus : — Ball (glass) ; Plate Glass ; Spherometer. 

H. U. Adv., 4. 

15 C. Find the radii of curvature of 2 spherical surfaces 
(% 55). Read f 56. 

Apparatus : — Lens (magnifying) ; Spherometer. 

H. U., Extra. 

16 C. Find the capacity of a capillary tube by means of 
mercury. Seef 169, II., and f 170. Read § 39. 

Apparatus : — Balance (a) ; Capillary Tube ; Weights 
(eg) ; Mercury. II. U. Adv., 5o, II. 

17 C. Find the fixed, middle, and quarter points of a mer- 
curial thermometer (%^ 66, 67, 68, 69, and 70). Read 
§ 86, (3). 

Apparatus : — Beaker (for ice) ; Bunsen Burner ; Steam 
Boiler ; Thermometer. Supplies : Gas, ice and water (or 
steam). H. U. Adv., 56. 

18 C. Find the coefficient of expansion of water between 
about 20° and 100° (f 59). Read %% 60 and 61. Review 
§§ 62 and 63. 

Apparatus : — Expansion Apparatus with accessories, sup- 
ply of water and steam. H. U. Adv., 53. 

19 C. Find the coefficient of expansion of alcohol from 
about 20° to 40° or 50° by the Specific Gravity Bottle (f 1[ 62, 
63). Review §82. 

Apparatus : — Balance (a) ; Specific Gravity Bottle ; 
Stirrer ; Thermometer ; Weights (eg). Supplies ; Alcohol 
and hot water. H. U., Extra. 

20 C." Find the coefficient of expansion of glass by the 
weight thermometer (f 240). Review § 83. 

Apparatus : — Balance (a) ; Bunsen Burner ; Steam 
Boiler ; Steam Jacket ; Thermometer (weight) ; Weights 
(cff). Supplies : Gas, ice, mercury, and water (or steam). 

II. U. Adv., 58. 
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21 C. Fiud the boiling point of one or more liquids, and 
the melting point of paraffine (f ^ 83, 84). 

Apparatus: — Stopper (1 hole); Test-lube; Thermom- 
eter. Supplies : Hot water, paratfiue, alcohol, etc. 

H. U. Adv., 57. 

CALORIMETRY (Review §§ 84-91). 

22 C. Find the rate of cooling of a calorimeter {%% 85, 
87). Read f 86, also §§ 47, 89. 

Apparatus : — Calorimeter ; Clock ; Stirrer ; Thermom- 
eter. Supply of hot water. H. U., £ztra. 

23 C. Find the thermal capacity of a calorimeter with 
thermometer and stirrer (f 90 (1)1; f 91, 1). Read §§ 16. 
45 ; Review § 85. 

Apparatus : — Balance (b) ; Calorimeter ; Clock; Stirrer; 
Thermometer; Weights (^). Supply of hot water. 

H. U. Adv., 60. 

24 C. Find the thermal capacity of a thermometer of a 
stirrer, and of a calorimeter, as in (f 90, 2). Use formula III., 

f 91. 

Apparatus : — A Balance (b) ; Calorimeter ; Measuring 
glass ; Stirrer ; Thermometer and water. 

H. U. Adv., 61. 

25 C. Find the specific heat of turpentine by the method 
of mixture (f 96, I.). Read f 95. Use formula VIIL, 
1l 98. R<:view § 90. 

Apparatus: — Balance (b) ; Calorimeter; Stirrer; Ther- 
mometer ; Weights (y). Supplies : Turpentine cooled to 0°, 
and hot water. 

Note. Students who have not already determined the 
specific heat of lead shot should substitute this determina- 
tion (f 94, 1.). H. U. Adv., 62. 
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26 C. Find the specific heat of alcohol by the use of lead 
shot (1[ 96, II.). 

Apparatus : — Balance (h) ; Bunsen Buraer ; Calorimeter ; 
Steam Shot-heater; Thermometer; Weights (</). Sup- 
plies: Gas, alcohol (at 0°), water (or steam) and lead shot 

H. U., omit, 

27 C. Find the specific heat of alcohol or turpentine by 
an electrical method in 43 A. (First List of Experiments, 
see Appendix VI.) 

Apparatus : — Balance (b) ; Battery (2 Bunsens) ; 2 Calo- 
rimeters ; 2 Resistance-coils ; 2 Stirrers ; 2 Thermometers ; 
Weights (ff). Supplies : Alcohol and water, connecting 
wires. H. U. Adv., 64. 

Review Exp. 25 B (H. U. Elem., 28 = 11. U. Adv., 63). 

28 C. Find the heat of combination of zinc and nitric acid 
(f 105, I., and f 106). 

Apparatus : — Balance (a) ; Calorimeter with glass lining ; 
Clock ; Stirrer ; Thermometer ; Weights (eg). Supplies : 
Zinc filings and dilute nitric acid. H. U., omit. 

29 C. Find the heat of combination of zinc oxide and 
nitric acid (f 105, II., and f 106). 

Apparatus : — Balance (a) ; Calorimeter with glass lining ; 
Clock ; Stirrer ; Thermometer ; Weights (eg). Supplies : 
Zinc oxide and dilute nitric acid. H. U., omit 

RADIANT HEAT (Review §§ 93,94; Read § 95). 

30 C. Find the candle-heat-power of a kerosene lamp 
(i[ 111), and calculate that of a lamp burning 8 grams of 
kerosene per hour (IT 113). 

Apparatus ; — Balances (b) ; Candle ; Clock ; Galvanom- 
eter (astatic) ; Kerosene Lamp ; Optical Bench ; Thermo- 
pile ; Weights (g). II. U. Adv., 99. 

Review Exp. 27 B ( II. U. Elem., 34 = 11. U. Adv., 32). 
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LIGHT. 

Review Exps. 30 B, 31 B, 32 B, 33 B (H. U. Elem., 35- 
37 = IL U. Adv., 41, 42, 43, 45). 

31 C. Find the zero-reading of a sextant (H 123). Read 
§§ 31, 32, 97. 

Apparatus : — A Sextant. H. U. Adv., 35 I. 

32 C. Find by a sextant the angular semidiameter of the 
sun (K 124, I.). 

Apparatus : — A Sextant. H. U. Adv., 35, II. 

33 C. Find by a sextant the distance of a terrestrial ob- 
ject of known magnitude (% 124, II., and H 136). 

Apparatus : — A Sextant H. U., omit 

34 C. Find the latitude and longitude of a place (^H 242, 
243, Tables 44 A-44 G). 

Apparatus : — An Artificial Horizon and a Sextant. 

H. U., omit. 

35 C. Find by a sextant the three angles of a prism 
(IF 125, L). 

Apparatus: — A small Prism and a Sextant. 

H. U. Adv., 51. 

36 C. Find by a spectrometer the three angles of a prism 
(H 126). 

Apparatus! — A small Prism; a (kerosene) Lamp; a 
Spectrometer. H. U. Adv., 50. 

37 C. Find the angle of minimum deviation for a ray of 
sodium light passing through a prism angle of known magni- 
tude (HH 126, 127). Read H 128, and § 102. 

Apparatus : — Prism (used in No. 36 C) ; Sodium flame 

(with slit) ; Spectrometer (or sextant). 

H. U. Adv., 52. 

38 C. Find the distance between the lines of a diffraction 
grating (1 130). Review § 100. Read § 101 and H 129. 

Apparatus: — Diffraction Grating: Sodium flame (with 
slit) ; Spectrometer (or sextant). H. U., Extra. 
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SOUND (Read §§ 02 and 96). 

Review Exps. 36 B and 37 B (H. U. Elem., 28 and 31 = 
H. U. Adv., 26 aud 22). 

39 C. Find the pitch of a taning-fork by the toothed wheel 
(K144). Read 11145. 

Apparatus : — A Toothed Wheel Apparatus, and a Tun- 
ing-fork (C = 64). II. U., Extra. 

40 C. Find the musical interval between two tuning-forks 
by means of a monocbord (IF 133 III). Read % 134. 

Apparatus: — A Monocbord and 2 Tuning-forks (A = 
216 to 220, C= 256). See note under 64 A, First List of 
Experiments, Appendix VL H. U. Adv., 24. 

41 C. Find by Lissajous' curves (IT 143) the musical 
interval between 2 C-forks 2 '* octaves " apart ; also find the 
musical interval between the higher of these forks and a G^ 
fork, two " octaves " and a ** third " below it. Read HH 134 
and 142. 

Apparatus: — Lens (small); 3 Tuning-forks (C = 256, 
C= 64, 0^ = 51.2). (Kerosene lamp for smoking, and 
sealing wax.) 

See Note under 65 A, First List of Experiments, Appen- 
dix VL H. U. Adv., 29. 

42 C. Find the pitch of a set of forks, covering a known 
musical interval, by the method of beats (K 141). Read 
H 140. 

Apparatus : — A Clock and 5 Tuning-forks ; G5 = 51.2, 
A = 54, A« = 57, B = 60, C = 64. H. U. Adv., 25. 

See Note under 66 A, First List of Experiments, Appen- 
dix VI. 

43 C. Find the pitch of the note due to longitudinal vibra- 
tion in a wire (% 248; I.), either by a pitch-pipe (Fig. 273), 
or (in the absence of a musical ear) by a resonance tube 
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(f 132, and IT 134, II.). Calculate the velocity of sound Id 
the wire (IT 248). 

Apparatus : — A Pitch-pipe (or Resonance Tube) ; Tape 
measure; Wires; Cloth, resin, etc. II. U. Adv., 27. 

44 C. Find the pitch of the note due to torsional vibra- 
tions in a wire (IT 248, II.), either by a pitch-pipe or by a 
resonance tube. Calculate the velocity of these torsional 
vibrations in the wire. 

Apparatus : — A Pitch-pipe (or Resonance Tube) ; Tape 
measure ; Wires ; Cloth, resin, etc. H. U., £ztra. 



DYNAMICS (Read §§ 28, 29, 111. If 138). 

45 C. Find the length and time of oscillation of an irro- 
tational pendulum (1[ 151, II.). Read If 150 and IT 152, §§ 40 
and Gl. Obtain g from table, f 153. 

Apparatus : — Clock ; Gauge (vernier) ; Metre Rod ; Pen- 
dulum (irrotational). H. U. Adv., 17. 

46 C. Find the coefficient of torsion of a wire by a torsion 
balance (f 165). Read § 12; review §§ 13 and 116. 

Apparatus : — Gauge (micrometer) ; Metre Rod ; Torsion 
Balance; Torsion Head; Weights {eg). H. U., Extra. 

47 C. Find Young*s modulus of elasticity for a wire 
(f 167). Review § 114. 

Apparatus : — Gauge (micrometer) ; Micrometer (electric) 
Tape measure ; Weights (Jcg) ; Young's Modulus Apparatus. 

II. U. Adv., 54. 

48 C. Find the surface tension of water by means of the 
capUlary tube of No. 16 C (H 169, II.). Read f 170. 

Apparatus: — Beaker; Capillary Tube; Metre Rod; 
Thermometer. H. U. Adv., 55 I. 
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ENERGY (Read §§ 14, 15, 117-121). 

49 C. Find the coefficient of hydraulic " resistance " for a 
rubber tube (T 172, page 378). Calculate the coefficient of 
friction for water. 

Apparatus : — Balance (rough) ; Blocks ; Clock ; 2 Jars ; 
Weighte (kg). H. U., omit, 

50 C. Find the efficiency of a water motor (T 174). Read 
ir 175. Read §§ 14, 15, 117, 118. 

Apparatus : — Balance (rough) ; Clock ; 2 Spring Bal- 
ances ; Jar ; Tape measure ; Water Motor (with pressure 
gauge) ; Weights (kg). H. U., omit. 

51 C. Find (roughly) the mechanical equivalent of heat 
by means of lead shot (T 177, first paragraph). Read If 176 
and IT 178. 

Apparatus : — Pasteboard Tube (with corks) ; a Thermom- 
eter and some Lead Shot H. U. Adv., 65. 

MAGNETISM. 

52 C. Find the attraction and repulsion between two par- 
allel magnets at a given distance (^ 180). Estimate the 
strength of the poles (IT 181). Read §§ 17, 129. 

Apparatus : — Balance (a) ; Blocks (cu. cm) ; Gauge (ver- 
nier) ; 3 Magnets (compound) ; Weights (eg). 

H. U., Extra. 

Note. In this and in following experiments, the distance 
between the poles of the (short) compound magnets may be 
called equal to -j^^ the length of the magnet. See IT 179. 

53 C. Find the couple exerted by the earth's magnetism 
upon 3 magnets by means of torsion (T 182). Estimate ** H." 

Apparatus: — 3 Ma<?nets (compound) ; Torsion Head and 
Wire tested in No. 46 C. ; Wax and pins to serve as sights. 

II. U. Adv., 67. 
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54 C. Find the deflection of a compass needle due to mag- 
nets of known strength (from No. 52 C.) at a given distance 
(ir 183). Read ff 184, 185. Estimate " H." Calculate 
the true value .of "H '* from the estimates in Nos. 53 C. and 
54 C. 

Apparatus: — Compass (surveying); Magnets (compound); 
Metre Rod. H. U. Adv., 68. 

55 C. Find the distribution of magnetism on a magnet by 
the method of vibrations (IT 186). Plot a curve (Fig. 205). 
Estimate the distance between the poles. 

Apparatus : — Clock ; Magnet (vibrating needle) ; Magnet 
(long bar) ; Metre Rod ; Test Tube. H. U. Adv., 66. 

56 C. Find the distribution of magnetism on a magnet by 
means of an induction coil (f 189). Plot the curve and esti- 
mate the distance between the poles as in No. 55 C. Read 
irir 187 and 188. 

Apparatus: — Galvanometer (astatic); Helix (sliding); 
Magnet (long-bar) ; Metre Rod. H. U. Adv., 69. 

57 C. Find the magnetic dip by the earth-inductor 
(f 192). Read ff 190, 191, and § 147. 

Apparatus : — Earth -Inductor ; Galvanometer (astatic, 
loaded so as to answer for a ballistic galvanometer), and a 
Level. H. U. Adv., 70. 



ELECTRICAL CURRENT MEASURE (Read §§ 18, 19, 

130-133). 

58 C. Find the constant and reduction factor of a single 
ring tangent galvanometer (%% 198 and 199, formulae (5) 
and (6)). 

Apparatus : — A Galvanometer (S. R.), a Gauge (long ver- 
nier), and a Tape Measure. H. U. Adv., 71, L 
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59 C. Find the redaction factor of a double-ring galva- 
nometer by the method of comparison (K 201). Read ^ 200. 

Apparatus: — Battery (2 Daniell) ; 2 Commutators; 2 
Galvanometers (S. R. and D. R.), and connecting wire. 

H. U. Adv., 73. 

60 C. Find the reduction factor of an ammeter by the 
method of comparison (H 210). 

Apparatus : — An Ammeter ; Battery (2 or 3 Bunsen) ; 
2 Tangent Galvanometers (S. R. and D. R.). 

II. U. Adv., omit 

61 C. Find the reduction factor of an astatic galvanome- 
ter with shunt, by the method of comparison (If 201), as in 
99 A (First List of Experiments, Appendix VI.). Note what 
plugs are removed from the rheostat, also the length, diame- 
ter, and material of the shunt. If the resistances M^ G, and S 
of the rheostat, galvanometer, and shunt are known, calculate 
the reduction factor of the galvanometer without the shunt 
from that of the combination (Z), by the formula 

Apparatus: — A Battery (1 Daniell); 2 Galvanometers 
(astatic and D. R.) ; a Gauge (micrometer) ; a Metre Rod ; a 
Resistance-box ; 1 metre of German silver wire (about No. 
25 B. w. G.). II. U. Adv., 86. 

62 C. Find the reduction factor of a dynamometer by 
comparison with a single-ring galvanometer (T 204). Read 
If 202. Let C be the current indicated by the galvanome- 
ter, and a the angle of torsion in the dynamometer ; then the 
reduction factor (/>) is 

Apparatus : — A Battery (3 Bunsen or 6 Daniell) ; 2 Com- 
mutators; a Dynamometer; a Galvanometer (S. R.), and 
connecting wires. H. U. Adv., 98, I. 
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63 C» Fiud by measurement the reduction factor of a 
dynamometer (f 203). Read §§134, 135. Review § 116. 
Use the formula 

^ KA 
Calculate the current C in No. 63 C. by the formula 

then find /and /Tas in If 204. 

Apparatus : — A Dynamometer ; a Gauge (vernier long) ; 
[a Torsion Balance, and Weights {eg)'], 

H. U. Adv., 98, 11. 

64 C. Find the reduction factor of a galvanometer by the 
electro-chemical method (H 205). Calculate *' H '* (H 206). 
Read § 142. Review §§ 143, 144. 

Apparatus : — Balance (a) ; Battery (1 Daniell) ; Clock ; 
Commutator ; Galvanometer (S. R.) ; Weights (c^), and 
a spiral of copper wire. H. U. Adv., 71, 11. 



ELECTRICAL RESISTANCE (Read §§ 20, 136, 137). 

65 C. Find the electrical resistance of a coil of wire by 
the method of heating (HIT 212, 213). 

Apparatus : — Balance {b) ; Battery (2 Bunsen) ; Calorim- 
eter ; Resistance-coil ; Stirrer ; Thermometer ; Weights {g), 

H. U. Adv., 78. 
Review Exp. 58 B (Elem. 44 = Adv. 76). 

66 C. Find the electrical resistance of a conductor by 
means of a differential galvanometer (^ 216). 

Apparatus: — Battery (1 Daniell); a Galvanometer (as- 
tatic with differential connections) ; the Helix of No. 56 C. ; 
a Key ; and a Resistance-box. H. IT. Adv., ^b. 
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67 C. Find gross errors (if any) in a resistance-box by 
means of a Wheatstone's Bridge (f 217). Use as a (rough) 
standard of comparison the resistance-coil tested in No. Qo C. 
Read §§ 42 and 141. Review § 45. 

Apparatus : — B. A. Bridge ; Battery (1 Dauiell) ; Gal- 
vanometer (astatic) ; Resistance-box and Resistance-coil. 

H. U. Adv., 81. 

68 C. Find by Wheatstone's Bridge the resistance of the 
shunt used in No. 61 C, and calculate the specific resistance 
of the material of which it is made (IF 219). Read 
f 217. 

Apparatus : — B. A. Bridge ; Battery (1 Daniell) ; Gal- 
vanometer (astatic), and Shunt. H. U. Adv., 82. 

69 C. Find the resistance of the galvanometer used in 61 
C by Thomson's method (f 220). Read f 221. 

Apparatus: — B. A. Bridge; Battery (1 Daniell, shunted); 
Galvanometer (astatic) ; Key ; Magnet (small compound) ; 
Resistance-box. H. U. Adv., 90. 

70 C. Find the resistance of a battery by Mance's method 
(If 222). Read H 222 a. 

Apparatus : — B. A. Bridge ; a Battery (1 Daniell) ; a 
Galvanometer (astatic) ; a Key ; a Magnet (compound, 
small) ; and a Resistance-box. H. U. Adv., 89. 

71 C. Find the resistance of a tangent galvanometer by 
the use of a shunt (f 223, I.). Read f 224, 1. 

Apparatus : — Battery (1 Daniell) ; 2 Galvanometers 
(S. R. and D. R.) ; Resistance-box (or shunt). 

H. U., Extra. 
Review Experiment 60 B (Elem. 45= Adv. 77). 

72 C. Find the resistance of a battery by Ohm's method 
(1[ 225). Review § 138. 

Apparatus : — A Battery (1 Daniell) ; a Galvanometer 
(S. R.), and a Resistance-box. H. U. Adv., 75. 
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Note. The battery cell should be marked so that it can 
be identified later on. 

73 C. Find the resistance of a battery by Thomson's 
method, as in 113 A (First List of Experiments, Appendix 

VI.). 

Apparatus : — Battery (1 Daniell) ; Galvanometer (as- 
tatic) ; Resistance-box, and shunt. H. U. Adv., 88. 

74 C. Find the resistance of a battery by Beetz' method 
(f 229). Read ff 226-228. 

Apparatus : — 2 Batteries (2 Daniell, 1 Leclanche) ; Gal* 

vanometer (astatic) ; 2 Keys ; Resistance-box. 

H. U. Adv., 91. 

ELECTROMOTIVE FORCE (Read §§ 21 and 139; Review 

§§ 137, 138, 145). 

75 C. Find the electromotive force of a battery by the 
method of opposition (1 230 (7)). Use 5 or 6 Daniell cells 
and 3 Bunsen cells in series, with an astatic galvanometer and 
resistance box. Estimate the electromotive force of the 
Daniell cells from that of the single cell tested in No. 72 C. 
(see f 230 (2)). From this find that of the Bunsen cells. 
Read §41. 

Apparatus : — Named above. H. U. Adv., 93. 

Note. See note under 115 A (First List of Experiments, 
Appendix VI.). 

76 C. Find the electromotive force of a Bunsen cell by 
Wiedemann's method (IF 231). 

Apparatus : — 2 Batteries (1 Bunsen, 2 Daniell) ; a Gal- 
vanometer (S. R. or D. R). H. U. Adv., 95. 

77 C. Find corrections for a volt-meter (f 234). Plot 
the results (Fig. 2 GO). 

Apparatus: — B. A. Bridge; Battery (2 Daniell); 
Galvanometer (astatic with extra slider) ; and a Resistance- 
box. H. U. Adv., 92. 
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78 C. Find the electromotive forces of a Bunsen and a 
Leclanchc cell by a volt meter (% 235). 

Apparatus: — Batteries (1 Bunsen, I Leclanchc, &c,)i a 
Galvanometer (astatic), and Resistance-box. 

H. U. Adv., 94. 

79 C. Find the electromotive force of a Daniell cell bj 
PoggendorfiTs absolute method {% 237). 

Apparatus : — 2 Batteries (1 Daniell, 1 or 2 Bunsen) ; 
2 Galvanometers (astatic and S. K or D. B.) ; Resistance- 
coil (in calorimeter). U. U. Adv., 96. 

80 C. Find the efficiency of an electric motor (% 238). 

Apparatus : — 2 Balances (spriug) ; Battery (2 or 3 Bun- 
sen) ; Clock ; 2 Galvanometers (astatic and S. R. or D. K) ; 
Motor (electric, small) ; Revolution Counter ; Resistance- 
box. U. U., omit. 

The ^' third list " of experiments given above contains GO 
regular and 10 ''extra" experiments. The latter are in- 
tended to take the place of 10 advanced experiments, the 
principles of which have probably been anticipated in an ele- 
mentary course. The corresponding experiments in the ele- 
mentary course are marked for review, with references to the 
Harvard elementary pamphlet, and to the '' second list '* ( B, 
Appendix VII.), where they may be found. The student will 
do well in any case to prepare himself for examination upon the 
principles of these 10 elementary experiments, which together 
with the GO regular experiments of the " third list '* are 
thought to cover the ground of 66 of the 100 experiments in 
Physical Measurement published by Harvard University, 
June, 1890. 

The 66 experiments have been selected as follows : — 
13 in Mechanics and Hydrostatics ; Nos. 2-4, 7-15, and 
17. 
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6 in Soand ; Nos. 22, 24-27, and 29. 

9 in Light ; Nos. 32, 35, 41-43, 45, and 50-52. 

19 in Heat; Nos. 53-58 ; 60-71, and 73. 

19 in Magnetism and Electridtj; Nos. 75-78, 81-82, 
85-86, 88-96, and 98-99. 

The exact correspondence between these 66 experiments 
in *^ advanced physics " and those contained in the '^ third 
list ** designated by the letter C is shown by the table below. 
The experiments marked B. are those taken from the *^ second 
list" (Appendix VII.). It is understood that these experi- 
ments are to be offered for admission to Harvard College either 
in elementary or in advanced physics. In the former case, 
they should be replaced by an equal number of experiments 
marked ^^ extra " in the ^ third list," in order to meet the 
college requirements for admission in Advanced Physics. 



HarraTd 
Ad?., Na 



2 
8 
4 

7 

8 


10 
11 
12 
13 
14 
15 
17 
22 
24 
25 
26 
27 
29 
82 
35 1. 
85 II. 
41 
42 



Third List, 


Harvard 


No. 


Ad?., No. 


12 C 


43 


13 C 


45 


14 C 


50 


3C 


51 


4C 


52 


IC 


53 


5C 


54 


7C 


551 


6C 


55 II. 


8C 


56 


IOC 


57 


9C 


58 


46 C 


60 


37 B 


61 


40C 


62 


42 C 


63 


36B 


64 


43C 


65 


41 C 


66 


27 B 


67 


31 C 


68 


32 C 


69 


32B 


70 


31 B 


711 



Third List, 
Na 



83B 
30B 
86 C 
35C 
37 C 
18 
47 C 
48 
16 
17 
21 
20 
23 
24 
25 
25B 
27C 
51 C 
55 C 
53 C* 
54C 
56C 
57 C 
58C 



C 
C 
C 
C 
C 
C 
C 
C 



Harvard 
Ad?., No. 



71 II. 

78 

75 

76 

77 

78 

81 

82 

85 

86 

88 

89 

90 

91 

92 

93 

94 

95 

96 

98 1 

98 II. 

99 



Third List, 
Na 



64C 
59 C 

72 C 
58B 
60B 

65 C 
67 C 
68C 

66 C 
61 C* 

73 C 
70 C 
69 C 

74 C 

77 C* 

75 C 

78 C* 

76 C 

79 C* 
62 C 
63C 
30C 



* Cases of only approximate corresDondence 



> « ^ «. .' 



* * - 
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This and the preceding lists of experiments have 
been prepared by the author with the view of satis- 
fying both the letter and the spirit of the latest Har- 
vard requirements (1890-1891). In view, however, 
of the frequent and extensive changes which have 
taken place in these requirements, teachers will do 
well to consult members of the physical department 
before deciding what particular experiments they 
propose to have their pupils offer for admission to 
the University. 
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AVERAGES OP VARIABLE QUANTITIES. 

The average value of a variable quantity is frequently re- 
quired in physical measurement, as, for instance, in cases 
where the average atmospheric temperature or pressure affect 
the results. If a sufficient number of observations be taken 
there is no especial difficulty in computing their average ; 
but the average of a variable quantity can be found in gen- 
eral only through formulae established by the differential and 
integral calculus. It is doubtful whether experiments in- 
volving the use of such formulae should be included in an 
elementary course ; but if included, every effort should be 
made to explain the formulae to the student 

The teacher may, in certain cases, find it advisable to an- 
ticipate some of the principles of the calculus rather than to 
defer an experiment until these principles would naturally be 
explained. This, however, is not generally necessary. 

It will be seen from the following demonstrations that the 
averages of variable quantities may be obtained in a great 
many cases by simple arithmetic, algebraic, or geometric 
processes without the aid of the calculus, and when so ob- 
tained can be tabulated and employed in place of the integrals 
to which they correspond. 

33 



1098 APPENDIX IX. 

It is important to present new problems in their simplest 
possible form. The ideas involved in processes of averaging 
are not onlj more familiar, but also simpler than in integra- 
tion ; for the integral is a quantity which necessarily (unlike 
the average) differs in hind from the quantity operated upon. 
The Use of averages will be found, accordingly, to have cer- 
tain marked advantages over the use of integrals for the 
purposes of elementary demonstration. 

(a) Numerical Averages, The average of a given number 
of terms is defined as the sum of the terms divided by that 
number. It may be assumed that students are already famil- 
iar with arithmetical processes by which averages are ob- 
tained. The same processes may be extended to cases in 
which it is desired to find the average of numerical functions, 
provided of course that all the values to be averaged are 
finite, and limited in number. 

The average of all integral numbers between and 10 in- 
clusive is, for instance, 5 ; the average of the squares of these 
numbers is 35 ; the average of the cubes of these numbers is 
275. A slightly different result would be obtained if inter- 
mediate values of these functions were also averaged. If, for 
instance, every integral number of tenths were considered, 
the average of the numbers would be 5 as before ; but the 
average of the squares would be 33.5, and the average of the 
cubes 252.5. 

If now we should consider every integral number of hun- 
dredths, the average would become 33.3 -f- and 250 -(- re- 
spectively. The same would be true if we considered 
thousandths or millionths of a unit. It would appear, accord- 
ingly, that the numbers which we have found represent with 
an increasing degree of accuracy the average value of the 
square and the cube of a quantity varying by small but 
equal steps between the values and 10. 
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(J) Limits of Error, The truth of this statement is capa- 
ble of demonstration. The average value of the square of 
a quantity between and 1 cannot, for instance, be greater 
than 1 (the maximum value), nor less than (the mini- 
mum value). In the same way the average value of the 
square of all numbers between 1 and 2 cannot be greater 
than 4 nor less than 1, &c. It follows that the mean 
square of a continuous variable between the values and 10 
cannot be greater than the average of the squares 1, 4, 9, 
16, 25, 36, 49, 64, 81, and 100, nor less than the average of 
the squares 0, 1, 4, 9, 16, 25, 36, 49, 64, and 81. That is, 
this mean square is necessarily greater than 28.5, and less 
than 38.5 ; hence equal to 33.5 within 5 units. 

In the same way, by considering all possible numbers be- 
tween and 10 which can be expressed by an integral num- 
ber of units and tenths, it can be proved that the mean square 
in question is equal to 33.335 within 5 tenths of a unit ; and 
a still closer approximation is obtained by considering aver- 
ages through intervals of one hundredth of a unit each. 

The mean cube of a continuous variable between given 
limits can be found in the same way with any required de- 
gree of accuracy by purely arithmetical processes. The same 
methods are applicable to the case of any function whatso- 
ever — always excluding the case of infmite or imaginary 
values. This fact may be made use of for the purpose of 
demonstrating to a class in elementary physics the value of 
certain mathematical constants which are usually determined 
only by the aid of higher mathematics. An example will be 
found in section g of Appendix X., relating to Probable 
Error, in which the " Coefficient of Probability " is deter- 
mined roughly in this way. 

(c) Average of a variable x. The use of purely arithmet- 
ical processes is confined to cases in which quantities are to 
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• 

be averaged between given limits. It has been shown, for 
instance, that the average of all the numbers between and 
10 inclusive is 5. It will be found that the average of all 
numbers between and 100 inclusive is 50, &c The ques- 
tion naturally arises, is the average of all numbers between 
and a given number cdways equal to one half of the given 
number ? 

Let us call the number n ; then there are n terms to be 
averaged. The first is ; the last is n ; these two give an 
average of (n -(- 0) -r- 2 = J n. The second (1) and next 
to the last (n — 1) give similarly an average ((n — 1) -j- 1) 
-^ 2 = ^ n. The numbers can evidently be thus combined 
in pairs; each avera^ng ^ n, until, if n is even, all the num- 
bers are paired off ; or if n is odd, a single number (^ n) re- 
mains. Obviously the average of all these averages is in any 
case ^ n ; hence this must be the average of all the numbers. 

The same result would be obtained if we considered tenths 
or hundredths of a unit. We should have a greater number 
of pairs to be averaged, but as the value of each is \ n, the 
average would be the same. We conclude, therefore, that the 
average value of a variable x between the value and n is 
always equal to ^ n. 

{d) Notation of Averages. The result obtained in the last 
section may be expressed as follows : — 



n , 

X ^ (1) 

The line placed above the letter x denotes that an average is 
to be taken, and the limits of this average are indicated by 
' the two values placed one at each end of the line. In such 
expressions variable quantities are customarily denoted by 
letters near the end of the alphabet (especially x, y, and r), 
while other letters, like numerals, denote constant quantities. 
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(c) Geometrical Proof; The area of a rectangle is found 
by multiplying together the base and altitude of the rec- 

V tangle. The areas of 
other figures may sim- 
ilarly be found by 
multiplying together 
^ the base and average 
altitude of the figures. 
Thus the area (A) of 
an Isosceles right-angle 
triangle ABC is equal 
to the product of the base (AB = a^ z= a) and its average 
altitude x'=,7if. That is : 




-a 



^ = 



X a' 



Now by geometry — 

A = \ay^a'\ 
hence, as before — 



X =ia. 

(/) Average of ar*. The 
volume of a rectangular 
block is found by multiply- 
ing together the cross-sec- 
tion and altitude of the 
block. In the same way 
the volume of other figures may be found by multiplying to- 
gether the average cross-section and the altitude of these 
figures. Let the altitude of a pyramid ABODE be a, and 
its base a' X o!^ = ct^ ; then the cross-section of the pyramid 
at a distance x from the apex (-4) is a/ X ai" = ^' The vol- 
ume V is therefore — 
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a 



V= x" X a. 
Now by geometry — 

¥-:=. J m" X «; hence 



a 



x^ = i a«. (2) 

We have already seen that the average of the squares of 
numbers from to 10 is approximately equal to 33 J, and 
that when the squares are taken closer and closer together, 
there is a still closer approach to this value. The formula 
(2) shows that when all possible intermediate values are con- 
sidered, the average is exactly 33^. It also shows that in 
general the average value of the square of a quantity up to 
a given value is equal to one third of the square of this 
value. 

(g) Mechanical Proof. To find the volume of a small 
prism, we multiply its length (/) by its (uniform) cross- 
section (q). To find the mass (m) of the prism, we multiply 
the result by the (uniform) density of the prism {d). To 
find the moment (Af) of the prism about a distant point (o) 
in line with the axis of the prism, we multiply the result by 
the (nearly constant) arm (a) in question. That is — 

M=lX qX rfXo (nearly). 

Now if c is the distance from the centre of gravity to the 
point 0, thd moment of the prism about o is by definition — 

Mz=: m X c; 
hence we have — 

m X c = I X 9 X d X a; or 

czzzqXdX aXl-^m. 
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In a similar manner, the centre of gravity of anj figure with 
respect to a given axis, is located by multiplying the quotient 
of the length of the figure by the mass into the average 
product of the cross-section, density, and arm corresponding 
to regularly increasing distances along the axis. 

The distance from the apex A to the centre of gravity (0) 
of an isosceles triangle ABC^ with base a and altitude a, 
and unit thickness and 
density throughout is 
found, accordingly, by 
averaging the prod- 
ucts of the distances 
X from the apex by 
the cross-section, also 
equal to x, multiply- 
ing by the (vertical) 
length a, and divid- 
ing by the mass, 
i a\ That is — 



B 




AO 



a 



z^ -r- (4 a* -i- a) = 



a 



-i- ia. 



Now the centre of gravity of a triangle must lie at the 
common intersection of three lines, A 0, BO, and CO, which 
bisect the sides BC, AG, and AB; for if the triangle be cut 
up into a series of bars parallel to either of the sides, each 
bar will balance about an axis which bisects it ; hence the 
triangle as a whole must balance about such an axis, and 
this axis must contain the centre of gravity. Now the 
three lines in question can be shown by geometry to inter- 
sect at a point 0, such that AO =^ ^ a. Hence we have, 
substituting, — 
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a 



- 



a 



or as before 



(A) Average of 7?. In the same way the centre of grav- 
ity {0) of a pyramid ABGDy with altitude a, base a\ and 

A 




density 1, is found by multiplying together the distances x 
and the cross-section x^^ and dividing the result by the ratio 
of the mass {\ a*) to the altitude (a). That is, 



a 



A0= 7^ ^ (J a» -^ a) = ar» -5- J a«. 

Now a pyramid must balance about any one of the four 
axes, ilO, BOy CO, or DO, passing through the centre of 
gravity of the four sides, and hence through that of every 
section parallel to their sides ; and since by geometry AO =• 
I a, we have substituting — 



i 
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a 



X* -s- 5 a^ ^ I a ; or 



a 



y? =\a\ 



(3) 



(t) Average of a^. Let ABC be an isosceles right trian- 
gle, with density along the line ^Cand density of ~^ at a 
distance x from AC 
measured either hori- 
zontally or vertically ; 
then we have seen that 
the centre of gravity 
of a horizontal or ver- 
tical section of the tri- 
angle is (if n = 1, 2, 
or 3) at a point such 
that the distance be- 
tween it and AB or 
BO is to the distance 
between it and AC 
as 1 : n. The centres 
of gravity of all sections lie, therefore, on the lines AE or 
CD, dividing the sides BO and AB in the same proportioi^. 
so that — 

BE: EO::BD:DA :: 1 : n. 

The centre of gravity of the triangle is therefore at the in- 
tersection G oi AE and CD. Drawing BG and, parallel 
to ity EH and DF, we have by similar triangles — 

GHiJIC:: GF:FA::l:n. 

Now by construction the triangles BGE and DGFsltb equal; 
hence GE=z GF= FA-^n.im^ DG=GH= HC -^n. 
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It follows that the distance of the centre of gravity from the 
base of the triangle is to the distance of the apex from the 
base as GE : AE, or 9a GE i AF -^^ FG + GE, or as 

-: 1 + -+-, orasl :n + 2. 

Denoting the altitude of the triangle by a, we have, there- 
fore, fo* the vertical distance d of the centre of gravity from 
the apex — 

n + l 

Now applying the ordinary methods we find the average 
density of a horizontal cross-section to be — 



a^-^ = 



a* 



-1 



n 



which multiplied by the cross-section (x) gives — for the 

n 

mass of the cross-section. The total mass is therefore (if 
n= 1, 2, or3) — 

a 

aX — = 



n n(fi-\- 1) 

The ratio of the mass to the altitude is — 

;* (n+1) -^ « = n(n+ l)' 
The moment of a given section about the apex is — 

3.U ^.n+l 



XX - = 



?i n 



The distance of the centre of gravity is accordingly — 
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d = 



aj»+i 



a* 



n 



=!L±i 

n (n + 1) n + 2 



a. 



It follows that — 



a 



n+ 1 a 



n 1 



It has been proved that if n = 1, 2, or 3, 



a 



3^ = 



a" 



n+ 1* 



it follows that tlie same expression holds good forx°+^; 
hence it holds for x^ , hence for ar^, &c. In other words, we 
have in general (for positive integral powers of n), 



a 



of = 



a' 



(4) 



n + 1 




{j) Average of Trigonometric Functions, Passing now 
to the case of a circle of radios, r, and area, A, which we con- 
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sider as the product of its diameter (2r) and average cross- 
section (2 y = 2 y' r^ — ar*), we find — 

-r +r 

A = irr^=2rX 2 y' (r» — ar*) 

whence, dividing through by 4 r, 



{r' — ^)\ 



-f- ^ = 



TT r 



(5) 



Again, from the properties of the circle we have sin^ x -\- 
cos* a = 1 ; hence 



sin^ X -|" C08^ X = 1. 
Now sin 0° = cos 90** ; sin 1** == cos 89°, &c Hence, 



0° 

and we have — 

0° 



sin^ X 



W 



0* 



cos^x 



90 



Sin' X 



W 



0' 



0' 



W 



cos* X 



W 



(6) 



sin* X -[- cos* a: ^ 

The results already obtained are sufficient to illustrate cer- 
tain methods by which functions may be averaged without 
the aid of the calculus when, through geometrical construc- 
tion or otherwise, the averages of similar functions are 
known. 



f 
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PROBABILITY OF ERRORS. 

(a) Definitions. The observed value (o) of a qnaDtity 
differs, as has been pointed out in § 156, from the true value 
(a) ^y A° amount (e) which is called the error of observa- 
tion. Let the errors in a series of n observations be distin- 
guished by subscript numerals, then the average error, 0, is 
defined by the equation 

~e = [2](ei + ej + ^8 + • • • + O -^ »»» (}) 

where the sign [2] indicates that the numerical values of the 
errors are to be added together without regard to algebraic 
signs. 

The mean square of the errors (e^) is defined by the 
equation 

? = 2(ei» + ^,^+e3'+ . . . +0-^«. (2) 

The " error of the mean square " (e) is defined simply as 
the square root of the mean square of the errors ; that is 



In a long series of observations in which the errors are 
due to a great number of causes combining together in every 
possible way, the " probable error " is defined as one which is 
neither greater nor less than the majority. That is, if the 
errors are arranged in the order of their magnitude (without 
regard to signs), as follows, — 

^0» ^l» ^2> ^8 • • • ^p» ^p-fl> ^p4-2i ^P+8» • • • ^ii» 

the " probable error," «p, is defined by the equation — 
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p=zin. 



(4) 



The '' coeficient of probability/' w, is defined as the ratio 
of the prolable to the mean error ; that is, 



TTC. 



(5) 



This definition is customarily extended to the case of short 
series of observations. In such cases the equation serves, 
however, to define the probable error, not the coefiicient of 
probability. The value of this coefficient will be determined 
roughly in the course of the following elementary investiga- 
tion (see (g)). 

(b) Distribution of errors. The simplest case in the the- 
ory of errors is one in which practically a single source of 
error exists. Let us take as an example the indication of 
a spring balance which (from rust or other causes) is affected 
by friction much more than by any other cause. If the 
pointer of such an instrument be pulled down to a given 
reading, the reading is generally too small. If the pointer 
is first pulled down too far, then allowed to recover, the indica- 
tion is generally too great. We will suppose for simplicity 
that the error is 1 unit in each case, — a kilogram for in- 
stance; then the average error, the mean square of the 
errors, and the error of the mean square, are all by definition 
equal to 1. 

Now let it be required to find the weight of a body which 
rests, as in ^ 159 (1) upon two such spring balances. Let us 
suppose that each balance is pulled down to a given reading 
in one half of the observations, but allowed to recover to 
the reading in the other half of the observations. Let us 
suppose, moreover, that the two balances are treated first in 
the same way, then in opposite ways. It follows that in one 
half of the observations the errors due to friction in the bal- 
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ances will offset each other ; but that in the other half, they 
will combiDe together so as to give a resultant ± 2. 

In point of fact, when a weight is thrown upon a spring 
balance, it usually makes several oscillations before it comes 
to rest There is accordingly a (nearly) equal chance that 
the pointer may be arrested by friction either above or below 
its mean resting-point. We may assume, therefore, that in 
(about) half of the observations the readings will be in- 
creased, in the other half diminished by friction. Let us 
first consider those observations in which the readings of one 
spring balance are too great. In the absence of any neces- 
sary reason why the readings of the second spring balance 
should be affected by those of the first, we may assume that 
these readings are also too great in about half the cases 
under consideration, — that is, one fourth of the total number 
of cases, — and too small in the remaining fourth. In the same 
way, by considering that half of the observations in which 
the readings of the first spring balance are too small, we find 
a third fourth in which the readings of the second spring 
balance are also too small, and a fourth fourth in which they 
are too great We find as before that the errors offset each 
other in one half (or two fourths) of the observations, and 
that they combine together in the other half. That is, the 
distribution of errors due to chance is (nearly) the same as 
that in which care is taken to bring about with equal fre- 
quency every possible combination. 

The four ways in which two sources of error, each equal 
to ± 1, may combine together, may be written as follows : 

^ = -fl-fl= + 2; e = — l-fl = 0; 
5= + 1 — 1 = 0; Z)=— 1 — 1= — 2. 

Each of these combinations differs from the next simply in 
the fact that the sign of one error is reversed. It is always 
assumed in the treatment of accidental errors that positive 
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and negative errors are equally probable.^ It follows that 
each of the combinations named above is just as probable as 
the next ; hence all are equally probable. 

Now let us consider a third source of error, — a body, for 
instance, suspended in parts from three spring balances. 
Each of the four combinations named above gives two, in one 
of which the resultant is increased, in the other diminished by 
the new source of error. There are accordingly 8 combina- 
tions in all, namely, 

a = J+l=+3; e=(7+I=+l; 

^ + .4 — 1=+1; f=C—l=—l; 

c = ^+l = +l; ffz=I)-]-l= — l; 

d+B—l=—l; h = l> — l= — 3; 

In one case the resultant is -f~ ^^ in ^ cases -|- 1^ in 3 cases 
— 1, in 1 case — 3. 

We come next to four sources of error. Each of the pre- 
vious 8 combinations yields 2, so that there are 16 in all, 
namely, 

a-fl=4 + 1=2 6+1 = 2 ^+1=0 

a— 1=2 c — 1=0 c — 1=0 ^— 1 = — 2 

b+l=2 rf+l=0 /+1=0 A + l=— 2 

b—l = d—l= — 2 /_1= — 2 A — 1= — 4. 

In 1 case we have a resultant + 4, in 4 cases +2, in 6 cases 
0, in 4 cases — 2, in 1 case — 4. 

(c) Table of Combinations. In the same way, by purely 
arithmetical processes, the distribution of errors due to any 
number of sources may be obtained. The results already 
calculated for the case of 4 sources of error are compared in 

^ If this were not the case we should have a constant error as 
the result. It is supposed that all constant errors arc eliminated. 
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the table below with similar results corresponding respect- 
ively io 16 and to 100 sources of error. 



Magnitude 


No. of con 


ibinatioDB giving a rest; 


dtant of tl 


lis 


Uagnitnde 


of the 




magoitude when the 






of the 


Error. No. 


of sources s 4. 


Na of sources s 16. 


NoofsooroesBilOO. 


Error. 





6 


12870 


1009 X 10» 





+2 


4 


11440 


989 


« 


— 2 


4 


1 


8008 


082 


tl 


— 4 


6 





4868 


844 


tl 


— 6 


8 





1820 


784 


II 


— 8 


10 





560 


614 


It 


-10 


12 





120 


494 


II 


— 12 


14 





16 


881 


II 


— 14 


16 





1 


282 


II 


— 16 


18 








201 


« 


— 18 


20 








137 


II 


— 20 


22 








90 


II 


— 22 


24 








57 


tl 


— 24 


26 








35 


II 


— 26 


28 








20 


K 


— 28 


80 








11 


(( 


— 80 


32 








6 


it 


— 82 


34 








3 


tl 


— 84 


86 








14- 


, i( 


— 86 


38 








1- 


. tl 


— 38 


+40 



16 





0+ 


, « 


— 40 


Total 


65,536 


12,677 X 10^8 


Total 



(rf) Probability Curve* The results contained in the 
last table are represented graphically in the figure. In con- 
structing this figure, the vertical distances were made pro- 
poi*tional to the number of combinations in a given column, 
the first number in the column being taken equal to 1. The 
horizontal distances were made proportional to the magnitude 
of the resulting errors represented by a given curve ; but in 
plotting the first curve, the results were divided by 2, in the 
second by 4, in the third by 10. The similarity of the curves 
when thas reduced to a common scale becomes apparent. 

34 
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The three carves in the figure represent the relative proha- 
bility of errors of a given magnitude resulting (1) from 
combinations of 4 sources, each equal to dt il (2) from com- 
binations of 16 sources, each equal to ± ^ ; and (3) from 
combinations of 100 sources, each equal to ± ^, — because, 
in plotting the curves, we divided the resultants bj 2, 4, and 
10, respectively. The (approximate) agreement of the curves 
serves, therefore, to illustrate the truth of a general law, that 
the distribution of errors due to n sources, each equal to ± 1 
•^ ^n, IS in all cases (approximately) the same. 

It follows from this law that the average error and the 
error of mean square must also, under the conditions named, 
be (approximately) the same. It also follows that the re* 
sultants due to n unit sources of error are, other things being 
equal, proportional (approximately) to the square root of n. 
Hence the average error and the error of the mean square 
are also (approximately) proportional to the square root of 
the number of sources from which they arise. This law, 
which holds only approximately for average errors, can be 
proved exactly in the case of the error of the mean square. 

(e) Calculation of Mean Squares, The results which have 
been worked out in the distribution of errors enable us to 
calculate in certain cases the mean square of these errors. 
When a single unit source of error exists, the resultant is 
always ± 1, hence the mean square is -[- 1> or ci* = 1. 
With 2 unit sources, we have four combinations, in two of 
which the resultant is 0, in the other two ± 2. The mean 
square is accordingly 

c,« = (2x 0-(-2 x4)-h4 = 2. 
In the same way, in the case of three unit sources, we find 
<,«=(2X 9 + 6X l)-4-8 = 3. 
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and in the case of four unit sources — 

c,«= (2X16 + 8X4+ 6X0) -5- 16 = 4. 

We notice thai the mean square of the resultant error is in 
each case equal to the number of unit sources of which it is 
composed. 

It is easy to show that this law is perfectly general. Sup- 
pose we have found the distribution of errors due to n unit 
sources to be such as to give 

X resultants of the magnitude e^ 
y resultants of the magnitude/, S^c, 

and that a new unit source of error is now added, so as to 
increase half of the previous resultants by 1, and to diminish 
the other half by 1. We shall then have 



{ 



^ X resultants of the magnitude 6+1 
\ X resultants of the magnitude e — 1 

^ y resultants of the magnitude /+ 1 

\ y resultants of the magnitude/ — 1, &c. 



The squares of these errors will be^ in 



{ 



^ X cases, e^ -\- 2 e 
^ X cases, e^ — 2 e 



1 

1, &c., 



the average in the x cases being c* + 1. 

In the same way the average in y cases is /* + 1, «&c 
The mean square of all the errors is therefore 

c^„^, = [x (e'+l) +y (/* + !) +&c.]^[x + y + &c.] 
= [xe'+yf + &c.+ x-{-y + &c.]-^[x+y + &c.] 
= [3:e^ + yr + &c.]-[a: + y + &c.] + l. 

Now if it has been shown that in the case of n sources of 
error, the mean square of the resultant is equal to w, or if 
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c«„ = [x«» + y/^-+&c.]-4-[x + y + &c.]=n, 

we have, substitatiDg, 

The law has been shown to hold in the case of four sources 
of error, hence it holds for 5, hence for G, &c. ; that is, it 
holds for any number of sources of error. 

We have therefore, the following law : — 

The mean square of the errors resulting from every posstMe 
combination of a given number of unit sources is equal to the 
number in question. 

(/) Law of Mean Squares. If, instead of combining 
an error ± 1 with x errors of the magnitude e, we should 
combine an error of the magnitude :t e' with them, the mean 
square of the resultant would be e* -j- (e')\ 

If therefore a new source of error arises in which the re- 
sultants are in x' cases, ± e', in y cases, ± f'j &c., the mean 
square of the resultant will be 

lx^(e'+ier) +y(^ + (/')^) +&C.] -[x'+y + dbc.] 

= [a:'e« + yc« + &c.+:c'(c')"+y(/T+&c.]4-[x' + 

y'+&c.] 
= e'+ ix' {er + y iffy + &C.] -5- [a/ 4- y' + &C,] 
= e^ + 



€\ 



whjre e^ represents the mean square of the resultant errors 
due to the new source. In the same way, the mean square of 
the resultant due to combining the new source of error with 
the resultants /, is to make the mean square of these result- 
ants, /^ + €^ ; that is, the squares of all the previous re- 
sultants are increased on the average by the amount c^; 
hence also the mean square of these resultants. 



1118 APPENDIX X 

The law of meaD squares may now be stated in general as 
follows : — 

The mean square of the errors restdting from combinations 
of accidental causes is equal to the sum of the mean squares 
due to each separate cause, 

{g) Coefficient of Prohahility, The coefficient of proba- 
bility, or ratio of the probable error to the error of the mean 
square depends upon the manner in which errors due to a 
great variety of sources are distributed in a long series of 
observations. A calculation of this coefficient may be based 
upon any of the curves plotted in the figure (see d), Wc 
will choose the curve due to 100 sources of error, not only 
because this curve is better defined than the others, but also 
because it has been found not to differ perceptibly from 
curves obtained with 1,000 or 1,000,000 sources of error. 
There is in fact a wide limit within which the results may be 
applicable. At the same time it must not be forgotten that 
the other curves yield results which in a great many cases 
would be more conformable to the facts.^ 

We find from the table (see c) that the number of com- 
binations due to 100 unit sources which give resultants less 
than ± 6 is, 

(932 + 989 + 1009 + 989 + 932) X 10^ = 4851 X 10^. 

In the same way we find the following numbers : — 

Less than ± 6, 4861 X 10» Less than ± 8, 6639 X lO^* 
Equal to ±6, 1688 " Equal to ±8, 1468 ** 

Greater timn ±6, 61 38 " Greater than J: 8, 4070 '* 

Total 12677 X 10« Totol 12077 X lO-"* 

^ Most observations are afifected by a few large sources of error, 
in comparison with which the smaller sources may be neglected. The 
distribution of errors may also be altered by the nature of the sources 
from which they arise. 
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EvideDtly the probable error is greater than db 6, because 
there are more combinations giving a greater than a smaller 
resultant. The probable error is also evidently less than 
± 8. It would be sufficiently accurate for most purposes to 
call the probable error in such a case 7 units. A more pre- 
cise value may be found by interpolation. 

In practice resultant errors are not confined to certain defi- 
nite values such as d: 6 or ± 8, with gaps between them, but 
we find them, as indicated by the continuous curves of the figure, 
more or less uniformly distributed. We may assume therefore, 
as a first approximation, that the 1468 X 10^^ combinations 
which in a hundred sources of error each equal to ± 1 would 
give resultants equal to ± 8, are in practice distributed evenly 
between ± 9 and ± 7 ; while the 1688 X 10^ resultants of 
± 6 reach from ± 7 to ± 5. There would in this case be 
about 844 X 10^ combinations between ± 6 and ± 7, and 
(844+ 4851) X 10^, or 5695 X 10^ combinations below 
± 6. The probable error («p or p) corresponds to half the 
total number of combinations, that is, to i 12677 X 10^^ = 
6338 X 10^> nearly. Applying the ordinary rules for inter- 
polation,^ we find 

p = Q + (6338 — 5695) -^ 844 = 6.7 +. 

Now the error of the mean square due to 100 unit sources 
of error is, according to section J^c), equal to VlOO or 10 
units ; hence the coefficient of probability is 0.67 -[-. 

(A) Probable Errors of Sums and Differences. When 
several quantities are added together, the sum is affected by 

^ A more exact value of this coefficient may be obtained by meth- 
ods of interpolation involving 2d and 8d differences, or by consider- 
ing a greater number of sources of error. Such a value of the 
coefficient is 0.67449. A similar investigation shows that the ratio of 
the probable to the average error is 0.8453. 



1120 APPENDIX X. 

the errors in each qaantity. Since the probable error is 
always proportional to the error of ntiean square, we find, 
from the law of mean squares (see (/))i that the probable 
error (z?) of the sum is equal to the square root of the sum 
of the squares of the probable errors (^i p^, &c.) of all its 
components ; that is, 

The case is somewhat simpler when all the quantities added 
together are affected by the same sources of error. The 
number of sources of error in the result is then proportional 
to the number of the quantities, hence also the mean square 
of the errors. It follows that the probable error is propor- 
tional in such cases to the square root of the number of terms 
added together. 

The same principles apply to the calculation of resultant 
errors in differences as in sums ; for negative errors are sup- 
posed to be just as frequent as positive errors, hence it can 
make no difference in a long series of results, as far as the 
errors are concerned, whether one quantity is to be added or 
subtracted from another. 

The probable error of the sum or difference of two quan- 
tities affected by the same sources of error is therefore greater 
than the probable error of the quantities themselves in the 
ratio of V2 to 1. Evidently the error bears a greater pro- 
portion to the difference of the two quantities than to their 
sum. Methods of difference are, therefore, relatively inac- 
curate (see § 38). 

(i) Mult ipU cation and Division of Errors. When an ob- 
served quantity is multiplied or divided by a constant, the 
error of observation is also evidently multiplied or divided by 
the same constant; hence the probable error is increased or 
uimjnished in the same proportion. 
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(j) Probable Errors of Averages. If the probable error 
of a single observed quantity is /?, that of the sum of n simi- 
lar quantities is, as we have seen (see (A)), /? >y/n. In find- 
ing the average of n quantities, we divide their sum by n ; 
hence, according to the last section, the probable error is also 
divided by n. It follows that the probable error of the aver- 
age of n similar observations is /> ^n -s- n = j» -f- ^Jn. 
That is, the probable error of the average of several observa- 
tions affected by like sources of error varies inversely as the 
square root of the number of observations, 

{k) Estimation of probable error from the differences be- 
tween separate observations and their mean. 

Let y + «p 9 -|- ^2» 9 -f- ^8 • • • 7 "h ^n denote a series of 
n observations of a quantity q. The mean (m) of these ob- 
servations is then 

m = q-\- (ei + ^a +e8^' • • • +0-^w. 

The difference (e^i) between the first observation and the 
mean is 

^1 = y + «i — w = e^ — (tfi -f tfa + ^8 + • • • + «n) w 

= !iZlie, + ii + £i + . . . !?. 
n n n n 

That is, the difference between a given observation and the 
mean is found by multiplying one of the errors by (n — 1) 
-f- n, and the other (n — 1) errors by 1 -5- n. If c^ is the 
mean square of the errors, the mean square of one of the 
terms must be c^ (n — 1)' -f- w^ ; while the mean square of 
the other (n — 1) terms will be €* -4- n*; so that the sum of 
these mean squares, which is equal to the mean square of the 
differences 

5^=i!i!^' + („-i)^,=!Li:ic«. (1) 

n n n 
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Conversely we have 



= _!!_ d*. (2) 

n — 1 



From this and preceding formultB, we find the following 
rule for the ccdctdation of probable error: Add all the obser- 
rations together^ divide by their sum to find the mean, subtract 
the mean from each observation to find the ^^ differences ;^^ 
square all these differences^ add the squares together y divide by 
the number of observations less one^ to find the mean square of 
the error of observation ; extract the square root of this result 
to find the error of the mean square^ midtiply the error of the 
mean square by 0.67449 (0.7, nearly) to find the probable 
error of observation ; divide by the square root of the number 
of observations to find the probable error of the mean of the 
observations, 

(I) Example of the calculation of probable error (see 
§50). 



A. No. of 


B. Boiling point 


C. Diflfcrencea from 


D Squares of 


obBermtions. 


observed. 


the average. 


the diflRirenoea. 


1 


780.79 


+ 0°.29 


0.0841 


2 


78.33 


— 0.17 


289 


3 


78.02 


— 0.48 


2304 


4 


78.93 


+ 0.43 


1849 


6 


78.46 


— 0.04 


16 


6 


78.67 


+ 0.17 


289 


7 


78.00 


— 0.60 


2500 


8 


78.81 


+ 0.31 


961 





78.48 


—0.07 


49 


10 


78.66 


+ 0.06 


36 


Sum 


10) 785.00 


10) |2 62] 


9) 0.9134 


Average 


78.600 


10.262] 


0.1016 



Error of the mean square, 4U1016 = 0.318 + 

Probable error of observation, (0.67 +) X (0.318 +) = 0.21 + 
Probable error of the mean, 0.21 -f f TO = 0.21 -r 3.16 = 0.07 
Final result for the boiling-point of alcohol, 78°. 60 ^^ QP.07 
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(m) Probable errors of products and quotients. The prob- 
able errors of products and quotients are easily calculated by 
consideriDg the proportion which the component and resultant 
errors bear to the quantities which they affect. We have^ for 
instance^ in tlie notation previously employed (§ 156) : — 

giXg^X fl+?i + ^-*) nearly, 

\ gi gi/ 

?l = ?.ifl+iA^A + !?)=?lfl + ?i-!«) nearly, 

02 ?2 \ gw \ g^i g% \ gi gJ 

neglecting in both cases terms which involve powers or prod- 
ucts of the small ratios {e \ q)\ that is, neglecting terms of 
the second or higher degrees of smallness. It is evident 
from these formulae that the proportional errors, ex : ^x, &c., 
are compounded in products and quotients just as ordinary 
errors are in sums and differences. The probable error (/>) 
of a quantity q may, therefore, be calculated from the prob- 
able errors, pi^p^^pz^ &c, of its factors, ^1, q^y qz<, &c., by 
the formula 



hv'(?i)'+ ©'+©■+- 



p 
g 



The same formula is to be employed whether the factors 
occur in the numerator or in the denominator of the frac- 
tion by which the quantity q is determined. 

(n) Probable Errors of Powers and Roots. When an ob- 
served quantity, 0, is raised to the power n, the result may be 
expressed : — 

«-=('(>+i)T='-('+;)"= 
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y»(l + ^' + «J!^)^^+&c.)=y,(l + «^) nearly. 

The effect of raising an observed quantity to the power n is 
therefore to increase the proportional error, e : g^ in the pro- 
portion 1 : n. Since all such errors are increased in this pro- 
portion, the proportion which the probable error bears to the 
quantity which it affects must be increased in the same 
proportion. 

The eflect of extracting the n^ root of a quantity is the 
same as that of raising it to the power 1 -f- n ; that is, the 
ratio of all errors, and hence that of the probable error to 
the quantities affected, is diminished in the ratio of n : 1. 

(o) General Method for finding the Probable Error of a Re- 
suit. The data from which results are calculated may gener- 
erally be expressed in the form qi=iOi ±«i,y2=0j ± 6g, &c. 
The result r is then calculated from the values Oi, 02^ &c. 
Then the value Oi ±, ex is substituted, and a new value of the 
result ri is calculated. Next the original value Oi is em- 
ployed, but 02 ± ^2 18 substituted for 02 ; and the correspond- 
ing value of the result r^ is found, &c. The differences d^ = 
Ti — r ; e/2 = ^2 — ^t &c«> represent the magnitude of the 
errors in the result due to the probable error in the several 
data. We have accordingly, from the law of mean squares, 
for the probable error (j>) of the result 



p = yrf,* + rf,» + &c. (1) 

{p) Method for Determining the best possible Distribution 
of Time. It is generally easy to see, from expressions for 
the probable error of a result, which of the data have the 
greatest influence upon the result. The number of observa- 
tions upon which such data depend, should evidently be in- 
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creased, other things being equal, in preference to observa- 
tions for the less important data. Let us suppose, however, 
that such observations are exceedingly difficult, or that the 
number already made is so great that little comparative ad- 
vantage can be gained by spending upon them an additional 
(limited) amount of time. The question then arises, would 
it not be better to spend the same amount of time upon some 
of the less important data ? 

The question is one to which it is easy in most cases tq 
give at least an approximate answer. First decide how much 
time can be spent ; estimate from the results of experience 
how many observations of each kind can be made in this 
length of time. Calculate the diminution of the probable 
error in the case of each of the data due to the additional 
number of observations, and find as in the last section, the 
corresponding reduction in the probable error of the result. 
That distribution of time is of course the best which gives 
the greatest reduction in this probable error. Certain prac- 
tical rules concerning the distribution of time will be found 
in § 49. 

(q) Method of Least Squares. We have seen that the 
mean square of the errors of observation is an indication 
either of the number or of the magnitude of the sources of 
error. We make use of this fact in estimating the relative 
accuracy or inaccuracy of different methods of observation. 
That method is, other things being equal, the best which 
makes the sum of the squares of the errors the least. 

In calculating errors we have to assume more or less 
knowledge of the true value of the quantity observed. Any 
error in such an assumption introduces a new (apparent) 
source of error into the observations. It therefore tends, on 
the whole, to increase (apparently) the mean squares of the 
errors. Of two assumptions, we choose therefore, other things 
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being equal, that which makes the sum of the squares of the 
errors of observation appear to be the least 

Let us take, for example^ the case of a brass rod; the length 
of which was found to be 1000.0 mm. at 0^, 1001.7 mm. at 
100**, and 1004.0 at 200°. The most probable value of the 
coefficient of expansion in such a case evidently lies between 
the maximum value observed (0.000023 from 100° to 200°) 
and the minimum value (0.000017 from 0° to 100°). The 
most probable value of the length of the rod at 0° lies more- 
over between 999.4 mm. (which would correspond to a length 
1001.7 mm. at 100° and a coefficient of expansion 0.000023) 
and 1000.6 mm.\ which would correspond to a length 1004.0 
at 200° and a coefficient of expansion 0.000017. Let us as- 
sume that the length at 0° and the coefficient of expansion 
are half-way between these limits, that is 1000.0 mm. and 
0.000020 respectively. The length at 0°, 100°, and 200°, 
should then be 1000.0, 1002.0, and 1004.0, respectively. 
This would make the errors of observation (expressed in 
tenths) 0, — 3, and 0, respectively ; hence the sum of the 
squares would be 9. The sum of the squares in this and 
other cases is shown in the table below : 

.000017 .000018 .000019 .000020 .000021 .000022 .000023 



999.4 


21(3 


101 


116 


81 


56 


41 


36 


99€f.5 


171 


122 


83 


54 


35 


26 


27 


999.0 


132 


89 


56 


33 


20 


17 


24 


999.7 


99 


02 


36 


18 


11 


14 


27 


999.8 


72 


41 


20 


9 


8 


17 


86 


999.9 


51 


26 


11 


6 


11 


20 


51 


1000.0 


36 


17 


8 


9 


20 


41 


72 


1000.1 


27 


14 


11 


18 


35 


62 


99 


1000.2 


24 


17 


20 


33 


56 


89 


132 



10003 27 26 35 54 83 122 171 

1000.4 36 41 56 81 116 101 210 

1000.5 61 62 83 114 166 206 267 

1000.6 72 89 116 153 200 267 324 
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The smallest value in this table is 6, corresponding to the 
coefficient of expansion .000020, and a length at 0° equal to 
999.9 mm. The most probable assumption which we can 
make, therefore [without considering values intermediate be- 
tween those given in the table], is that the length of the bar 
really was 999.9 mm, at 0° and that its coefficient of expan- 
sion was .000020. 

The validity of this conclusion evidently depends upon the 
truth of the assumption that the bar has a constant coeffi- 
cient of expansion. 

The three observations given above indicate that the co- 
efficient of expansion is greater from 100° to 200° than 
from 0° to 100° ; but in the absence of a greater number of 
observations^ there is no way of testing the truth of this 
indication. Any theory in regard to the variation of the 
coefficient of expansion would in general be investigated by 
the method of least squares. 

It is of course unnecessary in practice to tabulate more 
than a few values, in order to see where the least square lies. 
This method of approximation is not necessarily longer than 
the calculus methods ordinarily employed ; and has the ad- 
vantage (which the teacher will see by referring to examples 
in well known text-books) of giving in many cases a more 
accurate result. 

(r) Advantage of the Arithmetic Mean. If m is the arith- 
metic mean of n observed quantities, Oi, o^^ . . . o„, affected 
by like sources of error, and if the differences of these quan- 
tities from the mean are (fi, (fj, . . . «?„, we have Oi = m -|- e^ ; 
Oj = m -J- (4 ; • • • o^z=:m-\-d^. Hence, adding and divid- 
ing by n, we have 

m = (oi -|- Oj + . . . -|- o„) -f- n = 
(m -[- rfi + m -|- e/a + . . . -[- m -|- (f„) -5- n 
= m-|-((fi + c^+ . . . +c^„) -7-n. 
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It follows that t^i -)- e/a -f- • • • + ^n = ^' The mean square 
of the differences from the mean m is 

The mean square of the differences from any other value 
differing from m by the amount e is 

= [W + d,'+ . . . +d^') + (ne') + 

{2d,e+2d^e+ . . . + 2(/„ e)] -f- ti 

= €'*+c2+2wcK+rf2+ . . . +^J^-n. 

The last term in parenthesis is, as we have seen, equal to 0; 
hence we have simply 

£= = €« + e\ 

That is, the mean square of the differences between the re- 
sults of observation and their arithmetic mean is less than 
the mean square of the differences from any other value. 

It follows from the principle of least squares that the arith- 
metic mean of a nurnher of observations affected hy like sources 
of error is the most probable value of the quantity observed 
which can be derived from these observations, 

(«) Weight of different results. Let us suppose that on 
one day we have made 20 observations of the boiling-point 
of some alcohol, the result being 78°.58 ± .06 ; and that on 
another day we have made 80 observations in exactly the 
same manner, with the result 78°.48 ± .03. It follows from 
the last section that the most probable value of the boiling- 
point is that obtained by adding the total 100 results together, 
and dividing by their number (100). Let us suppose, how- 
ever, that the original observations are lost. It is seen, never- 
theless, that the sum of the first 20 must have been 20 X 
78°. 58, or 1571.60 and that the sum of the last 80 must have 
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been 80 X 78.48, or 6278.40. The total of the 100 obser- 
vations must, therefore, have been 7850.00, hence the aver- 
age is 78.50. 

The number of observations of a given sort represented in 
a result determines what is called the weight of the result. 
Evidently if the weights of several data r^, r,, <fec., are tOi, 
W2, &c, the most probable value of the result, B, is 

Now let us suppose that the number of observations upon 
which different data depend is unknown. We have, for 
instance, 

ri = 78°.58 ± .06 

ra z= 78°.48 ± .03 ; 

it follows from the rules of probable error that the last result, 
having one half the probable error of the first, represents 
four times the number of observations, hence if we call 
Wi = 1, tr, = 4. This give9 

^^ 78o.58 + 4x78-.48 ^y3o^^Q 

4 + 1 

as before. In the absence of any better indication of the 
relative weights of different results we may accordingly esti- 
mate these weights Wi^ w^, &c., from their probable errors 
Pii Pit ^'1 hy means of the formulae, 

ti^i = 1 -4- ;?i* ; i^?2 = 1 -f- p^^ &c. (2) 

It is customary to extend this principle even to cases where 
results are known to be affected by unlike sources of error. 
The weight of a result is defined in general as the reciprocal 
of the square of its probable error. 

35 
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APPENDIX XI. 



PROOFS OF FORMULAE. 

(a) Centrifugal Force. When a body of mass m and 
velocity v in the direclio!i AB is caused by a forcey* to move 

along the arc of a circle 
-^ A CD, for a short time, 
/, it reaches a point C 
such that A (7= vt. In 
the same time it is de- 
flected in a direction at 
right angles to its origi- 
nal course through a 
distance BC^ which by 
the law of falling bodies 
(§ 108) assuming the 
force to act constantly 
in the direction BC, is 




'''='■{£) 



i\ 



the expression (f-i-m) taking the place of ff. Drawing 
the diameter AD, and the chords ^(7 and DC, we have by 
similar triangles 

BC: AC:: AC: AD. 

Substituting for BC its value from the formula, for ^Cits 
value (yt nearly), and for AD its value in terms of the ra- 
dius (2r), we have 



N 
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i(£jt^X2r = vH\ 



or 






0) 



It is evident that the direction of the force is not constant, 
and that, as the chord AC is less than the arc, the former 
cannot be exactly equal to vt. We may, however, consider 
arcs so small that the change in direction of the force and 
the difference in proportion between the arc and its chord 
become less than any assignable qaantity. The formula 
above is therefore exact 




A second demonstration of this formula depends upon the 
method of representing changes in velocity (§ 105). Let 
Ay B, (7, &c., be the velocities of the moving body at differ- 
ent points in a circle of radius r, and let A\ B^, C\ &c., be the 
same when arranged so as to start from a common point, 0. 
The difference in velocity between A^ and i?' is represented 
by the line A^B^ \ between J9' and C, by BC\ &c. Hence 
the perimeter of the figure A^B'C^ ... -4' represents the 
total change of velocity in one complete revolution. 
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This method of representation would be exact if the ve- 
locity changed abruptly from A' to .5', from J5' to C, &c. In 
point of fact, it goes through every possible intermediate 
value. The real change of velocity is evidently equal to the 
perimeter of the circle A'B' C , . , A', rather than that of 
the polygon. Let 2t be the time of one complete revolution ; 
then since the radius of the circle in question is r, the total 
change ^in the time 2t is 27rr, and the acceleration (a) or 
change of velocity per unit of time is 

2irv ttv 

At the same time the velocity, v, of a body making the cir- 
cuit of a circle with radius, r, in the time, 2/, is 

27rr irr , ir V 

V = = — ; hence - = - . 

2t t t r 

Substituting this value, we find 

-(7)'=(7)" = ?- 

The force (/) required to give this acceleration (a) to the 
mass (m) is according to the general definition (§ 12) equal 
to the product of the mass and acceleration ; that is, as 
before 

/z=ma = 



mv^ 



The force y, which is exerted upon the body by some re- 
straint, is evidently directed toward the centre of the circle 
in which the body is revolving, and is called accordingly a 
centripetal force. According to the general principle of ac- 
tion and reaction, an equal and opposite force is exerted by 
the body upon the restraint. This is called a centrifugal 
force. 
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(b) Rotarif Pendulum, When a body of mass m, sus- 
pended by a cord ^^ (as in the figure), revolves about the 
centre, (7, of a circle of radius, r, under a force of gravity 
equal to g dynes per gram, the centripetal force exerted by 
gravity is, by the principles of the composition and resolution 




stated in § 105, equal to m^ X ^ -^ -4(7, or, calling AG = 
/, and BC= r, 



— ^ffr 



/= 



/ 



(1) 



Now from the last section, if the time of a complete revolu- 
tion is 2t, the velocity v is 
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27rr irr ^ 

and the centripetal force is 



^ mv" m/ Trry ir^m 



Equating the two values of /, we have 

mgr ir^ir 

or, cancelling m and r, and multiplying by I, 



9 = ~> (2) 



from which we find 



='V/I 



(3) and / = ?J (4) 

9 IT 



We note that the distance / is not the length of the pendulum, 
but its vertical component. When the displacement (r) is 
small, I may, however, be considered (i)ractically) equal to 
the length of the pendulum. 

(c) Simple Pendulum, The force / acting upon a rotary 
pendulum at any point B of its orbit is from the last section 
equal to mg y, BG -^ AG, The component of this force 
in the direction of a given diameter FE is represented by 
tlie line DG in the figure. The distance passed over be- 
tween the points F and B is equal to the arc FB; the 
component of this distance in the direction of the diameter 
i^Fi), 

In the case of a simple pendulum, vibrating in the direc- 
tion of the diameter FE, the distance passed over is (neglect- 
ing the difference between a small arc and a straight line) 
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equal to FD (nearly). The horizontal component of the 
force urging it in the direction DC (again neglecting small 
differences owing to curvature in the path FE) is equal to 
mg X S>C -^ J^ (nearly). 

Now let the simple and rotary pendula start together at F; 
since both are urged toward E with the same force, the com- 
ponents of velocity acquired in a given length of time will be 
the same. The projection D of the conical pendulum upon 
the diameter FE will therefore coincide with that of the 
simple pendulum. Starting at any point with the same com- 
ponent velocity, and 
urged forward by the 
same component forces, 
and having the same 
components of distance 
to traverse, the tw« 
pendula will evidentl\ 
arrive at or opposite C 
at the same time, or 
allowing for curvature 
of the path FC, at 
nearly the same point 
of time; and in the same way, both will arrive at E at 
(nearly) the same instant. In other words, the time of a 
simple pendulum is nearly the same as that of a rotary 
pendulum. 

When the arc of oscillation is very small, we may con- 
sider the oscillations both of the simple and of the rotary 
pendulum to be confined to a given plane, hence we have as 
before 




9 = 



n^l 



0) 



'=v; 



(2) 



and 1:=.?— 



(3) 
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(d) Compound Pendulum, Multiplying both g and / in 
the last two equations by mly we have 

The quantity mig, or mg X ^> is called the directive force (D) 
exerted by gravity upon the pendulum ; the quantity niP is 
called the moment of inertia (A*^) of the pendulum. Sub- 
stituting these values, we have 

^=^ 0) ort = ^^^. (2) 

When a pendulum of length I and mass m is deflected 
through a small distance r, the force brought to bear upon it 
is, as we have seen, equal to mgr -f- /. This corresponds to 

a couple (mgr-^l) X ^, or mlg X (tV Substituting for 

the angle {r -^l) its value in circular measure, cz, we have 
for the couple c, 

c = ndg X ct = Z) X a. 

The "directive force" {D) determines accordingly the 
couple which is brought to bear by gravity (g) when a mass 
(jn) at the end of a lever-arm {l) is deflected through a given 
angle. The "moment of inertia" {mP) represents the 
couple necessary to give to a mass {m) at the end of a lever- 
arm (/) a unit angular velocity. This couple is evidently 
equal to the product of the mass (m) and the square of the 
lever-arm (Z), because the force which must be exerted is the 
product of the mass (w) and the velocity (/) acquired; 
hence the couple, or product of the force {ml) and lever-arm 
(/), is equal to mP. 
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It is evident that if two bodies when deflected through a 
given angle are subjected to the same couple, and if the 
same couple produces the same angular acceleration, the 
time of oscillation must be the same. The formula above 
must apply, therefore, to compound as well as to simple 
pendula. 

(e) Reversible Pendula, Let a pendulum of mass -^ and 
moment of inertia K i= Mk"^ about its centre of gravity, be 
suspended from a point at the distance x above the centre of 
gravity ; then the directive force is 

D = Mxg^ 

and the moment of inertia about the point of suspension is, 
as will be proved under (/). 

where h represents the radius of gyration about the centre of 
gravity. The time of oscillation, f, is then 



JK IMJ^ + Mx" 

^ = "VD="V Mxg ' 

Substituting / = — -I- — , we have 

X 

where from the resemblance of the formula to that of a 
simple pendulum, / is called the length of an equivalent 
simple pendulum.^ 

Let us now suspend the pendulum at a distance y from 
the centre of gravity such that 

^ The length / is equal (by definition) to the distance between the 
centres of suspension and oscillation. 
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a:-j-y = /, ory = / — x=- — i! — — x = — • 



Then we have 



^ = "V i% =" J/P + if(-^J 

X 

^ MJc^xg ^ xg ^ g 

There are, accordingly, two distances, x and y, from the 
centre of gravity which give the same time of oscillation. 
We notice that xy = ^^, also that a: + y = ^« If, therefore, 
two points of suspension at the unequal distances x and y 
from the centre of gravity and on opposite sides of it are 
foand to give the same time of oscillation, the length / of the 
equivalent simple pendulum may be found by measuring the 
distance between the points in question. 

(/) Errors of Adjustment in the Reversible Pendulum, 
Let the pendulum of the last section be suspended from a 
point at a distance a:' = a: + ^ fro™ the centre of gravity. 
The corre8i)onding value of y is 

y = - = -^ = - f ^ — -) "early, 
x' x-\- e X \ xl 

if e is a small quantity. Hence the length (/') of the equiva- 
lent simple pendulum is 

In the same way, if the pendulum be suspended from a point 
at a distance y = y — e from the centre of gravity, the 
length of the equivalent simple pendulum is 
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l"z=x" + y" = x + y-\-^~^. 

Calling the distance between the two points of suspension /, 
we have 

^ = 2c' + y = (« + «) + (y — «) = « + y; 

hence we find 

X X 

///_/=: a: + y + ?^^I^ - (x+y) = f^:i:^, and 

y y 

ex — ey 

V — l X y V — t , , V 

TT , = = •! = (nearly), 

I'f—l ex — ey x t" — t ^' 

y 

assuming that the effects of snoall errors upon the time of 
oscillation are proportional to the effects upon the length of 
an equivalent simple pendulum. 
We have, accordingly, 

yt!f — yt=.xtf — xt, 
xi^yt = xi' — yO^— (x — y) t'+yt' — ytff. 

Hence finally, 

x — y 
We notice that 

either t^' > V > t, or <" <V <t; 

in no case is t between V and ^". 

It may be observed that if x and y are equal, the expres- 
sions for /, /', and /" become identical. In other words, the 
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pendulum does not respond under these conditions to a slight 
change in the points of suspension. To obtain accurate re- 
sults, X should be several times greater (or less) than y. 

The formula) for the moment of inertia of a compound 
pendulum are established only for 'parallel axes ; hence it is 
important that the axes passing through the two centres of 
suspension should be parallel. It is also important that the 
centre of gravity should lie in the plane of these two axes ; 
if it does not, the dislocation should be allowed for in calcu- 
lating the sum of the distances x and y, 

(ff) Torsion Pendulum, The moment of inertia of a 
(ihin) ring about its axis is evidently equal to the mass J/ of 
the ring multiplied by the square of its mean radius R, for 
the whole mass of the ring is situated practically at the dis- 
tance R from the axis (see (k) (1)). The directive force, Z>, 
of a wire which gives to a ring of mass M and mean radius 
R a time of oscillation, t^ is therefore, according to sec- 
tion (d) formula (1) : — 

D = t^ (1) 

The directive force, Z), corresponds, as we have seen, to the 
couple required to produce a unit deflection in circular meas- 
ure. The "coefficient of torsion" for 1° is evidently found 
by dividing the directive force D by the number of degrees 
in 1 circular unit of angle — that is 57^.29578, or 57°.3, 
nearly. We have, accordingly, in general 

rp ^ "^ A X2\ 

57.3 180/2 ^ ^ 

(h) Magnetic Pendulum. When a magnet with poles of 
the strength ± 5, separated by a distance /, is suspended so 
that it is free to move only in a horizontal plane, we need 
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only to consider the forces exerted upon it by the horizontal 
component of tha earth's magnetic field, which we will say is 
equal to H dynes per unit of magnetism. The two forces 
are accordingly ±. s y^ H. 



If the poles are relatively deflected east and west through 
a distance r, the couple tending to restore them to the mag- 
netic meridian, MM/i^sX HXr,OT{s XlXH)X (r-r-l). 
The ratio r : / here determines (approximately) the small 
angle a in circular measure through which the magnet is 
deflected. The product* X ^ X -^corresponds accordingly 
to the product, D = mig, in the case of a compound pendu- 
lum. Since the product of the strength (s) and distance (/) 
between the poles of a magnet determines its moment My we 
have, substituting (see (d)^ (1)), 

D=Mff=7r^^, 

where K is the moment of inertia (see k) and t the time of 
oscillation of the magnet 

(t) Magnetometer, Let a magnet with poles of the 
strength ±, «, separated by a distance /, be brought near 
a compass needle as in Fig. 200, If 183. Let 6? be the mean 
distance of the poles from the needle. The nearer {ft)le, be- 
ing at a distance d — ^^ will create a field of force f^ 
such that 

f_ ± s 
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The further pole will create a field /'', such that 

7/ "P * 



/" = 



The resultant field F is 

F—fi-\-fn-^^n ( ^ )—\ ^ 

neglecting /^ in comparison with c^. 

Now if J7 is the horizontal component of the earth's field, 
and a the deflection^ we have 

F=Btana. 

Equating the two values of F and substituting Jf for d we 
have 

H tan a = — -r- , 

OT K = i<Ptana. (1) 

We have already found in the last section, 



Mff= 



t 



1 



multiplying the values of -== and MH together, we find 
whence itf" = _ ^^Kd^ tan a. 
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Dividing the value MHhj that of -==, we find 

H 

H ed^tana 



whence H= - a / ^^ . (2) 

^ ^ dUana 

Instead of d* m these formulae, we should strictly substitute 
d* — dp -^ 11^ -T- d. The last term may almost always be 
neglected. . 

(/) Moments of Inertia about Parallel Axes, The mo- 
ment of inertia (K) of a body about a given axis may be 
defined as the sum of the moments of inertia of the separate. 




masses of which it is composed. That is, denoting a given 
mass by m, and its distance from the axis by r, 

X = 2mr»; (1) 
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or, if we consider the total mass, M^ of the bodj as divided 
into small equal masses, m, 

K=M^ = M1^, (2) 

where h is the " radius of gyration " about the axis (or the 
radius of the mean square). Denoting by x and y the dis- 
tance of m from two rectangular planes passing through 0, 
we have, substituting 



In the same way, the moment of inertia about a parallel axis 
O'y at a distance OCX =•€ from 0, is determined by the dis- 
tances X -\- a and y -\- h from two planes 0' X' and O' T^ 
at distance b and a from OX and J^ so that a* -|- i^ = c^. 
We have accordingly 



K' = M{ry = M(x'r + (y'y = M(x -f a)« +{y + by 



= Jlf x^ H- 2aa; 4- a^ + y2 -f 2fty + ^ 
= Jl/(? +P+ 2ai H- % +"^ + 52)". 

Now if contains the centre of gravity, we have by defini- 
tion X ^ and y = 0, hence 2ax = and 2by = ; this 
gives 

K' = M^-\-f + a' + b^) = 3/7^4- Mc^ = 

MJc" + Mc^ = ^ + Mc^ (3) 

It follows that the moment of inertia (^K) of a body of 
mass M about an axis passing through the centre of gravity 
is less than that {K') about any other parallel axis at the 
distance c by the amount Mc^, which is equal to the moment 
of inertia of the whole mass 3/ concentrated at a single point 
at the distance c from the axis. 
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The quaDtity Mc^ represents the difficulty of causing the 
centre of gravity of a body to begin to rotate in an arc of 
radius c. The quantity Mi^ or JfP represents the difficulty 
of making a body begin to rotate about its own centre of 
gravity. When a body begins to rotate about a given axis 
and also about its centre of gravity at the same time, both 
sources of difficulty are met. 

ijc) Calculation of Moments of Inertia. The moment of 
inertia of a small mass m, at a distance / from its axis of 
revolution^ is by definition mP. The moment of inertia of a 
thin ring of mass M and mean radius B about its axis is ac- 
cordingly MR^, for the ring may be thought of as composed 
of n small masses of the magnitude m, and such that nm = 
M^ each of the masses being situated at a distance R from 
the axis of revolution. Since the moment of inertia for each 
mass is m/?^, the total is n X wiT?^ or {nm) R'^ or MB^, 
Hence we have 

KzzzMR'. (1) 

The moment of inertia of a long thin bar of length / and 
mass M is evidently less than M X (i^)^ becaose the whole 
of the weight is not situated at the end of the bar. The 
moment of inertia increases in fact according to the square of 
the distance x measured from the centre of the bar outward. 
Hence, applying the method of averages, we find for either 
end of the bar 



2 2^ 



~^^\^ ' 



or K—^ML" (2) 

The moment of inertia of such a bar about an axis at a dis- 
tance a from its middle point is, according to the last section, 

86 
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K = ^s^L" + ^<^'^' (3) 

A bar of length L and breadth B may be considered as 
composed of a series of thin parallel bars of length /, each 
having a moment of inertia -^MU -f- My\ depending upon 
its distance y from the axis. Imagining such a bar to be di- 
vided longitudinally into halves by a plane passing through 
the axis; we find, averaging for either half, 

1= i^MUJtMy^ = ^ML' + My' 



= AJtt» + JJf(|)\ 



whence K = j\M (Z« + B") . (4) 

The moment of inertia of a thin ring of radius r about one 
of its diameters as an axis is found by averaging the square of 
the distance (r sin xyoi points subtending all possible angles 
X from the centre of the ring, and multiplying by the mass 

M of the ring. Since sin^x = i, (see IX. (^')), we find 
simply 

I^=^MIP. (5) 

A thin disc of mass M and radius B can be regarded as a 
series of rings with increasing radius and mass. The mass 
of a ring of radius x bears to one of radius B (of the same 
breadth, thickness and density) the ratio x : B ; and since 
the moments of inertia are proportional to the masses and to 
the squares of the radii, they are to each other in the ratio 
x^ : B? ; hence on the average the moment of inertia of a 
series of rings occupying a total breadth from to i? is to 
that of a series of the same breadth, all having the radius B, 
in the proportion (see IX. (^)), 
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a:»-f-i?» =1 (6) 

The area covered by a series of rings of the breadth S and 
radius H would, however, be 2irB X -^ = 2TrIP ; while the 
area actually covered by the rings is irE^ ; hence (assuming 
that masses and areas are proportional) the mass with which 
we have compared the disc is 2M. We conclude that the 
moment of inertia of the disc about its axis is 

K = i2MIP = iME\' (7) 

and for the moment of inertia of a disc about a diameter, 

K=l2^IP = iMIP. (8) 

The moment of inertia of a disc of mass M about a diam- 
eter can also be found by averaging moments of inertia cor- 
responding to a given distance x from the diameter. The 
moment of inertia of the disc about an axis parallel to the 
diameter and passing through the axis of the disc at a dis- 
tance L from it is, according to the last section, 

K=iMR' + AfL^ (9) 

A cylinder with a transverse axis passing through its 
middle point may be regarded as a series of discs situated at 
regularly increasing distances x from the axis. The moment 
of inertia of any such disc is 

KzzzlMR' + Mx'; 

hence, averaging (see IX. (/)), we find for either half of the 
cylinder, 

\ § § 

2 ^2^2 '2^2 



APPEHDES Xt 
K=-/,MV+lMJI'. 



(10) 



A Bphere of radius S m&y be regarded as a series of discs 
of Tarjing weight and radius. The weight of a disc at the 
distance x from the centre of the sphere bears to that of one 



f R; /i / 


i 




ii 1 



of the same thickness at the centre the ratio j^: IP: the 
moments of inertia are proportional to the weight multiplied 
by the square of the radii, hence are to each other tiay* ; Jt*. 
The moment of inertia of a sphere compared with that of a 
cylinder of the same length and diameter is therefore (see 

IX. (0), 



-+:« 



(Jf- 



„+'• 



= i-l + J = ft- 



The volume of the spbere it — JP; that of the cylinder 

ia 2Ji X fff" ^ 2jr^; that ia, Ij timcB aa great as the 
sphere. Heoce if the mass of tbe^here is M, that of the 
cj'linder is 1 ^ if, and its tnoment of iaertia about iu axis is 
i X H^l XS' = IMS'. The moment of inerlia of the 
sphere, being -^ that of the cylinder, ia accordingly, 



K=fsXiAfJi^ = iMIt.* 



(12) 



(/) Coeffunenl of Viicotity. Let a tube of radius r and 
length I be filled mitb a liquid of which all is frozen except 
a tubular section of 



(mean) radios x, and 

unit thickness. Let^ 

be the difference of 

pressure at the two 

ends of the tube, then 

the force on the core 

ia /» X "m:* (nearly). 

Tbis is resisted by a 

force equal to the ve- 

lodiy V of the core 

maltiplied by the 

(mean) area of the opposite sur&cea of the tubular section, 

2irxl, and multiplied by the coefficient of viscosity, ij. That 

iirXTfel ^ pm^, whence 

,-=?£. 

2V 
The quantity (or volume) q of (principally frozen) liquid 
which flows through the tube in the time t is 
q ^ mcht; hence, substituting, 
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If now a new tubular section be melted, either inside or out- 
side of the former section, the relative velocity of all points 
within the new section will be increased as much as if the 
former section were solid, hence the increase in the flow will 
be represented by the same formula as before. We may 
suppose all the sections to be melted one by one, each con- 
tributing a certain amount to the flow. If Q is the total flow, 
Q-^r must be the average flow for each section ; hence we 
have (see IX. (A)), 



* 
Now if the pressure p is due to a hydrostatic column of 

height h and density d^ and if the acceleration of gravity is 

^r, we have 

p = ghd. 

The weight of liquid delivered is, moreover, Q X ^jW> that 

a 

Making these substitutions, we have, solving for 17, 

irgd^hr^t 
17 = -^ — . 

{m) Coefficients of Elasticity} When a unit cube is sub- 
jected on all sides to a pressure P, its volume is reduced by 
an amount v, given by the equation 

_P 

^ The formulas here derived apply only to " isotropic '' Bubstances. 
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where ^is by definition the ^^ coefficient of resilience of vol- 
ome." The increase (/, b, and t,) of the lengthy breadth^ 
and thickness, are of course each equal to ^ v. That is, 

When a uoit cube is subjected to a pressure P on two oppo- 
site faces so as to diminish its length, and an equal tension on 
two other faces so as to increase its breadth, its volume re- 
mains the same (nearly); but the length and breadth are 
altered so that 

where ^S'is by definition the ^' coefficient of simple rigidity." 
Since b a*id / are small and nearly equal, we have 

\+^ — l = l + b + l—l (nearly) =26 = 2/=-^. 

p 

whence J = /=^-— . 

When a unit cube is subjected simply to a pressure P in the 
direction of its length, the latter becomes shortened by an 
amount /, such that 

where T is by definition ^' Young's modulus of elasticity." 
At the same time the breadth and thickness increase by equal 
amounts, b and t, 

b = t=fd=fly:j 

where fi is by definition ^'Poisson's ratio." 
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Now let a unit cube be subjected to the pressure SPiu the 
directiou of its length ; and let equal and opposite pressures 
± Phe applied to each of its sides. We shall then have a 
uniform pressure, P, on each surface, tending to diminish the 
volume, combined with two pairs of equal and opposite pres- 
sures, P, one pair tending to increase the breadth, the other 
pair tending to increase the thickness, and both pairs tending 




am. 



to diminish the length. Hence we have, adding the three 
effects upon the length together, 

We have also, remembering that the total longitudmal pres- 
sure is SPj 
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hence, equating the two valaes of /', and dividing through bj 

By means of this equation either one of the coefficients 
F, My or S can be found if the other two are given. If S 
and Jf are proportional to the numbers 6 and 10, for instance, 
Y is represented by the number 15. 

The increase of breadth and thickness can be found in the 
same way as the length, remembering that only one pair of 
equal and opposite forces tends to increase each, and that the 
effects of compression tend to diminish the result. We have 

Dividing V (or <') by /', we find 

P P 

_hf _tf_ i s—i 3f _ SM—2S .ox 

*if "^ S 

It is seen that if S and M are proportional to the numbers 
6 and 10, fi = J. 

(n) Shearing Stresses and Strains, Let a unit cube be 
acted upon by two equal and opposite pressures, P, tending 
to reduce its length, and by two equal and opposite tensions, 
also equal to P, tending to increase its breadth. The result- 
ants may evidently be represented by two forces, OD . . . and 
OA, . . . each equal to V2 X P* These tend to make the 
two halves of the cube slide relatively in the directions AD 
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and DA. This tendency is resisted by the plane AD, the area 
of which is V 2. Hence the intensity of f he tangential or 
"shearing " stress is V2"x P -*- V2 = P. 

We have seen that if ^ is the simple rigidity of a body 
subjected to a pair of stresses at right angles eqaal to ± P, 




the dimensions of a unit of length become altered by the 
amount 

If, therefore, the stresses are exerted along the diagonals of 
the cube {AOD and BOC) one of these diagonals, AOD for 
instance, will be shortened, the other lengthened by the 
amount V2 X I (since the change of length is proportional to 
the distance affected). It follows that AA'y DD', &c^ being 
equal to one half the change of length in each case, are all 
equal to iV2"x tor 
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AA' = iVi J- 

From P, where AO and A^C intersect, draw a perpendicu- 
lar PA''' to BA' and PO'" to IX? ; said let AO cut BUf 




cc t 



and ly Qf at -4" and 0". Then, by cotistruction, in the 
(nearly) isosceles right-angled triangle AA"A^f 

A'A" = Vi XAAf = Vi X i Vi J = i ^(nearly). 

We have also, by construction, 

AfA'f = A" A'" = CfC'f = CffC"f (nearly), = id, 

where d is the total dislocation of the side A^B^ with respect 
to C^Jy, which, since the distance between the sides is 1, is 
equal to the tangental or ^shearing" strain. Hence we have 
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p 
d = LAA^ = — - (neaiij). 

S 

or 5 = 4. 

d 

We have seen that P represents the shearing stress, d the 
shearing strain ; S is the '^ simple rigidity." It might also 
be called the ^'modalus of shearing." 

The constant S in formulas involving transverse stresses 
and strains evidently takes the place of Young's modulus in 
formulas where these stresses and strains are longitudinal. 

(0) Coefficients of Torsion, In a thin tube of length /, 
thickness t, and mean radius r, the cross-section is 2Trrt, and 
if the angle of torsion is a in circular measure, the twist per 
unit of length is a -f- /, so that two points at the unit dis- 
tance (measured longitudinally) are dislocated through the 
distance ry^a -r- L The force necessary to produce such a 
dislocation between surfaces of the area 2Trrt is 

/= 2irrtXrXa^lX S, 

where S is the " coefficient of simple rigidity." The couple 
required is accordingly 

c =/ X r = 27r5r«^a -^ /. 

The " directive force " (rf), or ratio of the couple to the angle 
of torsion in circular measure is 



a 



I 



A cylindrical rod (or wire) may be considered as a series of 
tubes with radii varying from to r. The directive force 
for each tube is less than that of a tube with the radius r 
in the proportion «• : r* / hence the directive force of a rod 
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is less than that of a tube with a radios and thickness equal 
to the radios of the rod in the proportion (see IX. (A)), 







Now the directive force of tube of radios r and thickness 
r woold be 

hence that of the rod is (see section (d) formula (1)) ; 

n=i.'JLf^ = ^.^. (1) 

Dividing the directive force bj (the number of degrees 

in 1 unit of angle), we find the coefficient of torsion per degree, 

860 860 / ^ ^ 

Given D or T, the coefficient of simple rigidity, S, may evi- 
dently be found by the formula 

If the directive force D is determined by the time of oscilla- 
tion < of a body of moment of inertia K, we have, substituting 
the value of A namely ir^K -r- ^ (see section (rf) formula 

(1)), 

S = ^f. (4) 

(/>) T^'ansverse Elasticity, Let a beam consisting of two 
thin rods, AD and EH, of length Z, breadth B, and unit 
thickness, be bound in some light inelastic material except- 



1158 



APPENDIX XL 



ing the anit lengths BO and FG, which are at a distance / 
from the ends of the rod, and at a mean distance t from each 
other ; and let a transverse force p applied at the end of the 
rod produce a deflection Diy ^ d. 




Drawing COG parallel to B'F' and bisecting 0'0'G', ao 
that OC = OG' ^ i t, we have from {nearly) similar 



CC'.OCr::GG':OG'.:d.-l, 

or CO' = GG = ild -h I. 

The forces brought into play by stretching the rods BC and 
FG of unit length and with the croBS-flection B are, if 
Yonng'a modulus is Y, 

f~±CC'X BT— ± \tBTd H- I, 
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and the couple produced is 

This couple must be equal to that due to the force p on the 
arm l^ hence 

pX 1 = ^^BTd H- I, whence 

It would be possible to find Young's modulus by this for- 
mula (remembering that the result is to be multiplied by the 
length BG and divided by the thickness of the rods, if these 
are not unity) ; in practice we employ, however, a solid rod, 
of thickness Ty which we may consider as composed of a 
series of pairs of rods of the unit thickness, equal in number 
to ^7! If the total couple produced by these rods is C, the 
average couple is evidently C -f- J T', or 2 (7 -5- 71 Hence 
we have (see IX. (/)), 

T 

20 _ .t^BTd _, i T^Brd_.TWrd 



from whish, 



d = 



UCl _l2{Fxl)l_ 12i^ 



BT^r BT^T BT^T' 



where F is the force producing the couple C. Now suppose 
that the rod is released from its restraint to a distance L from 
the free end, each portion contributing an amount d to the 
total deflection Z), due to the bending of all the portions. 
The average deflection due to each unit of length of the rod 
being i) -f- Z, we have 
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L 

D _ 12-FP _ 12 Xj^* _ 4^^' 
L BT*T BT*r BT*r' 

from which ire fiod 

y_ AFL* 
BT*D' 

When a rod of length I, breadth 5, and thickness t, eapported 
at both ends and loaded In the middle b; a force /, is deflected 
through a distance d, each support reacts with a force F = 
\j, and since the middle of the rod remtuns horizontal, the 
length beDt is L = \l. SubsUtaling these valnea we find 

{q) Longitudinal Wave Motion. The strata of a modiam 
which in a state of rest wonld be equally spaced, as in the 
series (1), in the figare, are when transmitting a wave of 



mm 



II 
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sound, crowded together is somo places, as ^2, (72, S3, and 
Z>3, and more or less separated in others. It is seen that a 
comparativelj small distance traversed by the strata between 
(2) and (3) accounts for the apparent movement of the con- 
densation from A to B. We will suppose this apparent move- 
ment to continue indefinitely with the velocity ti, and that 
several imaginary points, a, b, c, &c., moye with the same ve- 
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locity and in the same direction, so that one of them, a for 
instance, is always in the denser portion of the ^ wave/' while 
another point, &, is in a comparatively rarefied portion. The 
number of strata traversed by a in a given length of time 
must be approximately the same as that traversed by b, for if 
a left many more strata behind it than 5, the strata would 
soon become exhausted from between them, and if b left more 
behind it than a, there would be an indefinite condensation 
of strata. Both of these suppositions are contrary to the 
conditions which we have assumed. Now if n' is the number 
of strata per unit of distance at a, n" the number at b, v the 
velocity of the points a and by v' that of the strata at a, and 
v'' that of the strata at b, the relative velocities are v — t/ 
and V — t;" respectively ; the number passed by a in the time 
< is (r — v^) n't; and that passed by b is {v — v'') n!H; hence 

(t,_r') n't = (v — vff) n^U. 

Now ihe densities of the medium, df at a, and d^^ at &, are 
evidently proportional to the number of strata per unit of 
distance, hence 

v^v' __ n^f_d" 
iJir;7' ~ n^ ~ d' 

from which we find 

r — r' rf^^ ^_ r^^ — v^ _ d'f — df 

v — vff ~ W ~ v — vf df ' 



or 



d'f — d' d! 



Now if d* represents the mean density, (f, of the medium and 
v' the corresponding velocity, which, in the absence of any 
motion of translation [e. g. wind] we will assume to be 0, 

we have, substituting, 

37 
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i 



vii—0 _v—0 
d!' — d J"' 



/' 



or — = 

V 



d" — d 



(1) 



That is, the velocity of a given particle is to the velocity of 
the wave a? the difference in density from the mean density 
is to the mean density of the mediam. We notice that in 
the denser portions of a wave the particles are moving with 
it; but in the rarer portions they are moving against it. 
Under these conditions only is longitudinal wave- motion 
possible. 

(r) Velocity of Sound in Air. Let 1 and 2 in the figure 
be two points on opposite faces of a centimetre cube of air, 



> 



V 

\ 




\ 


2. 




/. 


\ 




\ 



where the pressures are^^i and/?,) the densities di and d2, the 
velocities of the particles v^ and Vj, respectively. Then if 
a wave of sound moves from 2 to 1 with the velocity r, it 
will occupy a time t in traversing the (unit) distance in ques- 
tion such that 

V 

The forces acting upon the two faces of the cube p^ and pi, 
being opposite in direction, have a resultant / in the direc- 
tion of the wave motion, 

f=P2 — Pl' 
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The mass acted upon is numericallj equal to the deusitj of 

the air, 

m=- d (nearly) . 

The velocity acquired is equal to the difference between the 
original velocity, r^ at the point 1 and the final velocity, v^, 
which with the other properties of the point 2 are carried to 
the point 1 by the progression of the wave. We have, 
therefore, 

Substituting the values of <,/, m, and A v, in the formula 
expressing the general law of motion, 

/X' = »>X At;, we have 

V 

Substituting for v^ and Vi their values from the last section, 
namely 

rj = — (c?j — rf) and t^i = - {di — d) we have 
d d 

(P^-Pi) X J = d X (^ (rf,-rf)- J K - d)) 

= V {d2 — di). 
Hence we find 

v^ = P^IZ^. (1) 

If air suddenly compressed obeyed the law of Boyle and 
Mariotte (as Newton wrongly supposed), we should have 

P : D :: p^ : d^ :: Pi : dx :: p^ — pi : : d^ — c?x, &a 

In fact, however, so much heat is developed by sudden com- 
pression that the increase of pressure is, in the case of air, 
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about 1.408 times, and in general k times as great as it 
would be according to the law of Bojle and Mariotte. We 
have accordingly, 

Substituting for kP the symbol E^ representing the ^' coeffi- 
cient of volume resilience " we have finally, 

f. (8) 

This formula applies to the velocity of sound in any medium, 
provided that E represents that modulus of elasticity which 
resists the dislocation of strata accompanying the propagation 
of the sound. 

In the case of a thin wire, we substitute for E '^ Young's 
modulus of elasticity," if the vibrations are longitudinal, or 
the ** simple rigidity " if the vibrations are torsional. 

(«) Index of Refraction of a Prism, When a ray of 
light, FGHI^ passes through an equilateral prism, AJL, in a 
direction GH, parallel to the base, JL, the angles KGH and 
KHG between the ra}' and the normals BK and CK^ are 
evidently each equal to the angle of refraction r. The sum 
of these angles (2r) is the supplement of BKC ; and the 
prism angle A is also the supplement of BKO; hence 

r = i^. (1) 

From the equality of the angles KGH and KHG within 
the prism, follows that of the angles BGF and CHI outside 
of the prism ; these are accordingly each equal to the angle 
of incidence, t. Now the ray of light is deviated at the 
point G through an angle DGF^ and at H through an equal 
angle ; hence the total angle of deviation, 
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d=2DGF=2(BGF—BGD) = 2{BGF—KGH) 



Hence 



= 2(t-r). 



i—r = id,OTi=r-\-id = iA-\-id. (2) 



Subsdtating these values of i and r in the formula § 102, we 
have 



sin (iA) 



(3) 




(t) Index of Refraction of a Lens. When waves of light 
from a point B are brought to a focus at J7, it is evident that 
in a given length of time different distances are traversed by 
different portions of the wave. Drawing the arcs AFI and 
ADIvixXYl ^and /Tas centres, also the straight line AEljWe 
see that the path BAH is longer than BEHhy the amount 
DF, In the same time that light traverses a distance CG 
through the lens it passes accordingly through a distance 
CG + ^F in air. The index of refraction is, accordingly, 

CG-[-DF 
^= CG ' 
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The object of the present iavestig&tioo is simply to express 
DF aod CO va. terms of the radii of curratare BG and 
QG) and focal lengths ( J?£ and HB) of the lens. We have 
by geometry 



•■C -*r--rf7^te 



{ET) = {^AEf + {BE) and {DE) = (AE)' -r- (BE). 
Hence 

DF = DE-\-EF^(AE)''x (1 -J-/i + 1 -*-/i), 
where/, and/, represent the conjugate focal lengths. 

We have gimiUrly, 

(CG) = (AE)'x (l-t-BE-^-l^ CE)^ 

{AF)^ XO-i-Ri + l-i-R;) nearly. 

neglecting the relatively small distances CiTand EG in com- 
panson with the radii R, and A,. Snbstituting these valnee 
and cancelling (AE)* we find 



+i + l. + i) 



V. ' /. 



- (see S 103), we have, 
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(u) Compound Lenses, Let the lens studied in the last 
section be cut in two in the plane AI, and the two halves 
made tangent at G-O^ also let the space between the two 



e 




.-O-- 



halves be filled with a liquid having an index of refraction /m' 
less than /a. Then if t; is the velocity of light in air r -i- /a 
is its velocity in the lens and v -i- yJ is its velocity in the 
liquid. The time occupied in passing through the distance 
EG -{-CB is accordingly 

(EG+ CE) ^ (,x -M?) =/i (EG + CE) -^ v. 

The time occupied in passing through an equal distance (from 
A tx>A') through the liquid is similarly fi' {EG-\- CE^) -^ v. 
The difference between these two times is compensated by 
the difference in the time required to pass through the dis- 
tances BA -f- A^H and BE -f- EH in air ; that is, the time 
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required to pass through the distance EF -|- DW in air. 
That is, 

/x (EG + CEf) -^ v-^fif (EG+ OE') ^ v 

=z(Eir^DEf)-r'V, 



whence 



^ EG+CE' 



Substituting as in the last section, and cancelling (AEy we 
have 

EF + DE' = {AEy (1 ^/i + 1 -5- /,) and 
EG + OF' = (AEy (1 -s- 5i + 1 -5- Rj) 



li—ft.' = 



It foUows that 



1 + i 1 

JL-u JL ~ 1. 

R\ Rf R 



2 ^ 






30' ,-' 



B<:' 



'^.- 




•*•. •*•* 



••'■4»: • 



->ff 



The same formula holds approximately for a lens mounted 
between two plates, the spaces being filled with liquid, for 
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the distfllDces traversed through the lens, the liquid and the 
air are (nearly) the same. 

(r) Electrostatic Potential, Two bodies, each charged 
with a unit of positive electricity, repel each other at the 
distance d with a force (/) such that 

The work (w) required to change the distance between the 
bodies from di to d^ is 

where S represents some mean between the distances d^ 
and d^. 

If we assume that the work YT necessary to bring the two 
bodies together from an infinite distance to the distance d is 
in general 

we have ITi = 1 -5- e/i, JFj = 1 -5- cfj, &c., whence by 
difference 

d^ di did^ €p 

where d is the geometric mean between di and c^- There 
can evidently be no great error in using the geometric or any 
other mean when the dbtances are very small ; and by 
dividing a given motion into a sufficient number of steps 
the proportional error in the estimation of tv can be indefi- 
nitely diminbhed. Now the proportional error in sums can- 
not be greater than in the separate terms ; hence the general 
formula, TP= 1 -5- rf, must be exact. The work W required 
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to bring a unit of positive electricity to a given point is called 
the electrostatic potential of that point. We have seen that 
the electrostatic potential due to one unit of positive elec- 
tricity at the distance d is l-i- d; that due to q units is 
accordingly 

When q units are distributed uniformly over the surface of a 
sphere of radius r, they act upon points outside of the sphere 
as if they were at the centre of the sphere. The potential 
of the sphere is determined by the work necessary to bring a 
unit of positive electricity up to the surface of the sphere, 
that is, to within a distance r of the charge ; hence we have 

e =i, and q = er. 
r 

Let two spheres, suspended as -in ^ 258, be charged to the 
potential e ; then we have 

q z=. q^ =:: er =z er' =2 ^ed = iedf. 
The force of repulsion is 



._qg' _(hed)^_. e^ 



where 8 is the distance between the spheres. This is balanced 
by a force wXgXis-r-l; hence we have 



8 



^i _ 2tr^s* 



W' 
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whence, 



e 



^ Id* ' 



(w) Absolute Electrometer. Let P be a poiDt charged 
with a unit of positive electricity, and AB an elec- 
trified plane near P 
charged with s units of 
electricity per unit of 
surface. Draw the 
hemisphere A Q Q' B, 
with unit radius and 
with P as a centre ; let 
q and Q be sections of the plane and hemisphere included in 
a small solid angle Q, and let Q' be a similar section such 
that PQ' is normal to AB. We have, by geometry, 

q cos QPQ' _ Qf 




{Pqf 



{PQy 



Assuming that the hemisphere is also charged with $ units 
of electricity per unit of area, the attractions of q and Q' 
resolved in the direction PQ become 



8 



{PqY {PQ'y 



respectively. We have seen that these two quantities into 
which 8 is multiplied are equal. Since any two portions of 
the plate and hemisphere occupying the same solid angle 
exert the same attraction on the point P, supposing the section 
of the hemisphere to be transferred to Q', the whole plate 
must exert the same attraction as the whole hemisphere, neg- 
lecting a small portion near the edges, and supposing the 
whole transferred to Q'. Since the surface of a hemisphere 
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of unit radios is 2ir, and the quantity of electricity is i units 
per unit of surface, the attraction in question is 

27r« -5- (P0)» = 2ir«. 

In the absolute electrometer in % 270, we consider the 
point P to be between two plates with equal and opposite 
charges of ± s units per unit of surface. Hence the force 
(/) or P is/= iirs. If the distance between the plates is 
d^ the work required to take P from one to the other is 

fXd=: iTTsd = e, 

where e is the difference in electrostatic potential. The 
charge on the upper plate, of area a, is « X <h hence the 
force F is 

whence s = i/ ^^ . 

Substituting this value of s we find 

e = 4.,ef = 4 V^= v/^^ • 

V 27ra V a 

(x) Capacity of Condensers. The electrical capacity c of 
a body is defined as the ratio of the charge (g) to the electro- 
motive force (^) ; that is the difference of potential which it 
produces, or by which it is produced. Since, in the case of 
a sphere of radius r,q = er (see (r)), we have 

o=i=f!l=r. ' (1) 

e e 

We have seen in the last section that the differerce of poten- 
tial (e) between two plates charged with ± s units of elec- 
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tricity per unit of surface and at a distance d is ^irsd. If 
the area of either plate is A, the charge is 

This {q) is the available charge of the condenser formed by 
the two plates ; for a flow of q units from one plate to the 
other would reduce the charge of each to 0. It follows 
that the capacity (7, or ratio of the charge to the difference 
of potential or electromotive force is 

0=1. = AL^= a. . (2) 

e ^tirsd 4iTrd 

The plates are here supposed to be separated by air, or by 
other material the specific inductive capacity of which may be 
taken as unity. 
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USEFUL FORMULJS. 



(a) Interpolation. 

Let -|~ ^ = response of instrument to value A; — ^ = 
response to value ii + a / « = sensitiveness = a: -}- y, 

9-^+—' (§41) 

(b) Geometrical Formulce* 

Circumference c of circle of radius r, 

c = 27rr. (Table 3 F) 

Cross-section (q) of cylinder of radius r, weight tr, density 
d, and length /, 

to ^ 

^~Td ~ ' (Tables (?) 

whence r=: i/-3L = i/Jf-. 

V TT ▼ irld 

Volume V of sphere of radius r, and diameter d, 

r = Jttt* = i7r(f« ; (Table 3 H) 

whence rf = 1.2407 ^^ 




USEFUL FOBMULiE. 1175 

(o) Hydrostatics. 

Mass M, Density D, Volume V, and Specific Volume S, 

Pressure p, due to vertical height A, of column of liquid of 

density dj 

p = hgd. (§ 63) 

(d) Expansion. 

Reduction of volume F, and density J9, of a gas at tem- 
perature ^ and pressure /?, to volume Vq and density Dq at 0^ 
and 76 cm., 

A = i> X - X ^^^' (Tables 18, d-e-, § 81)) 

p 116 

vo = vX ^ X 2^^. (Tables 18,f-ff) 

Laws of gasesy T, Tq, 7\, T2 = absolute temperatures, 

•V, Vq, Vi, V2 = corresponding volumes, 
Py Po» Pi Pi = corresponding pressures, 
(0) at 0°, (1) at 100°, &c. 

vp = VoPo =ZViPi= V2P2 &c. 

(Law of Boyle and Mariotte, § 79) 

T : To : Ti : T^ : : v : Vq : Vi : V2 &c. 

(Law of Charles, f 76, § 74) 
If 2; = absolute zero, 

z = — 100°--£2 — = —100° -^o = — 273°. 

(ff 74-76) 
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Coefficient of expansion e (mean from temperature ti to ^2), 

- v,(t,-t,) m 63-74) 

Linear coefficient e (mean relative from ti to t^^ 

'-^'-^ v,(i,-t,)' a 240) 

(e) Ci^orimetry. 

81 82) &<^'9 = specific heatSy 

tci W29 &c., = corresponding weights, 

ti t2f &c., = corresponding temperatures before mixture, 

/i ^9 &C., = corresponding latent heats, 

c = capacity of calorimeter, tz its temperature be- 
fore mixture, t the temperature of the mixture, 
and q the no. of units of heat lost, 

C=:Wi8i X j^ -. 

C = ITi 5i -}- M^g «2 + *^8 *8 + &C. (IT 91) 

Wi8i (t — h) + W2S2 (t — Q + C {t — ts) +q + liWi = 0, 

(f 100) 

(f) Light. 

Law of inverse squares, 

2 



^•■^••••(^)-(t)- 



Photometric law, x : y :: a^ : b\ (% 109) 

Principal focal length = Fy conjugate focal lengths =/i 
and /s. 
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p— -^ /iX/» - 

■^ — _1^ , J_ ~ /j _!_/,• (For real foci, 5 117) 

/i /. 



J'= 



— Ay. A 



1 1 ~ f^'Z^f^- (For virtual foci, f 119) 



i4 = angle of prism, D = angle of minimum deviation. 
Index of refraction^ 

_ sin^{A-{-D) 
^ ~ sin i A (Appendix XI. (s)) 

R = mean radius of curvature of double convex lens, 
F = principal focal length, 

R 

M = 1 + i ^- (Appendix XI. (0) 

Double convex lens (of index /a) between plates filled with 
liquid (of index ft'), 

R 

m' = ^ — i ^ • (Appendix XI. (u) ) 

Rotation of plane of polarization (o) of sodium light in de- 
grees due to depth d of sugar solution containing s grams 
per cu, cm, 

a=zQ.65 d.soT 8=i 0.150 a -i- d. (1[ 245) 

Wave-length /, angle of diffraction a, and distance between 
lines of grating (d) in position of minimum deviation, 

I = 2d sin ia. (1[ 129) 

Correction of observed altitude, A. 

s = semidiameter (sun = 16', nearly), 

h = dip of horizon (from point m metres high, 1 f Vm nearly), 

88 
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r = refraction (1' X cotan A nearly), 
p = parallax (0' for the sun), 

a = J + « — A — r + p. (IT 242) 

Latitude^ /, from altitude a and declination dj 

l=dO° — a±d. (IF 242) 

Longitude T, in hours, minutes, and seconds^ from standard 
times tf and <" of equal altitudes, and equation of time e, 

T=i(tf + i'')±e. (11243) 

(g) Sound* 

Lissajous^ curves ; P, p =r pitch ; n = No. of lobes, c = 
No. of cycles per second, 

Pz=np±c. (fl43) 

Velocity v, pitch p, wave-length /, distances traversed d, d^ 
(fj, corresponding times, /, ti, t^, 

(Appendix XI. (r)) 
Velocity (vi) of longitudinal vibrations (Young's modulus 



-v/^- 



(11248; Appendix XI. (r)) 
Velocity (y^) of torsional vibrations (Simple Rigidity = S) 



r.= v/|- 



(f 248; Appendix XL (r)) 
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Pitch of a string, of length /, and mass m X ^ stretched 
by force f, 

T 
m (Appendix YL, 64 A) 



==\i\l 



(h) Moments of Inertia. 

Moment of inertia of mass M about axis through centre of 
gravity =: K; about parallel axis at distance c = K^j 

Kf = K-^ M(?. (Appendix XI. 0*) (3)) 

Small mass M&t distance / from axis, 

K=mP. (Appendix XI. (d)) 

Thin ring (or tube) of mass if and mean radius R about its 
axis (e, g. rim of wheel), 

K = MIP. (Appendix XI. {k) (1)) 

Thin ring about a diameter (as in spinning), 

K = \ MR". (Appendix XI. {k) (5)) 

Square bar of length L, breadth B^ and mass M^ about a 
central transverse axis (e. g, suspended magnet), 

K= tV ^(^' + ^). (Appendix XL (k) (4)) 

Round bar of length L, and radius Rj about central trans- 
verse axis (e.g. suspended magnet), 

K = j\ MU + i MR". (Appendix XL {k) (10)) 

Disc or cylinder of mass JIf and radius R about axis (e,g, a 
wheel), 

K=^ MR^. (Appendix XL (k) (7)) 
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Thin disc about diameter (e, g, a coin spinning), 

K=\ MR". (Appendix XI. {k) (8)) 
%)kere of mass M and radius E, 

K=i MR", (Appendix XL (k) (12) ) 

(i) Dynamics. 
Force fj acting for time t, gives mass m velocity v, 

fi = mv. (§ 106) 

^ mv . mv ft ft 

if V m 

Gravity (g), time tj velocity v, distance cf, 

v = gt. (§ 108) 

d=ig^. (§108) 

Ballistic pendulum, 

" = ^^ \/mJ- (§ 109) 

Pendulum of length ^, time < (latitude X), 

' ~ ' V f (Appendix XI. (e) (2)). 

"^ • (Appendix XL (c) (3) ) 
/ = 99.3562 — 0.2536 cos 2 X. (Table 48) 

^ — IT • (Appendix XI. (c) (1 )) 
g = 980.6056 — 2.5028 cot 2 X. (Table 47) 
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Compound pendulum with directive force J9, and moment 
of inertia K^ 



'=VI 



(Appendix XI. {d) (2)) 



Directive force D of magnet of moment Jf due to horizon- 
tal component ^of earth's magnetic field, 

D = MH= It" —. (Appendix XL (d) (1)) 



(J) ElasUcity. 
Coefficient of torsion T, 

bV .3 1 80 <^ ' (Appendix XL {g) (2)) 

Simple rigidity S, of a wire of length /, radius r, and coeffi- 
cient of torsion T, 

360 r/ 2wlK 



S = 



(Appendix XL (o) (3) (4)) 



Young's modulus J", for a beam of length /, breadth h, thick- 
ness if suffering deflection d, from force f at middle of beam. 

^^ Abd? = ^^' (IF 163 ; Appendix XL (p)) 
Resilience of volume^ with coefficient or modulus -AT, 

(f 240; Appendix XI. (w) (1)) 

Poisson's ratio (fi) of lateral contraction to longitudinal 
extension, 
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ZM—2S 



fi = 



eM-\- 2S ' (Appendix XL (m) (2)) 



(k) Frictloiu 

Coefficient of friction in fluids f creating force F on 
area a through velocity v, 

F 

^^ ~^' (ir 172) 

Viscosity coefficient 17, in capillary tube of length / and 
radius r, transmitting in time t, a weight w, of liquid of den- 
sity (f, under a pressure p = hgdj 

vgd^hrH • 

"^ %lJr'' (1 251 ; Appendix XI. (/)) 

Efficiency e of water motor with wheel of circumference c 
making n revolutions per unit of time against tangential force 
/, while consuming a volume v of water under the pressure />, 

« 

cnf 

'~vp- a 176) 

Mechanical equivalent of heat J, in terms of number of 
times (n) that a material of specific heat s must fall through 
a distance d, under gravity (g) to warm itself <°, 

•^-IT' (11178). 

(1) Magnetism. 

Mean strength «, of the poles of two parallel magnets, the 
attraction of which at the distance d is greater than the re- 
pulsion by amount A, 

s = idVA (nearly). (§ 129) 
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Moment of magnet with poles of stroDgth ± s and distance 
/ between poles, 

if = sXl. (f 185) 

Magnetic couple (c) deflecting a wire of coefficient of tor- 
sion Tj a°j or giving body with moment of inertia K, a time 
of vibration t, in earth's horizontal field JI, 

Jlf^=7'a(iri82) = !^ (Appendix XI. (A)) 

Maximum deflection a, due to magnet of moment M at 
mean distance d, in earth's horizontal field By 

^ = ^d^tana. (Appendix XI. (t) (1) 
Horizontal intensity Hoi earth's magnetism. 



H= "Hj-l^ 
t \ d^tana' 



(Appendix XI. (t) (2)) 



Dip (d), estimated by throws of ballistic galvanometer ; 
a' dae to vertical, a" due to horizontal components, 

. 4,^ J chord (/ 

lan a = • ,^ « /\« \ 

chord of' (T 101) 



(m) Magnetic Cnrrent Measure. 

Constant JT of a coil with n turns of radius r, 

^=—' (ir 199, §188) 

Reduction factor of galvanometer with constant Jf in mag- 
netic field Hy deflected a° by current C, 
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H c 

» = -— = for absolute units, 

K tan a 

7=10 ^ = for amperes. /-, i atw 

K tana (1 1 90) 

Comparison of tangent galvanometers with reduction fiu^tors 
/and /', giving deflections a and a', 

/ tan a 

T ~ uiiT^ ' (IT 201) 

Shunt of resistance S increases reduction factor of gal- 
vanometer of resistance Ji -{- Gin the ratio 

I _ S 

I B -{- G-\'S' (Appendix VIII., 61 Cf). 

Dynamometer with large coil of constant A", and small coU 
of magnetic area Ay gives deflection a, under current in 
amperes C7, against torsion of wire having coefficient t^ such 
that 



"^''sIJa- 



(f 204) 



Electro-chemical current measure in terms of weight w, of 

substance having electro-chemical equivalent q^ acted upon in 

time ty 

w 

For copper, 

r, 3050 w 

C = — ^_ amperes. ^^ ^^^ ^g)) 

Current C, of heat or of electricity in terms of quantity 
Q, in time /, 

C= ^ (by definition). 
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Specific conductivity g, in terms of current C, length of 
conductor Z, area of its cross-section A, and difference of 
potential or temperature, £! or T, 

_CL _CL 
^~AT~AE' (11241) 



(n) Electrical Resistance. 

Resistance J?, of conductor, in which a current G in amperes, 
generates heat enough in the time T^ to raise a weight w of 
water, and a calorimeter of thermal capacity c, from ti^ to t^^, 

P_ 4..ll{w+c) (t^ — ti) 
C^ (ir213) 

Specific resistance S, of conductor of length L, cross-sec 
tion A, and resistance E, 

Q HA 

^ — IT' (11219) 

Wheatstone*s Bridge (see Fig. 18, page 732), 

AB: BG:: AD : DC. (§ ^41) 

Resistance (R) in mtdtiple arc of conductors having resist- 
ances Ri i?s, &c., 

1 _ 1 , 1 , p 

Thomson^s Method. Battery resistance B, galvanometer 
resistance G ; if external resistance M gives same deflection 
as r gives with battery shunt of resistance S, 

^ — ^flf^ (Appendix VI., 113 ^) 
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OhnCs Method. Battery resistance B, electromotive force 
Ej deflection a ; with added resistance R^^ deflection a^ 

jy . H^ tan a^ 

tan Oi — tan a^ ' (T 225) 

p i?2 tan ai tan at 

tan Oi — tan a,' (T 230) 

Beetz* Method, Resistance of stronger battery B, electro- 
motive force ^', external resistance r^' and rjj correspond- 
ing resistances of shunt r^ and rj, 

D^rirJ — rifVi 

^ r,-r, ' (f 228) 

'W 7, V^ (f 228) 



(o) Electromotive Force. 

ElectTO-chemicai equivalent ^, heat of combustion h, elec- 
tromotive force E^ and mechanical equivalent /, 

E = Jqh. (§ 145) 

Electrical power (P) in terms of electromotive force E, 
and current O, 

F=CE=C^R\ (f 230; §§ 136, 137) 

whence C = P -4- j&, and j& = P -=- (7. 

Electromotive force in terms of the current C and resist- 
ance i?, 

E=CR: (§139) 

Whence Ohm*i Law, 

^=-W (§ 138) 
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Wiedemann's Method, Electromotive forces H and e in 
coDJuDCtioD and opposition, corresponding deflections A and a, 

E tan A + tan a 

e tan A — tati a (IT 231) 

JSlectromotive forces E and e produce equal currents with 
given external resistances ; also with the resistances R and r 
added to respective circuits ; then 

e:E::r: R. (f 233) 

Differences of Potential Ci and e^y corresponding to dis- 
tances di and d^ on uniform straight wire carrying a current, 

ei : Ca : ; di : d^. (If 235, 236) 



( p) Electrostatics. 
Capacity c of sphere of radius r, 

cz=r. (Appendix XL (a?) (1)) 

Capacttt/ of condenser with insulating layers of area A, 
thickness t, and specific inductive capacity s, 

_ As 
^ ~ 4^ • (Appendix XL (x) (2)) 

Charge q^ in condenser of capacity c, due to electromotive 
force e (hy definition), 

q =zce. 

Electromotive force e in electrostatic measure causing two 
pith-balls of diameter d, weight wg, suspended by cords of 
length /, to diverge through distance s, 



/ 2wgs^ 

^ — V ~^- (Appendix XI. (r)) 
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Ehctromotive force e iu electrostatic measure causing a 
plate of area a to be attracted or repelled by a large plate at 
a distance ef, with a force wg, 



e 



V a 



(q) Average. 



(Appendix XI. (w)) 



a a" 



x" n + l' (Appendix IX, (0) 

(r) Probable Error. 

P = probable error of single observations, 
p = probable error of mean of n observations, 
cP = mean square of the differences, 

(Appendix X. ( k)) 

P = 0.67449 dV 1 -f- (n — 1) = p Vn. 

Probable error (p) of a result, in terms of variations di 
dzy &c., introduced by changing the separate data by an 
amount equal to probable error of each, 

j9 = V di^ + ^2^ + ^^' (Appendix X. (o)) 

(s) Weight of Results. 

Weights = tvi W2 t^j, &a (Appendix X. («)) 

probable errors =/?i, p^y Pzy &C' 

then Wi : 1C2 : w^, &c, ;; ( — ) : ( — ) : ( — ) &c. 

\pi/ \pi/ \pz/ 

Most probable residt B, in terms of several results, ri r^ rj, 
&c., with weights Wi tTj w^, &c., 

p tVl n 4-^2^2 + ^^8^3 + &C' 

<^1 4" ^2 + ^8 + &C. 
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(t) Dimensions. 

Note. The dimensions of a quantity may be defined as 
a mathematical expression for the number of times that mul- 
tiples of the three fundamental units of length (Z) mass 
( M) and time ( T) must be employed as factors to express 
the quantity in question. The dimensions are usually rep- 
resented by ordinary " exponents." ^ 

Dimensions are useful in reducing results from one system 
to another. Let L be the value in centimetres of the unit of 
length in any system, M the value in grams of the unit of 
mass, T the value in seconds of the unit of time ; then the 
dimensions of a given quantity, let us say Z' M' T*y give at 
once the factor for reducing that quantity from the given 
system to C, G. S. units. 

Dimensions obey the following laws : — 

(1) Only quantities of a given kind can be added or sub- 
tracted, and the sum has the same dimensions as the separate 
quantities. 

(2) The dimensions of the product or quotient of two 
quantities are equal to the product or quotient of their sepa- 
rate dimensions treated as algebraic quantities. It is through 
thb law that dimensions are calculated. 

(3) The two sides of an equation must always have the 
same dimensions ; for quantities differing no matter how 
slightly in dimensions are, like surfaces and volumes, essen- 
tially difierent in kind, and hence cannot be numerically or 
quantitatively compared. This equality of dimensions, be- 
ing a condition which every rational formula must satisfy, 
furnishes a useful test of the accuracy of mathematical work. 

Angles, strains, specific gravity, temperature, and all rela- 

^ For proofs and illustrations, see Kohlrauscb, Fliyslcal Measure- 
ment, Appendix A. 
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tive magnitudes, baviDg no dependence upon the fundamental 
units, are of dimensions 0. 

The dimensions of other quantities are expressed as follows : 

Length L 

Surface • Z* 

Volume Z* 

Time T 

Velocity L -^T or LT'^ 

Acceleration (L -r- T) -r- T or LT-* 

Mass M 

Density L~* M 

Force LMT-^ 

Work (or kinetic energy) -v / U MT^^ 

Ck)uple K \UMT-^ 

Directive Force ) \U MT' * 

Power UMT'* 

Moment of inertia L^ M 

Stress, or pressure ) i ^ ~ ^ MT~ ^ 

Modulus of elasticity I Xl-^MT^^ 

Electrostatic or magnetic unit hi M^ T"^ 

Electrostatic potential ih J/i T- ^ 

Electrostatic capacity L 

Magnetic moment . L^ M^ T"^ 

Magnetic field L-^M^T'^ 

Electrical current (magnetic measure) . . , Zi M^ T^ ^ 

Electro-magnetic unit of quantity I^Mi 

Electromotive force I^M^T"^ 

Electro-magnetic capacity L"^ T^ 

Resistance LT~^ 



-♦- 



INDEX. 

Part I., pages 1-278. 

Part II., pages 279-683. 

Part III., pages 684-900. 

Part IV., pages 901-1190, 



ABBREVIATIONS. 



npp.^ apparatus. 

B, W. G.f Birmingham wire gauge. 

C. G, 8,t centimetre-gram-second sys- 
tem. 

cm.y centimetre [s]. 

co^.f coeilicient [of]. 

const.f constant. 

cu,f cubic. 

det.^ determination [of]. 

e. m.y., electromotive force. 

eg., equivalent. 

ex,, exercise. 

exp,, experiment. 

(/., gram [s]; also acceleration of 

gravity. 
f/r,, gravity ; also grain. 
h., hour [»]. 



H. U., Harvard University. 

kilo., kilogram [s]. 

kilom,, kilometre [s]. 

m., metre [s]; abo minute [sj. 

meas., measurement [of]. 

min., minute [s]. 

mm,, millimetre [s]. 

obd,, observed. 

olu., observation [s]. 

8, or tec, second [s]. 

sp., specilic. 

sp, gr., specific gravity. 

8p, ht., specific heat. 

tq., square. 

temp,, temperature. 

vol, volume. 

wt,, weight. 



INDEX. 



Abbreviations, 1192; of arithmeti- 
cal processes, 662-663. 

Absolute electrometer, 582-583, 
1171. 

Absolute expansion, 94-100. 

Absolute measurements, 511, 531. 

Absolute standards necessary, 633. 

Absolute system, 440, 592, 603, 606- 
607, 705. 

Absolute temperature, 122, 124, 128, 
680-681, 683. 

Absolute zero (— 273^' C), 125, 
127, 679. 

Absorption, electrical, 562; of en- 
ergy during; change of state, 686- 
687; of gases by liquids (solubil- 
ity), 861-863; of heat, 887; of light 
(color), 551. 

Acceleration, 836, 607, 999, 1132; 
and force, 705; components, etc., 
704; of gravity, 328-330, 555, 897, 
1134. 

Accidental errors, 392, 615, 653. 

Accidents, danger of, 140, 205, 
368, 463. 

Accuracy and precision, 594; ap- 
parent and real, 594; overestima- 
ted, 654 ; standard of, 655. 

Acids, danger from, 205, 463. 

Acoustics and Optics (Sound and 
Light), 691 et$eq. 

Actinic rays, 694. 

Action and reaction, 400, 706. 

Action, chemical (Zn and HNOs), 



205-210; assisted by electric cur- 
rents, 206. 

Addenda, 739-745. 

Adjustment, errors of, 621 ; of bal- 
ance, 33. 

Advanced physics, list of experi- 
ments in, 1079; students, exps. for, 
537 et teq, 

.Either, see ether [692 et leq,]. 

Air, 7, 13, 16 ; and ether, 692 ; buoy- 
ancy of, 13-14, 671, 874-875, 956 e« 
teq, ; effect on balancing columns, 
66; effect on brass weights, 671; 
effect on denshneter, 61 ; bubbles of, 
9, 14, 20, 60, 95, 97, 101, 110; 
bubbles of distinguished from 
steam, 138; composition of, 861; 
currents of, 28, 144, 420; density 
of (.0012), 67, 676, 784, 900; dry- 
ing, 570; manometer, 132, 913; 
mean molecular weight (28.86), 
900; pressure of the, 613, 675; 
-pump, 54, 912 ; resistance slight, 
328; solubility, 97, 861; -spaces, 
insulation of, 145; sp. ht. of at 
const, pressure (.288), and at const, 
vol. (.169), 188-189, 861, 900; tem- 
perature of, 83; -thermometer, 119, 
913; velocity of sound m, 279 et 
teq., 869, 1162; vibration of in 
tubes, 695. See atmosphere. 

Alcohol, per cent and density, 878- 
879. 

Allowance for errors, 653. 
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Alloy, 8p. ht. det., 390. 

Almanso, nautical, 543, 895. 

Alternating currents, 559, 563. 

Altitudes, barometric estimation of, 
871 ; equal, method of, 546; of sun, 
543. 

AmaUramation by mercury, 437, 
4G3, 465. 

Amber, 585. 

Ambiguous terms, 739-745. 

American concert pitch, 792, 893. 

Ammeter. 466, 536, 922, 1020. 

Ampbre, the, 440, 458-460, 461, 470, 
581, 611, 729, 730, 731. 

Ampbre's formula, 728; theory, 
718. 

Amplitude of oscillation or vibra- 
tion, 289, 323, 327, 331. 

Analogy between heat, temperature, 
and pressure, 685; between poten- 
tial, head, and pressure, 719, 729, 
730. 

Analysis, logical, 624. 

Analytical balances, 568-570. 

Analytical method, 171. 

Analyzer, 549. 

Aneroid barometer, 19, 115. 

Angle, circular unit of, 337; func- 
tions of, 764; measurements of, 
253-262, 267-269, 281; minimum 
visible, 251; of deflection, 407,408, 
440; of diffraction, 267; of dip, 
424, 430; of dispersion, 263; of 
friction, 374; of incidence, 699; of 
minimum deviation, 260-267, 547 ; 
of prism, 255-257, 547; of refrac- 
tion, 257-264, 699; ratio involved 
!n, 604; small, equal to sine, tan- 
gent, etc., 636 ; small, cosine and 
secant imity, 253. 

Angular velocity, 709, 1136. 

Annealing (temper), 105. 

Anticipation of results, 286, 620. 

Apparatus, 909 et seq. ; cabinet for, 
905: cost of, 909, 927, et seq.; re- 
duplication of, 927, 928, 931, 934- 
935. 

Apparent and real changes of vol- 
ume, 539 et seq. 

Apparent noon, 543. 

Apparent specific gravity, 672-673. 



Apparent specific volame, 744, 784, 
875, 876. 

Apparent weight, 671, 672-673, 
874-875, 954-961. 

Application, point or line of, 356, 
710. 

Approximation, method of, 3, 477, 
570, 626; rules for, 662; succes- 
sive, 629. 

Aqueous vapor, 866-869, 874. 

Arbitrary scales, 588, 791, 892-894. 

Arc, defined, 764 ; multiple, 451, 467, 
731 ; of oscillation or vibration lim- 
ited, 323, 327, 331, 412, 413,710; 
of small angles equal to sine, tan- 
gent, etc., 663; table of, 800- 
801. 

Arch, hydrostatic, 45, 912. 

Archimedes, principle of, 54, 
670. 

Archives, French, 332, 605. 

Area, magnetic, 452, 726-727; of 
circles, 799, 810-811; unit of, 607. 

Argument, defined, 664, 748 ; com- 
plementary and independent, 754. 

Arithmetic mean, 411, 663, 1127; 
probability of, 659, 1121, 1128. 

Arithmetic work, 661 et seq,, 946. 

Arm, of balance, 35; of couples or 
levers, 356, 403, 609, 711 ; situa- 
tion indifferent, 356. 

Armature, see telegraph instru- 
ment. 

Arrangement of cells or batteries, 
443, 735; of tables, 746-760. 

Arresting oscillations, 314, 421. 

Artificial horizon, 545, 917. 

Assumptions, errors in, 624. 

Astatic galvanometer, 418-420, 1058. 

Astatic needle or magnet, 418, 431, 
433. 

Astronomical tables, 894-896. 

Atmosphere, buoyancy of, 7, 13-14, 
671, 874-875, 956 et seq, ; density 
of, 17; pressure of, 17, 143; pres- 
sure, standards of, 384, 613, 899, 
900; refraction of (1' cotan. A), 
544; temperature and humidity of, 
23. See air. 

Atomic weights, 843-845; inversely 
as sp. hts., 686. 



INDEX. 



1195 



Attraction, between unit masses 
(6.6 X 1(H), 900; capiUary, 871; 
electric, 719-720; magnetic, 398, 
722-723. 

Authorityt sources of, 794-796. 

Average, defined, 1098; velocity, 
706. 

Averages, accuracy of, 826; meth- 
od of, 653; of variable quantities, 
1097 et uq,; probable error of, 
659, 1121, 1128. 

Avoirdupois, 898. 

Axes, of earth inductor, how placed, 
428-430; parallel, moment of in- 
ertia about, 1143; of pendulum, 
1140. 



Backlash, 572, 575. 

Balance, 911; adjustments of, 33; 
analytical, 568-570; apothecaries* 
(a), 28, 911; arms of, 33-88; beam 
of, 33, 34; centre of gravity of, 33- 
35; delicacy of, 31-85; examples 
of use of, 954 tt teq. ; flat-pan (6), 
910; for magnetic forces, 898; for 
surface tension, 369 ; grocers' {g)y 
3, 910; hydrostatic, 43-48, 956 tt 
K^., 1039; letter spring, 534; ma- 
nipulation of, 27; platform, 384, 
9 10 ; sensitiveness of, 31-35 ; spring, 
337 €t$eq,t 360, 373, 379, 383, 919; 
theor}' of, 33-38; torsion, 358, 920; 
weighing with, 42. 

Balancing columns, 63, 94, 98, 
962. 

Ballistic galvnnometer, 517, 1014; 
pendulum, 311, 707-708, 1052. 

Balls, billiard, 312, 919; glass, 42, 
912; pith, 566; steel bicycle-bear- 
ing, 14-16, 911. 

Bands, cloth, 554, 918; spectrum, 
262-264. 

Bar, moment of inertia of, 1145- 
1146. 

Bar-magnet, compound, 395; long, 
411-422. 

Barodeik, 26, 676, 911. 953. 

Barometer, 17 et seq.^ 953; aneroid, 
19, 910; corrections for, 19-23, 
781-783; depression of due to ad- 



mission of volatile liquids, 136; 
Fortin's, 18, 19; mercurial, 17, 
952; pressure of, 17 ci teq.y 899; 
reductions of, 780-782 ; tables for, 
867, 870, 874; tube of, 17 tt seq., 
912. 

Batteries, 469, 890, 922, 923, 1019 
et seq. ; arrangement of, 735 ; con- 
stant required, 495; construction 
of, 463 et seq,; currents from, 462, 
468 et seq., 1019 et uq,; electromo- 
tive force of, 507, 516, 525, 874- 
875, 890, 1028 et seq.; materials 
for, 922; poles of, 890; resistance 
of, 1061; by Mance's method, 490, 
1026; by*Ohm*s method, 498, 
1028; not understood, 49i3; by 
Thomson's method, 1062; small 
resistance required, 515; thermo- 
electric, 521. 

Baum6'8 hydrometer, 892. 

Beaker, 912; used as lining of cal- 
orimeter, 206, 915. 

Beam, of balance, 33, 34; stiffness 
of, 350-354, 712, 1003, 1157-1160; 
of light, 694; of steel, 919. 

Beats. 291, 292, 293, 578, 995; be- 
tween octaves, 293 ; disappearance 
of by loading, 293; method and 
theory of, 291 et seq, 

Beetz' method, 501 et seq,, 1029. 

Bell telephone, 559, 563, 564. 

Bench, optical (Melloni's), 230,916; 
working, 904. 

Bending beams, 350-354, 712, 1003, 
1157-1160; fracture by, 354, 1003; 
laws of, 712; of light, 694, 698. 

Bends, sudden, avoided, 366, 368. 

Bent ruler, 12. See graphical 
method. 

Biaxial crvstals, 852-855. 

BilUard balls, 312, 1053. 

Binding posts and screws, 436. 

Biot*s physics, 590. • 

Blinds, 904. 

Block, density of, 1 ; hollow, 2, 911 ; 
small, 398, 445, 911, 921; tackle, 
379; with socket, 355; wooden to 
mount app., 911. 

Blue print^ 395. 

Bluntneu of points, 86. 
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Board, 348, 373; and plank, 920; 

indicator, 929; loaded, 848, 919. 
Bobbin, Hall's, 367; brass, 420, 

920. 
Bodies, falling, 313; apparatus, 

919; properties of, 843-863. 
BoUer for steam, 90, 115, 203, 520, 

914; for vapors, 134, 914. 
Boiling, 687; and evaporation, 138; 

by cooling, 139. 
Boiling-points, 140, 843-860, 975; 

of solutions, 786; of water, 867. 

See temperature or point of con- 
densation, vaporization, etc. 
Bonds, electro-chemical, 734. 
Books of reference, 794-795. 
Borda*8 method of weighing, 650; 

pendulum, 319. 
Bore, 113, 120, 371. See calibre, 

calibration. 
BOmstein, Landolt and, 795. 
Bottle, Mariotte*8, 556; for Ice-wa- 
ter, 179, 915; for sp. gr., 49-68, 

101, 912, 958 et uq. 
Box of coils or resistances, 476, 557, 

923. See rheostat. 
Box photometer, 226-227. 
Bow, violin, 289, 300, 918. 
Bowing a tuning fork, 289. 
Boyle and Mariotte, law of, 20, 132, 

134, 135, 682. 
Bracket, 313, 316. 
Brake, friction, 387. 
Brass, air displaced by, 671 ; bobbin, 

420 ; coef. expansion (.000019), 

896, 900; sp. ht. (.094), 846, 900; 

weights used as standards of mass, 

832, 874-875. 
Break in circuit, errors due to, 

648. 
Break in wire, position noted, 368. 
Break-circuit, 324, 335, 575. 
Breaking strength, 366, 367 et teq,f 

774, 843-847, 1005. 
Bridge, B. A., 480-493, 558, 559, 

732, 923, 1024 et seq.; musical, 274; 

Wheatstone's, 480 tt itq., 732; 

-wire, 481, 525-526. 
British Association Bridge (see 

Bridge); units, 612, 900. 
British measures, etc., 898-900. 



Brush, camers-hair, 9, 14, 44, 464, 

911. 
Bubbles, in boiling, 95, 138 et seq, ; 

of air, 9, 14, 20, 60, 95, 97, 101, 110 ; 

of air and steam, 138; of gas in 

battery, 465. 
Building materials, 777, 846-847. 
Bulbs affected by pressure and 

temp., 538, 540. 

Bullet, crushed, 388 ; ounce, 288, 313. 

Bunsen and Kirchoff, scale, 892; 
battery, 469, 890, 922 ; burner, 115 
and elsewhere, 914; cell (1.9 volts), 
436, 456, 469, 472, 520, 529, 531- 
632, 890; ice calorimeter, 192; 
photometer, 222-224, 916. 

Buoyancy, atmospheric, 7, 13-14, 
16, 671, 956 et ieq, (see air); of 
fluids, 43 tt teq., 670, 671, 1036- 
1037; of water at different temper- 
atures, 12. 



Cabinet for apparatus, 905. 

Calculations 941; and observations 
to be separated, 624, 946; examples 
of from note-books, 949, 950, 951, 
et seq. ; rough methods of, 662, 
666; to be preserved, 946. 

Calculus, use of avoided, 1097, 1127. 

Calibration, by mercury, 371, 641, 
1006-1007; method of, 629, 631; 
of ammeter, 466, 1020; of tangent 
galvanometer, 441; of thermome- 
ters, 113, 119, 969-970; of volt- 
meter, 524. 

Calibre, variations in, 87L 

Calipers, 71-82. See gauge. 

Calorie (1000 g°), 898. 

Calorific rays, 694. 

Calorimeter, 144, 387, 471-472, 
541, 915; chemical, 206; ice, 
Black's, 191 ; Bunsen's, 192 ; mer- 
curial, Favre and Silbermann's, 
191 ; thermal capacity of, 149-150, 
157 et leq.j 689. 

Calorimetry, 144-212, 976 et teq., 
1021 ; apparatus fur, 915 ; heat de- 
veloped or absorbed in, 689; pe- 
culiar devices in, 186; principle of, 
688. 
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Gamer 8-hair, brash of, 9, 14, 44, 
464, 911. 

Candle-power, 216-222; standard, 
221, 916. 

Cane-sugar, rotary polarization of, 
5d0. 

Capacity, electrical, 559-563, 1172. 

Capacity of bulb affected by pres- 
sure and temp., 538, 540; of tube, 
119,371,377; of vessels, 49. 

Capacity, specific ^ inductive, 563, 
1173. 

Capacity, thermal, 146, 157, 159,685, 

976 €t 8tq. 

Capillarity, attraction due to, 371 ; 
depression due to, 20, 782; effect 
of, on balancing columns, 96; on 
hydrostatic balance, 44; on Nich- 
olson's hydrometer, 9 ; law of, 372; 
of a small tube, 371, 877, 556, 
641, 920, 1007, 1149; tables for, 
872. 

Carbon (positive pole) of battery, 
436, 529, 890. 

Cards, reports made on, 944. 

Cast iron, 847. 

Cathetometer, 322, 364, 572-573. 

Cells, arrangement of, 735-736 ; con- 
struction of, 463; electromotive 
force of, 890; resistance of, 443, 
490; voltaic, 436, 569, 890. See 
resistance, e. m. f., etc. 

Celsius. See Centigrade. 

Centigrade thermometer, 589, 600, 
892. 

Centimetre, 605. 

Centimetre-gram-second (C. G. 
S.) system, 606. 

Centre of gravity, 348-350, 710, 
1002, 1102-1107; of balance beam, 
35; of magnetic forces, 710; of pen- 
dulum, 555; of suspension and 
oscillation, 1137. 

C. Q. 8. system, 606. 

Chain and rod, 642. 

Chances of error, 773-774, 1109. 

Change of state, 775; of velocity, 
312, 336, 1131. 

Changes of condition desirable, 594. 

Characteristics, negative, 667; of 
logarithms, 769; of matter, 739. 



Charge, of condensers, 560-561 ; re- 
sidual, 562. 

Charles, Uw of, 24, 683. 

Chauvenet's probabilities, 794. 

Check methods, 594, 651. 

Chemical action, Zn and HXO3, 
205-210 ; aided by electric cur- 
rents, 206; avoided, 163, 184. 

Chemical bonds, combining propor- 
tions and electro-chemical equiva- 
lents, 556, 734. 

Chemical materials, 848-851. 

Chimney, 905 ; perforated, 236. 

Chlorine, heat of combustion in, 
888. 

Chords, defined, 765; table, 800- 
801 ; throws measured by, 422. 

Chromatic (tempered) scale, 893. 

Chronological order followed, 946. 

Chronograph, 309, 577, 618; mer- 
curial, 284-285. 

Chronometer, 546, 575. 

Ciphers, etc., understood, 753; use 
of, 660. 

Circle, graduated or optical, 257- 
261; tables relating to, 764, 799. 

Circuit, errors arising from break 
in, 648. 

Circuit-breaker, 324, 335, 575. 

Circuits, divided, 451, 467, 731. 

Circular measure of angles, 765. 

Circumferences, of driving-wheel, 
382; tables of, 799, 808-809. 

Circumstances to be noted, 623. 

Clamping, errors from, 75. 

Clamps, 436, 532, 1061. 

Clark, cell or battery, 581, 923; 
potentiometer, 516, 529, 1033. 

Classification, a stage in scientific 
progress, 592 ; of errors, 615. 

Cleaning mercury, 17; plugs, 494; 
walls and floor, 903. 

Clock or regulator, 318, 324, 910. 

Clock-spring, 288, 301, 394. 

Closets, 908. 

Cloth, band of, 554, 918; diffraction 
of, 264. 

Coal-gas, 69. 

Cochords, 766. 

Cocoon-fibre, 412, 418, 461, 579. 

Coeffioienta of absorption, 861- 



1198 



INDEX. 



863 ; of elasticity, 843-863, 1150- 
1160; of expansion, 92, 94, 100- 
103, 126, 684, 843-^1, 967; of fric- 
tion between solids, 373-375, 887, 
1007, 1008; of hydraulic friction, 
875, 887; of probabiUty, 1110, 
1118; of resilience, 538, 1151; of 
torsion, 357-360, 402, 1140, 1150, 
1156; of viscosity, 556^ 1149. 

Cohesion, 687; apparatus, 919. 

Coils, box of (rheostat), 476; con- 
stants of, 452 ; electro- magnetic ef- 
fects of, 438; resistances of, 471, 
511; rotating, 424-430; RubmkorfF, 
518; sliding (induction), 416, 420; 
spiral tube or worm, 187. 

GoincidenceB, 614 ; methods of, 
320, 324, 327, 644-645; on vernier, 
636 ; reduction of results fn)m, 326. 

Gold produced by evaporation, 23, 
169, 687. 

Collimator, 258. 

CoUision (impact), 311, 312, 1053. 

Color, 551; -blindness, 228-229; 
focussing by, 234; of ink varied in 
making corrections, 946, 947; pho- 
tometry of, 228-229. See spectrum . 

ColumnB, balancing, 63, 94, 98, 962; 
barometric, 17 et seq. ; of mercury 
in thermometer, 110. 

Combination, heat of, 198, 205, 690, 
888, 984; of errors, 615-616, 1111; 
of standards in a set, 629. 

Combining proportions and electro- 
chemical equivalents, 734. 

Combustion, heat of, 210, 690, 888. 

Commutator, 435, 457, 558, 922. 

Comparator, 571. 

Comparison, a stage in scientific 
progress, 692, 603; of condensers, 
562; of electromotive forces, 514; 
of galvanometers, 448, 459 ; of re- 
sistances, 474. 

Compass-needle, 397, 405, 431, 
433, 438, 921. 

Complement defined, 766. 

Complementary arguments, 754. 

Components and resultants, 703; 
of earth's magnetism, 403; of 
forces, motions, etc., 337; of ob- 
lique forces, 344, 1001-1002; of 



parallel forces, 337, 1000; of vibra- 
tions in polarized light, 548. 

Compound magnet, 394. 

Compressibility of liquids, 537. 

Compression, heat developed by, 
1163. 

Concave and convex mirrors, 240. 

Concert pitch, 893. 

Concordance of results deceptive, 
594. 

Condensation, and rarefaction, 
292, 1160; heat developed by, 687; 
latent heat of, 202, 687, 856-863; 
of tables, 746-748. 

Condensers, electrical, 517, 559; 
capacity of, 559-562, 1172 ; charge 
received by, 560; comparison of, 
562; residual charge of, 562. 

Conditions to be varied, 594. 

Conductivity, electrical, 776, 786, 
843-847, 889 ; of solutions, 786-787. 

Conductivity, thermal, 541, 591, 
688, 776, 843-863; of air-spaces 
small, 145 ; of sides of calorimeter, 
141. 

Conductors, and non-conductors, 
586; compound, 484 (see multiple 
arc); resists nces of, 891. 

Confirmation of results bv check- 
methods, 652. 

Conical (rotary) pendulum, 1133. 

Conjugate focal lengths (foci), 236- 
239. 

Connecting wires, 434, 471, 501. 

Connections, electrical, 436, 437; 
in multiple arc and in series, 443, 
451, 467, 731; interchange of, 518. 
531 ; made by pendulum, 321, 325, 
335, 366. 

Consecutive observations, 317, 667. 

Conservation of energy and work, 
693, 694, 714-715, 716-717, 738. 

Constant battery required, 495. 

Constant errors, 615. 

Constant, of coil, 726, 1015; of 
dynamometer, 452, 1016 ; of galva- 
nometer, 437 et seq., 444, 1015. 

Constant temperature during 
change of state, 687. 

Construction, of astatic galva- 
nometer, 418-420 ; of Daniell cell, 
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463-464; of electro-dynamometer, 
451 ; of tangent galvanometers, 
437, 448. 

Ck>ntact, differences of potential 
due to, 790, 889. 

Contact, electrical, 351, 618. 

Conveotion of heat, 688. 

Conventional units desirable, 595, 
677. 

Converging lenses, 230, 236, 242, 
618. 

Conversion of work into heat, 393. 

Convex and concave mirrors, 239- 
242. 

Cooling, boiling produced by, 139; 
by evaporation, 23, 169; correc- 
tions for, 173, 473; heal lost by, 
150, 165, 177, 287 ; law of (New- 
ton's), 687; method of, 144; rate 
of, 146, 976-977. 

Co-ordinate paper, see graphical 
method. 

Copper, deposited by current, 458, 
466, 1018-1019; e!ectrx>-chemical eq. 
of (.000328 g. per ampere-sec), 458 
et seq., 843; pole of battery posi- 
tive, 436, 529; spiral, 459; sulphate 
of, 457, 851. 

Cords, sagging of, 345. 

Cork, det. of density of, 1039. 

Corrections and errors, 62, 117, 
744-745; discovery of, 624, 651, 
943; for buoyancy of air, 13-14, 
671-674 ; for cooling, 473 ; for refrac- 
tion (1' contan. A), 544; of amme- 
ters, 468 ; of app^irent wt. and sp. 
gr., 672; of barometric readings, 
557; of spring balances, 339, 340; 
of volt-meter, 525; of weights, 38; 
not to be carried too far, 654. 

Cosecant defined, 766. 

Cosine defined, 765; of small an- 
gles, unity, 663; tables, 800-801, 
814-815. 

Cost, (see expense), 926. 

Cotangent defined, 766; tables, 
818. 

Coulomb* 8 law, 720. 

Counter of revolutions, 535, 923. 

Counterpoise, use of in weighing, 
650. 



Counting oscillations, etc, 291, 318, 
619. 

Counting, proper method of, 286, 
294. 

Couples, 342, 354-357, 452-455, 
609, 710-711; arms of, 356, 403, 
609, 711; effect of, 354-360, 711; 
magnetic, 402, 727, 1141; magni- 
tude of, 356, 403, 711. 

Couplings, 436. 

Coverstnes defined, 766; table, 801. 

Critical pressure, 778; temperature, 
775; Ubles, 856-863. 

Cross-connections, errors due to, 
648; prevented, 648. 

Cross-hairs of telescope, 233, 572. 

Cross-section of cj'linders, wires, 
etc., 361, 868, 872, 377. 

Crushing strength, 774-775. 

Crystals, properties of, 852-855. 

Cubes defined, 763; tables, 795, 
806-807. 

Cubical expansion, 540, 684. 

Cups, nickel plated, 24, 912 ; porous, 
436. 

Current of electricity, 431 et teg., 
611, 724-725; absolute meas., 447, 
611, 725 ; action on magnetic nee- 
dle, 440, 724; affects e. m. f., 3, 516 ; 
alternating, 559; assists chemical 
action, 206; copper deposited by, 
458 ; direction of, 724 et $eq. ; di- 
vision of, 451, 467, 731; heating by, 
471, 729; induced in wires, 428; 
lines of force due to, 439 ; magnetic 
meas. of, 725, 728; neutralization 
of, 502, 532; relative strength of, 
461-466; reversal of, 435; strength 
of, 431 ; strong avoided, 482; unit 
of, 611; voltaic, 468-470. 

Currents of air, 420; of liquid, 
378. 

Curvature, 86, 88; radius of, 647. 

Curves, Interpolation by, 665; in- 
terpretation of, 666; Lissajous*, 
295; magnetic, 395, 396,413, 421, 
720; of probability, 1113-1115; 
plotting, 470, 527, 665. 

Cutting lines of magnetic force, 
415-416, 424-425. 

Cycle, Lissajous*, 298, 301. 
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Cylinder, cross section of, 361, 372, 
377; moment of inertia of, 1147- 
1148. 



Dalton*B law, 135. 

Danger, from fire, 140; from nitric 
acid, 206 i from recoil of spring 
balance, 368; from sulphuric acid, 
463. 

Daniell cell or battery (e. m. f. 1.0 
to 1.2), 436, 457, 463-464, 469, 498, 
620, 521, 529, 531, 532, 735, 890, 
900, 922. 

Dark glasses, 247. 

Dark room unnecessary, 227, 905. 

Data, see tables, 843-900. 

Dates in different years compared, 
792, 894. 

Day, mean solar, 606, 898; sidereal, 
898. 

Deception in concordance of results, 
595 et seq.; in reduction of consec- 
utive obs., 667. 

Deci (^), 603. 

Decimal places, early custom, 590, 
in metric system, 603. See signifi- 
cant figures. 

Decimal points understood, 753. 

Declination of stars, 896 ; of sun, 
543, 895. 

Decomposition, 733. See elec- 
trolysis. 

Definitions, general, 602; of am- 
biguous terms, 739-745; of proba- 
ble error, etc., 658, 1109 et teq. 

Defiection, angle of, 407, 408, 440, 
459 ; magnetic, 405-408 ; of beams 
or rods, 350-354, 712, 1003, 1157- 
1160 ; permanent, 351 ; of isuspended 
weight, 346, 347. 

Degree, centigrade, 680; estima- 
tion of tenths of, 114; of exhaus- 
tion, 68, 963. 

Delicacy, 419, 431, 432, 638. See 
sensitiveness. 

Demonstration, discovery of errors 
by, 624 ; of mathematical formulie, 
1130 et seq. 

Densimeters, 59, 912, 961. 

Density, and specific gravity, 674; 



and pressure of gases, 682; and 
specific volume, 57; atmospheric, 
17-68, 874; defined, 2, 607, 674, 
742-743; determined, 1, 14, 951 et 
teq., 1036 ; difference of, 675 ; of a 
block, 1 et ieq.y 949-951, 1036; of 
air (.0012), 17-68, 874, 963; of 
alcohol, 46, 69; of brass (8.4), 368, 
900; of elementary substances, 843- 
845; of gases, 69, 783, 861-863,963; 
of glass (2.5 +), 161, 863 ; of glyce- 
rine (1.26), 877; of hydrogen at 76 
cm. (.00008957), and at 1 mega- 
dyne (.00008837), 900; of iron 
(7.8), 847; of liquids, 2, 47-48, 58, 
63, 856-877; of mercurv (13.6), 
161, 371, 877, 900; of solids, 846- 
855; of solutions, 878-881; of steel 
(7.9), 368, 847; of steam (aqueous 
vapor), 866, 874; of substances, 
843-881; of water, 2, 3, 590, 877; 
of water at 4° (maximum, 1.00001), 
900; reductions to 0^ and 76 cm., 
683, 783, 873-874; relative, 12; 
standards of, 61, 877, 900. 

Deposition of copper, 458, 466. 

Depression, capillary, 20, 782. 

Depth of groove meas., 445. 

Despretz, conductivity of heatdet. 
691. 

Detectors, 648. 

Determination, a stage in scien- 
tific progress, 592, 597, 603. 

Determinations, see Exps., 1-100. 

Deviation, angle of minimum, 547. 

Devices, electrical, graphical, me- 
chanical, optical, etc., 618-619; in 
calorimetry, 186. 

Dew-point, 24, 25, 778-789, 867, 
868, 953. 

Diameter and volume of sphere, 
72, 799, 812-813; det. by spherom- 
eter, 88-89. 

Diatonic (musical) scale, 277, 893. 

Dictation, 941. 

Difference, method of, 280, 283, 
345, 361, 366, 622; of density, 675; 
of potential, 489, 512, 618, 583, 
889; of time, 546, 897. 

Differences, mathematical, 758- 
760; small, det. of avoided, 639. 
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Differential* galvanometer, 419, 
479, 923. 

Differential instruments, 629. 

Differential telephone, 564. 

Differential thermometer, 214, 916. 

Diffraction, 264^270, 697-698, 917, 
991-992. 

Diffusion of salts, 787, 885. 

Dimensions, 1189-1190; of earth, 
900. 

Dip, magnetic (in U. S. 70°-80°), 
422-430, 722, 1014; of sea horizon 
(ir. Vm), 544. 

Dippins-needle, 423, 921. 

Direct and indirect processes, 633, 
638. 

Direction, of acceleration and force 
the same, 705 ; of electric currents, 
724 et teq.f of induced currents, 
416, 417; of lines of magnetic 
force, 721. 

Directive force, 1136, 1140, 1157. 

Disagreement of scientific results, 
595. 

Disc, moment of inertia of, 1146. 

Discharge, intermittent, 561. 

Discordance of scientific results, 
595. 

Discordances to be brought out, 
594. 

Discovery of errors by logical anal- 
ysis, 624. 

Discrepancy of scientific results, 
595. 

Dislocation on vernier, 637. 

Dispersion, 777. 

Displacement of centre of gravity, 
349 ; of fluids by solids, 53-58, 671 ; 
of suspended weights, 346, 347. 

Dissimilars, attraction of, 719, 722. 

Distance, between poles of magnet, 
394; long, measured, 281; trav- 
ersed by falling bodj', 315 ; related, 
to length of pendulum, 320. 

Distortion of gauges, 73. 

Distribution of errors, 1110; of 
magnetism, 411, 414, 1013-1014; of 
time, 656, 1124-1126. 

Diverging lenses, 243. 

Divided circuits, 503. 

Dividing engine, 571. 



Double key, 509, 

Double refraction, 547. 

Double-ring galvanometer, 448. 

Double weighing, 457, 650. 

Double winding, 434, 435, 474. 

Doublet (lens), 917, 1047. 

Draught from registers, 903. 

Drawers, 908-909. 

Driving-wheel of motor, 382, 535. 

Dropper (drop counter), 136, 915. 

Drying air artificially, 570. 

Dulong and Petit app. modified, 95, 
915, 966-967. 

Duplication, see reduplication. 

Dust, 902; precautions against, 29. 

Djmamics, 808-393; meas. of ve- 
locity in, 308-315. 

Dynamo-machine, 536. 

Dynamo- wires, 903; parallel, 434. 

Dsrnamometer, electro, 451, 727, 
922, 1016 ; transmission, 385. 

Dyne, 337, 861, 370, 372, 376, 377, 
400, 401, 403, 410, 461, 556, 608. 

Djme-centimetre, 404. 



Ear, use of in measurement, 615, 
617, 619; musical required, 275. 

Earth, dimensions of, 900. 

Earth-inductor, 424, 921, 1014. 

Earth's magnetic poles, 897. 

Earth's magnetism, 422, 428, 461, 
722, 1142-1143; couple due to, 402, 
727 ; horizontal component of, 403; 
lines of force affected by, 397, 414, 
462,465. 

Earth's quadrant (10,007 + m), 605. 

Earth's rotation, constant, 606. 

EbuUition (boiling), 139, 687. 

Echoes, 283, 285, 695, 994. 

Effective weights, 671, 874. 

EfiAciency, 379-386 ; of electric mo- 
tor, 533, 1034; of water motor, 382- 
385, 1008, 1009; rekted to power 
and speed, 385. 

EfQux, 310, 377. 

Elasticity, 1150-1152; app. for det., 
919 ; modulus of, 360-367, 711, 1005, 
1151; of bending (flexure trans- 
verse), 353, 712, 1157-1160; of 
molecules, 692; of torsion (simple 
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rigidity), 364, 368, 538-639, 712, 
843-863; of volume (resilience), 
638-639; 775,843-863. 

Eleotrio absorption, 662 ; attrac- 
tions and repulsions, 719-720; ca- 
pacity, 669; chxrges, 1169; conduc- 
tivity, 843-847, 884; connections, 
321, 326, 436, 437, 618 ; control, 
676; currents, 431 etseq,^ 611, 724- 
726; decompositions, 733; devices, 
618-619; induction, 736: leakage, 
437; measurements, 29, 431 et 
seq. ; method of coincidences, 326 ; 
method of det. sp. ht., 1044; micror 
meter, 360,919; motor, 638-636, 
923, 1034; potential, 488, 730, 1169; 
power, 729; quantity, 660, 729; 
resistance, 471 et seq. ; resistance, 
app. for det., 922 ; resistance, spe- 
cific, 484; spark, 618; standards, 
580; telegraph, 284; units, 611, 612. 
See electricity and electro-. 

Eleotricityt conductors and insu- 
lators of, 686 ; developed from am- 
ber, 686; flow of, 719; heating by, 
729; induction of, 416, 420, 737; 
nature of, 718; positive and nega- 
tive, 487, 719 ; precautions, 29, 431 ; 
related to chemical bonds, 734; 
statical, 29, 660-667, 682-683, 718- 
720; thermo-, 216. See electric 
and electro-. 

£jlectro-chemical equivalents, 566, 
733, 776-777, 843-846; law of, 734; 
method of, 466, 1018 ; of Zn and Cu 
nearly equal, 466, 843, 846. 

Electrodes, 783. 

Electro-dimamometer, 461, 467, 
727, 922. 

ElectrolyBlB, 733. 

Electrolytes, conductivity of, 884 ; 
resistance off 669, 891. 

Electro-magnets, 394, 412, 416, 
420. See telegraph inst. 

Eleotro-magnetio system, 611 et 
seq., 560, 726. 

Electro-magnetic theory of light, 
692. 

Electrometers, 514, 517, 682-683, 
1171. 

Electromotive force, 511 et seq.. 



729, 889-890, 1172-1173; absolute 
meas. of, 511 et seq., 1034; and 
resistance, 729-788; app. for det., 
923; at rest and in action, 516; 
calculation of, 734 ; change in, due 
to current, 493 ; comparison of, 511 
et seq.; 566; in equilibrium, 503; 
in series, 736-736; methods of 
meas., 613, 518, 620, 524-531, 1028 
etseq.; of cells, 736; of dissimilar 
substances in contact, 889; of 
thermo-junction, 520; unit of (volt 
= 108 c. o. 8.), 612. 

Electrostatic methods, 514, 1171- 
1178; potential, 1169; system, 614, 
661, 566, 566. 

Element, voluic, 436, 443, 463, 490, 
569, 736-736, 890. See cells. 

Elementary sabstances, properties 
of, 843-845. 

Elevations, estimated by barome- 
ter, 871; of important places, 
897. 

Elongation of wires, 363-366. 

Emerald green, 562. 

Energy, conservation (indestructi- 
bUity) of, 698, 696, 715, 716-717, 
738; electrical, 511 (see power); 
kinetic, 716; lost in change of 
state, 686-690; lost in stopping, 
380; of light and sound, 693 ; of 
motion, 390, 716-716; potential, 
381,716; stored, 381; transforma- 
tions of, 716-717, 738. 

Engine, dividing, 671; gas, 903. 

Envelope, thermal, use of, 186. 

Equal altitudes, method of, 646. 

Equal temperament, 893. 

Equation, of time, 546, 793, 896; 
perM)nal, 619. 

Equator, 643; gravity at, 608, 897; 
plane of the, 643. 

Equilibrium, hydrostatic, 63, 94, 
98, 669; of electromotive forces, 
503, 610, 622; of forces, 341, 347; 
stable and unstable, 309 ; thermal, 
679. 

Equivalent, electro-chemical, 466, 
556, 733, 776-777 ; law of, 734. 

Equivalent focal lengths (foci), 
1047. 
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Equivalent, mechanical, of heat, 
887, 1009-1010. 

Equivalent simple pendulum, 665, 
1137 et seq. 

EraserB prohibited, 947. 

Erg, the, 378, 387, 635, 609, 716. 

Error [s], accidental, 392, 615, 663; 
allowance for, 653 ; and corrections, 
62, 744-745; average, 1109; classi- 
fication of, 615; combination of, 
1111-1113; constant, 616, 1112; 
discovery of , 595, 662; distribution 
of, 1110; in assumptions, 624 ; least, 
638; of adjustment, 621; of ob- 
servation, 614, 616, 1109 ; of mean 
square, 1109; personal, 288, 619; 
positive and negative equally prob- 
able, 1111-1112 ; probable, 658-669, 
745, 1109 tt seq. — see probable 
error; probability of, 773-774, 842, 
1109 et ieq. ; proportional, 1123; 
quantitative treatment of, 597 ; re- 
sultant, 1111 ; search for, 699 ; slight 
in method of coincidences, 326, 827; 
zero-, 621. 

Estimation of heights by barome- 
ter, 871. 

Estimation of tenths, 10, 617; in 
gauges, 636-637 ; in thermometers, 
114 ; in weighing, 89 ; of waves, 
290. 

Ether, the, 692. 

Evaporation, and boiling, 138; 
cooling by, 23, 169, 687; errors due 
to, 52, 101; of film, 370. 

Everett's units, etc., 795. 

Exactness, 594, 603. 

Examples, from note-book, 949-950; 
in least squares, 1126; in probable 
error, 1122; of obser\'ations and 
calculations (exps. 1-100), 949- 
950, 951 et teq. 

Exoentricity, 433, 575. 

Exhaustion, degree of, 68, 963. 

Expansion, absolute, 94-100, 966- 
967; apparatus, 913; apparent and 
real, 5-)9 et seq. 

Expansion-chamber in thermom- 
eter, 109. 

Expansion-coefficients, 843-863, 
969; cubical and linear, 640, 684; 



for brass (.000019), 900 ; for build- 
ing materials, 846-847 ; for chemical 
materials, 848-851; for elementary 
substances, 843-845; for gases 
(.00367), 126, 861-863 ; for glass 
(.000008), 47, 61; for liquids, 51, 
94, 100, 102, 684, 856-860; for 
mercury (.00018), 872 ; for optical 
materials, 852-855 ; for solids, 541, 
843-855; for steel or iron (.000012), 
900; for wood (.000005), 94. 

Expansion, corrections for, 782 ; in 
barometer, 21,872; in gauges, 7, 75. 

Expansion, cubical, 540; examples 
of, 966 et teq.; linear, 90, 640; nega- 
tive, 684; of hollow bodies, 51, 640; 
of scales, 71 ; wave lengths of sound 
affected by, 271. 

Expenses, 926 et teq.^ 937. 

Experimental method, 593; abuse 
of, 598. 

Experiments, illustrative, 932; lists 
of, 1035, 1066, 1079; on use of 
printed forms, 942; results from, 
951 el seq, ; two classes of, 944-945. 
See table of contents, Parts I. and II. 

Explanation of tables, 761-793. 

Extension of tables, 752. 

Extraordinary indices of refrac- 
tion, 852-855. 

Eye, persistence of impressions on, 
303; use of, 615, 619. 

Eye-and-ear method, 324, 619. 

Eye-piece, micrometric, 574; of 
telescope, 233. 



Factor, reduction, 446-447, 456-460, 

495, 499, 556. 
Fahrenheit thermometer, 689, 892. 
Fall of potential, 528, 730; of water, 

389. 
Fallacy, in concordance of results, 

595; in reduction of consecutive 

obs., 668. 
Falling bodies, 309-311, 313 et seq,, 

919, 997; laws of, 706-707; mate* 

rial of, indifferent, 328. 
Farad (10-» c. o. s.), 560. 
Favre and Silbennann*8 calorime- 
ter, 191. 
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Fees, laboratory, 927. 

Ferro-prussiate paper, 395. 

Fibre of untwisted silk, 412, 431, 
461, 679. 

Field of force, 461, 721, 724, 725, 
1141-1142. 

Figures, etc., understood, 753; sig- 
nificant, 660-662; to be preserved, 
624, 946. 

Filings, iron, 395, 721. 

Film of Uquid, 369, 370. 

Fire, danger of, 140. 

Fitzeau's det. of velocity of light, 
552. 

Fixed points of thermometer, 106, 
114. 

Fixed stars, 896. 

Fixing blue-prints, 396. 

Flame, sodium, 917. 

Flash and report, 284. 

Flask, Florence, 139, 913 ; sp. gr., 70. 

Flexure, laws of, 353, 712. See 
bending. 

Floor, distances meas. from, 433. 

Florence flask exp., 139. 

Flotation, 2, 1036. 

Flow of electricity, 719; of heat, 
541 ; of water, 376 et seq,, 713, 1149- 
1150. 

Fluids, friction of, 375-376 ; prop- 
erties of, 843-845, 856-^6; stream 
of, 310. See liquids and gases. 

Focal lengths (foci), 230-244, 700- 
702, 987 et seq. ; apparatus for, 916 ; 
conjugate, 236-239, 700; equiva- 
lent, 1047; of mirrors, 239-242; 
principal, 230-236, 238, 243, 547, 
700; virtual, 239-244, 1047. 

Focussing, a telescope, 233; by 
color method, 234; by parallax, 
232; for parallel rays, 2.33-234. 

Foot, the (30.4796 cm.), 898. 

Foot-pound (about 13,550,000 ergs), 
899. 

Forbes, G. H., method of testing 
spring balances, 340; method of 
eliminating yielding of support, 
364. 

Force [s], 380-386, 608, 742 ; abso- 
lute meas., 334, 337, 608-609, 705, 
999 ; and work, 703-717 ; calcuUtion 



of, 335; centrifugal and centripetal, 
390,1130; cohesive, 687; compo- 
sitiua of, 337 tt itq,, 704, 1000 tt 
teq.; directive, 1136; due to fric- 
tion, 373 et seq, ; electric, 720 ; eleo* 
tro-magnetlc, 725; electromotive, 
511 tt teq., 729, 889-890; equal and 
opposite, 356; field of, 461, 721, 
724, 725, 1141-1142; indicated by 
spring balance, 339; in equi- 
librium, 347; lines of, 397, 721; 
magnetic, 398; not necessary to 
maintain motion, 705; oblique, 
work done by, 714-715; parallel, 
centre of, 710 ; point of application 
of, 710 ; resolution of, 875 ; system 
of, 710; triangle (parallelogram) 
of, 703. 

Fork for surface tension, 369, 920, 
1006. See tuning-fork, 270-307, 
918. 

Forms, printed, 942-944. 

Formulae, proofs of, 1130 et teq. ; 
useful, 1174 et teq. 

Fortin's barometer, 18, 19. 

Foucault's det. of velocity of light, 
553. 

Four-place tables, 802-821. 

Fracture, by bending, 354; by 
stretching, 367, 1005 ; by twisting, 
357. 

Frame, micrometer, 90, 915. 

Franz, Wiedemann and, 591. 

Fraunhofer lines, 892. 

Freezing mixtures, 112. 

Freezing-point (see melting, so- 
lidification, etc.), 116, 856-860; of 
thermometer, 116. 

French Archives, 332, 605 ; weights 
and measures, 898-900. 

Frequency of vibration, 694. See 
pitch. 

Friction, afiPects accumulation of 
impulses, 641; affects balance, 30; 
affects densimeter, 61; avoided in 
Nicholson's hydrometer, 9; coeffi- 
cients of, 373-378, 887, 1007-1008 ; 
errors due to, 338, 340; hydraulic, 
378; in capillary tubes, 376 — see 
viscosity; of air governs toothed 
wheel, 302; of fluids unaffected by 



INDEX. 



1205 



pressure, 375; of pnlleys, 386, 387; 
of solids affected by pressure, 373, 
376; relieved by jarring, 431; start- 
ing, 374; tables for, 887 ; transfprms 
work into heat, 380. 

Friotion-brake, 387. 

Funotion defined, 748-749 ; tables, 
797-842. 

Fundamental tone, 275. 

Fundamental units, 607. 

Furnace heat, 903. 

Fusion, ' latent heat of, 199; temp, 
of, 140, 843-855. See melting, and 
liquefaction. 



Gallon, imperial (10 lbs. water), 
and U. S. (231 cu. in.), 898. 

Galvanic cell, 436, 569. See cell. 

Galvanometer [a], astatic, 215, 
418-420, 429, 525, 534; ballistic, 
517, 502, 565, 921, 1014; comparison 
of, 448-451, 1058; constants of, 
437 et seq., 1015 ; construction of, 
418-420, 429, 525, 534; differential, 
419, 479, 621, 923; double-ring, 
448, 922, 1016; mirror (Thom- 
son's), 579 ; multiplier, 641 ; needle, 
length of, 438; reduction factor of, 
446-447, 45B-460, 495, 499, 556, 
1015, 1018; resisUnce of, 487, 1026; 
sensitiveness of, 420, 489, 580; 
single-ring, 438, 922, 1015 ; shunted, 
493; tangent, 437, 448-451; tan- 
gent, best deflection of (45°), 639; 
tangent, calibration of, 441 ; vibra- 
tion, 460, 922, 1019. 

Galvanometry (current measure), 
431 etseq.f 1015 et seq. ; apparatus 
for, 922. 

Gaaea, density of, 69; expansion 
coef. of (.00367), 126, 861-863, 900; 
interdiffusion of, 869; pressure of, 
127, 680; and density, 682; and 
temp., 131, 683; and volume, 682- 
683; properties of, 861-868; ratio 
of two specific heats (1.408), 900; 
reductions of density, pressure, and 
volume, 783, 873; specific heat of, 
187-190, 861-863; stream of, 810. 

Gas-engine, 903. 



Gas-light, slightly actinic, 396. 

Gas-supply, 906. 

Gas-voltameter, 557. 

Gauges (calipers), 5, 73, 82; distor- 
tion of, 73; expansion of, 7; for 
wires, 893 ; hydrostatic, 98; loose- 
ness avoided, 74; micrometer, 73, 
81, 90, 918, 964; parallax avoided 
in, 77 ; precautions with, 75 ; pres- 
sure-, 384, 669; vernier-, 5-7, 73, 
635-636, 909, 964; long, 444, 909. 

Gauss, tables referred to, 794. 

(General methods, 599-600, 626. 

Generator, steam, 90, 115, 203, 
520. 

Geographical data, 897. 

Geometric mean, 411, 663. 

Glass, annealing destroyed, 105; 
balls, 42; calorimeter, 206; coef. 
of expansion (.000008), 47, 51, 846, 
853, 900; dark, 247; density of 
(2.5 +), 43 et seq., 846, 853, 900; 
horizon-, 247, 249; measuring-, 159; 
plates, 84, 913 ; red or ruby, 229, 
551; smoked, 288; specific heat of 
(.19), 846, 853; tubes of, 912. 

Glycerine (density, 1.26), 877. 

Gtoniometry, 259, 917. 

Governor, 302. 

Graduation, a stage in scientific 
progress, 592; method of, 629; 
testing, 74. 

Graham's results on diffusion, 885. 

Grain, avoirdupois (.0647987 gram), 
898; of wood, 374. 

Gram, the, defined, 606. 

Graphical method, 12, 62, 103, 120, 
135, 152, 173, 288, 296, 309, 335, 
413,421, 618, 665; pitch det. by, 
288, 995; representation of e.m.f. 
by, 527. 

Graphite, 843. 

Grating, diffraction, 267-270, 697- 
698, 917, 991-992. 

Gravity, acceleration of (978-983), 
328-330, 739, 897, 1134; action on 
falling bodies, 706-707, 997; affects 
all materials alike, 328; attraction 
of, between unit masses, 900; centre 
of, 348-350, 710, 1002, 1102-1107; 
specific, 674 et te^. — see specific 
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gravity; table for, 329; universal, 
332; variations in, 608. 

Green, emerald, 552. 

Greenwioh, meridian and time of, 
546. 

Groove, depth meas., 445, 1015. 

Ground, electrical, 564. 

Grove's cell (emf., 1.9), 890. 

Guide- wire for Nicholson's hy- 
drometer, 9. 

Guthrie, exp., 389. 

Gyration, radius of, 1137. 



Habits of counting, 287. 

Hall, £. H-, application of graphical 
method, 288; bobbin, 367; defini- 
tion of inertia, 333, 741; exp. on 
centre of gr., 350; pressure-gauge, 
669. 

Halvings, successive, 626. 

Hammer and plank, 285. 

Handkerchief, diffraction produced 
by, 264-266. 

Hardness, Mohs' scale of, 587; of 
substances, 843-855. 

Harmonic method, 275. 

Harmonics, 275-276 ; of tubes, 696. 

Harmony, 294. 

Harvard College, lists of exps. pro- 
posed for admission to, 1035, 1066, 
1079; tables showing correspond- 
ence with requirements of, 1065, 
1078, 1095. 

Headings, prominent, 948. 

Head, of torsion app., 334, 358, 919; 
of water, 730. 

Heat, 679-690; absorption of, 887; 
and temperature, 679, 684-685; 
apparatus, 913, 916; conduction of, 
541, 591, 688, 776, 843-847, 852- 
863,' contraction due to, 684; con- 
vection of, 688; developed by com- 
pression of air, 1163 ; developed by 
electric current, 471, 729; devel- 
oped by friction, 380 : developed in 
calorimeter, 688-690; expansion 
by, 684 — see expansion; inde- 
structibility of, 688-689; latent, 
199, 202, 686-690 — see latent heat ; 

"^lost by cooling, 150, 165, 177, 387; 



mechanical eq. of (4.17 X 107), 337, 
611 , of combination, 205, 690, 789, 
888, 984; of combustion, 210, 690, 
789, 888; of solution, 194, 690, 981 ; 
radiation of, 212, 688, 788-789, 887 ; 
specific, 154, 178-194, 685, 979 et 
teq. i transmission of, 887; unitof^ 
610. 

Heater, steam, 167, 179. 

Heating by electric current, 504, 
729; by furnace, 903; rate of, 473; 
resistance and e.m.f. det. bv, 471, 
511, 1021-1023. wires avoided, 436. 

Heights, estimated by barometer, 
871; thermo-electric, 843-847; t6 
which bodies rise («* -i- 2^), 707. 

Hektograph, 941. 

Heliometer, pyro-, 212. 

Helix (induction coil), 416, 921. 

Hlm's exp., 389. 

Hofmann's violet, 552. 

Hood, 905. 

Hookers law, 362, 711. 

Hollow body, expansion of, 51, 540. 

Horizon. 543; artificial, 541, 917; 
dip of, 544; -glass, 247, 249. 

Horizontal component of earth's 
magnetism, 403, 404, 440, 449, 456, 
460, 1142 1143. 

Horizontal parallax, 544. 

Horizontal plane, 543. 

Horse-power, English (745 watts) 
and French (735 watts), 610, 
899. 

Hue (color), 263. 

Humidity, 778-779; affects veloc- 
ity of sound, 279; atmospheric det., 
23; relative, 25; tables, 866-869, 
871, 874. 

Huntington, O. W., tables. 794. 

Hydraulic friction, 378. 

Hydrogen, density of at 76 cm. 
(.00008957) and at 1 megadyne 
(.000088.37), 900; electro-chemical 
eq. (.01038 mgr. per ampere-sec), 
844, 900. 

Hydrometers, Nicholson's, 8-16, 
911, 952: testing, 59; with arbi- 
trary scales. 59, 588, 892. See 
densimeter. 

Hydrostatic, arch, 43; balance, 43- 
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48; 956-958, 1039; pressure, 377, 

378, 538, 669-670. 
Hydrostatics, 669 et stq, 
HygrodeUc, 24, 910, 953. 
Hygrometric tables. 868. 
Hypsometrio tables, 867. 



Ice, -calorimeter, 191-192; cleans- 
ing of, 200; latent beat of (see 
water), 199, 854; melting (at 0°), 
92. 97, 116, 123, 130, 179; -trough, 
123, 130; bottle for, 179. 

Icosahedron, use of, 79-80. 

Ideal simple pendulum, 319. 

Identification of insts., 623. 

Illumination, intensity of, 613. 

Images, formed by diffraction, 264- 
265; inverted, 701; of lenses, 231, 
237, 701; of mirrors, 239 et seq.,- 
real and virtual, 239, 701; size of, 
701. 

Impact (collision), 311-313, 1052, 
1053. 

Imperial yard (91.4389 cm.) and 
gallon (4541 grams), 898. 

Impulses, 379, 576; series of, 641. 

Impurities affect results, 945 ; affect 
surface tension, 370. 

Incandescent lamp, 218. 

Inch (2.5400 cm.), reductions of, 
870, 898. 

Incidence, angle of, 699. 

Inclination, errors from, 76; cor- 
rection for, 340 ; tables for (cover- 
sines), 801. 

Inclined plane, 374. 

Inconstant cells, 531. 

Independent arguments, 664, 754^ 
756; reasons, 712. 

Indestructibility (conservation) of 
energy, 693, 696, 714, 716, 738; 
of matter. 742. 

Index, mercurial, 119, 537; (point- 
er), 614; of dispersion, 264. 

Index of refraction, 263, 547-548, 
699, 777, 1164 et seq. , a ratio, 604; 
extraordinary. 852-855; for gases, 
861-863. for'liquids, 648, 856-860; 
for solids, 852-855; for solutions, 
885. 



Index-glass, 247, 249. 

India rubber, 363; stoppers of, 913; 
tubes of, 912, 914. 

Indicator-board, 645, 929. 

Indirect processes, 633. 

Individual (separate) system, 930 
et seq. 

Inductive capacity, specific, 563, 
1173. 

Inductive reasoning, 593. 

Induction, electrical, 415, 420, 737 ; 
magnetic, 400, 414, 434, 462, 724. 

Induction helix, 416. 

Inductor, earth-, 424, 921, 1014. 

Inertia, 330-337, 739, 740, 741, 
998-999; force of, 333,741; Hall's 
definition of, 333, 741; moment of, 
1136, 1143, 1145 et seq. ; retarda- 
tion attributed to, 332, 740. 

Inference, errors of, 616, 622-623; 
to be distinguished from observa- 
tion. 623. 

Infinity-plug, 508. 

Injector, 912. 

Ink, colored, used in making correc- 
tions, 946-947. 

Instantaneous views through 
toothed wheel, 303 et seq., 321, 
325. 

Instruction, 939 et seq. ; by lec- 
tures, 930-934. 

Instruments, differential, 648: me- 
teorological, accuracy of, 676; of 
precision, 568 et seq. ; to be identi- 
fied, 623. See apparatus. 

Instrumental errors, 616, 621. 

Insulating material. 145, 586; re- 
sistance of, 891. 

Insulation, electrical. 437 ; ther- 
mal, 541 ; of air spaces great, 145. 

Integration avoided, 1097. 

Intensity, 613. 

Interchange, method of, 650* of 
connections 518,531 ; of resistances, 
479, 480, 488; of weights, 5, 36-38. 

Inter diffusion of gases, 780, 869. 

Interference of light, 264-270, 696- 
698; of sound, 270-273, 292, 293, 
992-993. 

Intermittent discharge, 561. 

Interpolation, 480, 510, 664, 665, 
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761 €t teq., by carves, 152, for- 
mula for, 31, 33, 1174; in tables, 
761 et seq, ; in weighing, 31, 33; 
inyerse, 762-763; methods of, 
645. See coincidences, subdivision, 
tenths, etc. 

Interpretation of corves, 665, 666. 

Intersection of plumb lines at cen- 
tre of gr., 348. 

Intervals, musical, 278-278 ■ relat- 
ed to Lissajous* curves, 297. 

Introduction to Part III., 585. 

Inverse interpolation, 762-763. 

Inverse order of repetition, 164. 

Inverse squares, law of, 213, 692, 
693, 739. 

Inversion of images, 239. 

Iron, coef. of expansion (.000012), 
844, 847; density of (7.8), 847; -fil- 
ings, 395, 439, 721; properties of, 
721 ; use of in construction avoided, 
433, 901 ; use of in magnetic app. 
avoided. 405, 439. 

Irregularity of speed, errors from, 
avoided, 290. 

Irrotational pendulum, 820-327, 
918. 

Isochronism, 709. 

Isotonic scale, 277, 893. 

Isotropic substances, 1150. 



Jacket, steam. 90, 95, 914. 

Jars, stone, 383. 

Jarring, avoided, 431 , relieves fric- 
tion, 431. 

Jaws of vernier, 6. 

Joint, Y. 64. 

Jolly's balance, 1037; applied to 
dynamical meas., 331. 

Joule, the, 610. 

Joule's exp., 387; law, 473, 484, 
729; mechanical eq. (4.17 X 10^), 
391-392. 

Junction, thermo-, 215, 520, 737- 
738, 923. 



Kater's pendulum, 576. 
Kathetometer, (cathetometer), 
572-573. 



Kerosene lamp, 216, 225, 916. 

Keys, 436, 487, 490, 508) 529-530, 
922; double, 509. 

Kilogram-metre (about 98 meg- 
ergs). 380-381, 899. 

Kinetic (cinetic) apparatus, 918; 
energy (energy of motion), 715, 716. 

Kinks avoided. 366, 367. 

Kirchoff , Bunsen and, scale of, 892. 

Kohlrausch's physical measure- 
ment, 782, 793. 

Knife-edges, of balance, 32; of re- 
versible pendulum, 555. 

Knife, imaginary, electrified, 415. 

Knot in cord used to count revolu- 
tions, 386. 



Iiaboratory, cost of, 926 ; fees, 927 ; 
Jefferson Physical, resulu obtained 
in, 951 et seq. ,- the, 901. 

Iiamp, incandescent, 228; kerosene, 
216, 218, 916. 

Lamplight slightly actinic, 396. 

Iiandolt and Bi>m8tein, tables, 
795. 

Lantern for projections, 231. 

Latent heat. 686-690, 776, 982-983, 
1045; explanation of, 687; of lique- 
faction (fusion, melting, solidifica* 
tion), 199,843-855,982; of solution, 
194; of steam (536), 202, 687, 900, 
983; of vaporization, 202, 856-863, 
983; of water (79 or 80), 199, 542, 
686, 900, 982; Ubles for, 843-863. 

Latimer Clark, 516, 529, 577, etc. 
See Clark. 

Latitudes det., 543; Uble of, 897. 

Law of Boyle and Marlotte, 598. 
682; of capillary attraction, 372; 
of Charies, 683 ; of cooling (New- 
ton's), 687; of Coulomb, 719-720, 
of Dalton, 135; of electro-chemical 
eqs., 734; of falling bodies, 706- 
707; of flexure, 353, 712; of Hooke, 
362, 711; of inverse squares, 692, 
69.3, 739 ; of Joule, 729 ; of lenses, 
700; of Ohm, 488, 730; of mean 
squares, 1117; of motion, 705-706; 
of pendulum, 316; of Poiseuille, 
730; of reflection, 245, 695; of re- 
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fraction, 699; of tangents, 439, 452, 
523; of vibration, 709. 

Laws and Principles of Physical 
Measureinent, 600 et seq. 

Lead shot, sp. ht. of de:., 389 et ttq. 

Leakage, electrical, 437. 

Least count, 634, 644, 645. 

Least error, 633. 

Least squares, 1125; example in, 
1126. 

Leclauche cell (e.m.f. 1.3), 436, 
469, 529, 890, 922. 

Lecture system , 930-934, 939 et teq. 

Length, app. for det., 913; meas. 
of, 5; of pendulum, 317, 319; of 
waves of light, 263, 264, 892; of 
waves of sound, 270-273; standards 
of, 71, 268; unit of, 605. 

Lens,converf;ing, 230, 236, 242, 618, 
910, 916, 1065 et seq. ; compound, 
1167; curvature of, 88, 965; diverg- 
ing, 243, 916; double convex, 547; 
doublet, 917, 1047; foci of, 230- 
244, 547, 700; images formed by, 
231, 237, 701; index of refraction 
of, 1165 et seq. ; law of, 700 ; long 
focus, 242, 916; magnifying power 
of, 243; used for Lissajons' curves, 
300. 

Letter-balances, 534. 

Level, analogous to potential, 730; 
of pressure-gauge and outlet the 
same, 384; spirit, 423, 910. 

Levelling screws, 438. 

Lever, 341 et seq,, 919, 1000. See 
couples. 

Light, absorption of (color), 551; 
actinic, 694; and sound, 691 et 
seq. ; apparatus for meas., 916-918; 
beam of, 694; bending of, 694, 698; 
diffraction of, 264-270; dispersion 
of, 262-264 ; electro-magnetic theory 
of, 692; energy of, 693; intensity 
of, 613; interference of, 264-270, 
693-694; medium traversed (ether), 
692; monochromatic, 262, 547; po- 
larized, 648 ; ray of, 547 ; rectilinear 
motion explained, 693-694; reflec- 
tion of, 239-242, 255, 258 ; refrac- 
tion of, 257-264 ; time occupied by, 



552, 667, 1167 ; velocity of (3 X 10"), 
552, 900 ; vibrations of, transverse, 
548, 692; wave-lengths of, 547, 
8U2. 

Limb of sun, 543, 545. 

Limiting angle (coef. of friction), 
373-375, 887. 

Linear coef. of expansion (4 cubical 
coef.), 90, 684. 

Lines of application of forces, 356, 
710. 

Lines of force, magnetic, 397, 406, 
413, 415, 422, 425-427, 721, 724; 
cut, 415-416, 424-425; direction of, 
721 ; due to current, 439. 

Lines of spectrum (Fraunhofer's), 
892. 

Lines, plumb, 574. 

Liquefaction, latent heat of, 109. 

Liquids, ascent of in capillary 
tubes, 371; buoyancy of, 43 et seq., 
670-671; compressibility of, 540; 
density of, 47,48, 856-860; efflux 
of, 310, 377; elasticity of, 540, 856- 
860; equilibrium of (balancing col- 
umns), 63, 94, 98; expansion of, 
51,' 94, 684, 856-860; films of, 369; 
hydrostatic pressure of, 63 et seq., 
94, 98, 377, 378, 538, 669-^70; 
pressure of vapors of, 132 et seq., 
856-860, 864-866 et seq. ; proper- 
ties of, 856-860; refractive indices 
of, 548, 856-860, 885, 1167 et seq.; 
specific heat of, 184 et seq., 856- 
860; surface tension of, 369-371; 
viscosity of, 556, 856-800, 1149. 

Lissajous' curves and cycles, 295- 
301. 996, 1049-1051; formula for, 
299 ; production of by small lens, 
300. 

Lists, of apparatus, 909; of experi- 
ments, 1035, 1066, 1079. 

Litre (1000 cu. cm.), — . 

Load, effect of, on beats, 293; on 
oscillations, 331, 332; on magnetic 
needle, 412, 420; on toothed wheel, 
303; on tuning-fork, 293, 301; re- 
lated to deflection of l)oams, 350- 
354; wire straightened by, 366. 

Loaded board, 348. 



in traversing short distances, 284, i Lobes in Lissajous* curves, 299. 

40 
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Ijocal and Greenwich time, 546. 

Ijooation of centre of gravity, 348. 

Ijogarithmic sines and tangents, 
768-769, 816-817, 820-821. 

IjOgarlthxnB, characteristic and 
mantissa of, 769 ; table of, 3 place, 
799 ; 5 place, 822-841 ; use of ex- 
plained, 662, 769-773. 

liOglcal analysis, 624. 

Ijong bar magnet, 411-414. 

Ijong micrometer (frame), 90, 915. 

liOng vernier gauge, 444, 909. 

liongitudes, det., 546; table of, 
897. 

IjongitudiDal vibrations of wire, 
554, wave motion, 1160. 

Ijoop of wire, currents induced in, 
415, 424-428. 

XjOOBenesB of gauges, 74. 

IjObs, of heat by cooling, 150, 165, 
177, 387; of material in transfer- 
ring, 168; of weight from evapo- 
ration, 169; of weight through 
buoyancy of fluids, 43 et seq.^ 670- 
671." 

Ijiiininosity, relative, 551. 

Ijunar observations, 547. 



Machine, dynamo, 536; theoret- 
ically perfect, 380. 

Magnet, action of, on currents, 725; 
arc of isochronous vibrations lim- 
ited, 412, 413; bar, long, 411-414, 
710, 921, 1013-1014; compound, 
395, 487, 490, 921, 1010 et seq.; 
dipping-needle, 423; vibration, 412, 
921, 1013. See magnetic and mag- 
netism. 

Magnetic, apparatus, 921 ; area, 
452, 726, 727, 1016; attractions and 
repulsions, 399, 407, 413, 722-723, 
1010; bodies, positions noted, 432, 
centres, 710. 721 ; couple, 402, 727, 
1011-1012, 1141; current-measure, 
725-728; curves, 395, 396, 413, 
421, 720; deflections, 405-411, 
1011-1012; dip, 422-430, 1014; 
field, 724, 1012, 1141; field, action 
on currente, 439, 725, 736; field, 
created by currents, 718, 724 ; 



field, rotary polarization of, 887; 
forces, 398 tt seq., 1011-1012; 
forces meas. by balance, 398, 1011; 
forces, protection from, 432; in- 
duction, 400, 724; lines of force, 
397, 406, 413, 415, 422,425-427, 721- 
724; measurements, 394-430, 1010 
et seq. ; meridian, 422, 423, 429, 
434, 462, 721; moment, 402-404, 
409, 411, 1011 et seq. ; needle or 
pendulum (see magnet), 440, 709, 
710, 1140; needle related to car- 
rent, 724-725; needle, throw of, 
709; pendulum, 440, 709, 710, 1140; 
poles, 394, 398, 710, 721, 1010 et 
seq. ; poles, distance between, 394, 
414, 422, 1010, 1013 ; poles, strength 
of, 398 ; saturation, 788; surround- 
ings, 432; susceptibility, 788, 887, 
900; system, 511 et seq., 560, 725. 
See magnet and m^netism. 
Magnetism, Ampere's theory of, 
718; distribution of, 411-422, 1013- 
1014; imparted to magneta, 394, 
412, 419, 423; induced, 400, 724; 
nature of, 718, 720 ; of earth, 
397, 402; of earth, horizontal com- 
ponent of, 403, 404, 440, 449, 456, 
460, 1012, 1142-1143; of sub- 
stances, 887; permanent or resid- 
ual, 887; positive (north) and 
negative (south), 415-418, 611; 
preservation of, 432; quantity of, 
611, 722; reversed, 424; unit of, 
611. See magnet and magnetic. 

Magneto-induction, 415,736,921. 
Magnetometer, 405-408, 1142. 
Magnifying glass (lens), 230, 236, 

242, 618. 
Magnifying power, 243. 
Magnitude, of couples, 711; of 

force, 705; of velocity unchanged 

in absence of force, 706; order of, 

627. 
Mance'B method, 490-493, 1026. 
Manipulation in physical meas., 

593; of a balance, 27. 
Manometer, air, 132, 538, 918, 973- 

974. 
Manometric apparatus, 129, 915. 
Manse, see Mance (490-493). 
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Mantissa, 769 

Marble (ball), 42, 87, 308, 312. 

Mariotte*8 bottle, 284, 556; law 
(Boyle and Mariotte), 598, 682. 

Markers, 334, 355. 

Mass, 741, 742; and weight, 832, 
740; estimated by impact, 313, 
1053; by oscillations, 330-332, 998 ; 
in grams, 333, 740, 741, 742; stan- 
dard of, 332; unit of, 606. 

Match, application of, 314. 

Materials, battery, 463 et $eq.^ 922 ; 
building, 846-847; chemical, 848- 
851; of pendulum indifferent, 328, 
330; optical, 852-855; properties of, 
843-863. 

Mathematical processes, abbreviat- 
ed, 662-663; proofs of, 1130 ei »eq, ; 
insignificant figures generated by, 
661; tables, 749. 

Matter, characteristics of, 739; in- 
destructibility of, 742; quantity 
(mass) of, 741-742. 

Maximum and minimum (self-reg- 
istering) thermometer, 97. 

Maximum density of water 
(1.00001), 673 ; efliciency related to 
power and speed, 385; magnetiza- 
tion of substances, 887 ; reading of 
spring balance recorded, 368 ; strain, 
362-363 — see breaking strength; 
temperature, 540. . 

Mean, arithmetic, 411, 663, 1127; 
geometric, 411; noon, 646; solar 
day, 606; squares, 1109, 1114, 1117, 
1118; time, 546. 

Measure, tape, 445, 909. 

Measurement, nature of, 602; rel- 
ative and absolute, 591-592, 603. 
See table of contents. 

Measures, reductions of, 898-900. 

Measuring-glass, 159, 915. 

Mechanical devices, 618; equiva- 
lent of heat (4.17 X 10^), 611, 
898, 1009-1010 ; equivalents det. of 
sp. ht. by, 387. 

Medicine dropper, 136, 915. 

Medium, luminiferous (ether), 692. 

Megadyne (1,000,000 dynes), 338, 
383, 871. 

Megerg (1,000,000 ergs), 383. 



Melloni's (optical) bench, 216. 

Melting, latent heat of, 199. See 
liquefaction. 

Melting-points, 140, 843, 855, 975; 
of ice (0°), 605. See temp, of fu- 
sion, liquefaction, solidification, 
etc. 

Meniscus, 18, 782. 

Mercury, amalgamation with, 437, 
463, 465; barometer, 17 et seq., 
781-783, 872; calibration by, 371, 
641 ; calorimeter, 191 ; chronograph, 
284; cleaning, 17 ; connections, 437; 
density of (13.6), 877; expansion 
coef. of (.00018), 844, 859, 900; in- 
dex of, 537, 614; manometer, 129; 
specific resistance of (.942 x 10^), 
900 ; specific volume of, 876 ; thread 
of, 110 ; thermometer, 104 ti seq. ; 
vapor of, 20, 22, 866. 

Meridian, length of earth's, 605; 
magnetic, 422, 423, 429, 434, 462; 
of Greenwich, 546. 

Meshes, images due to, 264-266. 

Meteorological insts., accuracy of, 
676; examples, 952-953. 

Method, experimental, 593; abuse 
of, 598. 

Methods and Principles of Physical 
Mea8urement,585 ; general,599-600. 

Metre rod, 909 ; the, 603,605; stan- 
dard, 605. 

Metric system, 603. 

Metronome, ^5. 

Microfarad (lO-" C. G. S.), 561. 

Microhm (1,000 C. G. S.), 485. 

Micrometer, electric, 350, 365, 919; 
eye-piece, 574 ; frame, long, 90, 915 ; 
gauge (calipers), 73, 81, 351, 360, 
361, 368, 486, 913, 964. 

Microscope, 571, 618. 

Middle-point of thermometer, 118. 

Middle third of consecutive obs. 
omitted, 667. 

Mile, nautical (1.852 kilom.) and 
statute (1.60932 kilom.), 898. 

Millimetre (0.1 cm.), — ; scale, 9. 

Minimum deviation, angle of, 547; 
number of weights employed, 631 ; 
of sound in telephone, 564-565; 
visible angle, 260-269. 
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Mirror, concave and convex, 240, 
917; foci and images, 239-241; 
•galvanometer (Tliomson's ), 679; 
revolving, 553 ; used to avoid par- 
allax, 616 ; virtual image of, 701. 

Miscount avoided, 287. 

Mistakes and errors, 615; discov- 
ered by check methods, 652. 

Mixtures, freezing, 112; method of, 
178, 184, 192; table for, 885. 

Modulus of elasticity, 711 ; of resil- 
ience of volume, 538; of torsion 
(ftimple rigidity), 538, 554, 775, 
843-847, 1153-1156; of transverse 
elasticity, 353; Young's, 360-367, 
920, 1005, 1151. 

Mohs' scale of hardness, 587. 

Moisture (aqueous vapor), 29, 121, 
866-869, 871, 874. 

Molecules, elastic, 692; space oc- 
cupied by, 680; velocity of, 681; 
velocity of, affected by cohesive 
forces in change of state, 689 ; vi- 
bration of, 679; weight of, related 
to sp. ht., 686. 

Moments, magnetic, 402-404, 409, 
410; mechanical, 341 et neq., 1102 
— see couples ; of inertia* 1136, 
1143, 1145 e^^e^. 

Momentum, angular, of needle, 
417. 

Monochord (sonometer), 274, 918, 
1049. 

Monochromatic light, 262, 547. 

Moon, observations of, 547. 

Morin*s apparatus, 309. 

Motion, components and resultants, 
703; energy of, 715; laws of, 705- 
706; maintains itself in absence of 
force, 706; oblique, work done by, 
714; of waves, 691, 1160; relative, 
703. 

Motor, efficiency of, 382-385, 533 ; 
electric-, 533, 923, 1034, water-, 382- 
385, 920, 1008-1009; work done by, 
382; work spent upon, 383, 713. 

Moving body, energy of, 715-716. 

Multiple arc, connections in, 451, 
467, 781, 735. 

Multiples how produced, 620. 

Multiplication, abbreviated pro- 



cesses, 663; method of, 16, 41, 177, 
285, 640; of physical quantities, 
661. 

Multiplier (galvanometer), 641. 

Musical ear required, 275; inter- 
vals, 273-278, 295-301, 993; noU- 
tion, 277 et seq,, 293 ; note, 694, 695 ; 
note due to longitudinal and tor- 
sional vibrations, 554; pitch, 291; 
scale, 277, 791-792, 893. See 
Lissajoua' corves, monochord| and 
sound. 



Nature of electricity and magnetism, 
718; of measurement, 585-691, 
692. 

Nautical almanac, 543, 546, 795, 
895; mile (1.852 kilom.), 898; ob- 
servations, 543. 

Near-sighted (diverging) lenses, 
244. 

Needle, magnetic, affected by car- 
rent, 718, 724; arc of isochronous 
vibration limited, 710; astatic, 418, 
431, 433; compass-, 397; dipping-, 
423; galvanometer, 418-420; series 
of impulses given to, 641 ; throw 
of, 609. 

Negative characteristics in loga- 
rithms, 667; expansion of water, 
0° to 4° 684; indications charac- 
teristic of null methods, 648; mag- 
netism, 611; readings, 82, 252; 
sign, use of, 753. 

Network, dilCraction produced bv, 
265-266. 

Neutral point on magnet, 416. 

Neutralization of currents or 
e.m.f.9, 502. 

Newton*8 law of cooling, 147, 176, 
687-688; of motion, 705, 706. 

Niagara Falls, 389. 

Nicholson's hydrometer, 8, 13, 
14, 911, 952, 1037. 

Nitric acid, action on zinc, 205-210; 
danger from, 205-206. 

Nodes, 276. 

Non-conductors (insulators), 586 ; 
resistance of, 891. 

Noon, apparent and mean, 543-546. 
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North (positive) and south (nega- 
tive) poles, 394, 402, 412, 721- 
722. 

Notation, in phTsical measure- 
ments, 660 ; musical, 277 et teq., 
8 Jd ; of averages, 1100 ; of probable 
error and differences, 758-760. 

Notched (Toothed) wheel, 301-307, 
694. 

Note-books. 621, 623, 946-950. 

Note, musical, three classes, 694, 
695. 

Notes on the arrangement of tables, 
746-760. 

Numbering, a stage in scientific 
progress, 592. 

Number of turns of wire, 427; of 
vibrations (pitch), 291. 

Numbers, average of, 1098. 

Nut, 572. 



Object glass, 233. 

Oblique forces, 344 et teq,; work 
done by, 714-716. 

Obliquity, errors from, 76, 282. 

ObaervationB. and calculations to 
be separated, 623, 946 ; and errors, 
614 et ieq.f 1109; consecutive, 667- 
668; examples of in note-books, 
949, 950, 951 et seq. ; in physical 
measurement, 592-593; lunar, 547; 
mean taken, 653; nautical, 543; 
original records of, to be preserved, 
623; reported before reduced, 621; 
simultaneous, 450, 532, 619; two 
necessary' for simplest measure- 
ment, 622. 

Octave, 278; and fifth, 298; beats 
due to, 293. 

Ocular method, 324. 

Ohm, the, 473, 611; B. A. nnit(.9889 
legal ohm), 900; legal (106 cm. 
mm^ mercury), 900; standard, 581. 

Ohm'8 law, 488, 499-500, 503, 504, 
513, 515, 519, 730; method for bat- 
tery resistance, 498, 1028; for 
e.m.f., 501, 512, 518, 520, 1028. 

Omiaaion of ciphers, etc., 753. 

Opposition, method of, 515, 1093. 

Optical apparatus, 916-918: bench, 



230,916; devices, 618-619; mate- 
rials, 852-855; method, 324. 

Order, chronological followed in 
notes, 946 ; inverse followed in re- 
peating exps., 164; of magnitude, 
627. 

Ordination, a stage in scientific 
progress, 592. 

Original records of observations 
preserved, 623. 

Oscillation, arrested, 421 ; approxi* 
mately isochronous, 315; arc of, 
limited, 323, 327, 331, 412, 413, 
710; centre of, 1137; law of, 709; 
of magnetic needle, 431; rate of, 
315, 433; variations in, 765, 800; 
table for reduciug time of, to small 
arc, 800; time of, 316 ; used to com- 
pare masses, 330, 998 ; weighing by, 
30. See vibrations. 

Ounce bullet, 213, 288. 

Outlet on level with pressure gauge, 
384. 

Oxygen, heats of combustion in, 
888. 

Ounce (oz.), avoirdupoia (28.3494 
grams), 898. 



Fan-arrester, 569. 

Fan of balances, 351 ; paper, 358. 

Faper, coordinate — see graphical 
method; ferro>prussiate, 395; scale 
pans, 358; tracing, 155. 

Farallax. 231, 232, 241, 253, 317, 
424, 544, 616; in gauges, 77: in 
thermometers, 113; method of fo- 
cussing by, 232, 241; solar, small, 
545. 

Parallel axes, moments of inertia 
about, 1143; forces, 710, 1000; 
wires, 434, 903. 

Parallelism of sides of prism, 257. 

Parallelogram (triangle) of forces, 
703. 

PartI.,l;II.,279;iri.,595; IV.,901. 

Partial vacuum, 67. 

Pascal* s principle, 669. 

Pasteboard tube, 390, 920. 

Peirce, B. C, modification of mir- 
ror galvanometer, 580. 
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Pendulum, 285, 286, 288, 291, 315, 
997-998 ; arc of isochronous oscilla- 
tions of, limited, 710; ballistic, 
811, 389, 707-708, 1052; Borda's 
(simple), 319; centre of gr. of, 555; 
compound, 323, 1136; control for, 
575; equivalent simple, 555, 1137; 
ideal simple, 319; irrotational, 320, 
918; isochronism of, explained, 709 ; 
Hater's, 576; laws of, 316; length 
of, 317, 319, 322; magnetic, 440, 
709, 710, 1140; material of, indif- 
ferent, 328, 330, 742; related to 
falling bodies, 320; reversible, 
555, 1137; rotary, 1133; seconds, 
897; series of impulses given to, 
641; simple, 319, 918, 997, 1134; 
tables for, 329, 897; time of, 328, 
330; torsion, 334, 919, 1140. 

Per cent variation, 662. 

Perfect machine, 380. 

Permanent gas (see air, hydrogen, 
oxygen, nitrogen, etc.), 861-863. 

Permanent magnetism, 788. 

Permanent prints, 396. 

Permanent strains, 351. 

Persistence of impressions on ret- 
ina, 303. 

Personal equation, 619; error, 288. 

Petit, Dulong and, app. modified, 
95, 915, 966-967. 

Photographic prints, 395; rays, 
694; room, 905. 

Photometers, 222-229; Bunsen's, 
222-224, 910, 985. 

Photometry, 222-229, 906; of 
colors, 228-229. 

Physical arithmetic, 662-663. 

Physical Measurement, Principle? 
and Methods of, 602-608; never 
exact, 596-597. 

Physical quantities, 592; tables, 
757-758. 

Pickering's system, 751, 930; tables, 
794. 

Piezometer, 537. 

Pile, voltaic and galvanic, 436, 569. 
See cell. 

Pint, U. S. (473 grams), 898. 

Pipe, 654, 918. 

Pitch, musical, 294; det. by beats. 



293; det. by chronograph, 577; 
det. by graphical method, 288, 995 ; 
det. by toothed wheel, 306-307, 
996; standards of, 791-792, 893. 

Pitch of screw, 85, 366, 572. 

Pitch-pipe, 554, 918. 

Pith-balls, 514, 566. 

Pivot of compass, 431, 439. 

Places, decimal, number of retained, 
690; of instruments to be noted, 
623. 

Plan for observations, 942-943, 949- 
950; of laboratory, 906, 907. 

Plane, electrified, 1171; equatorial 
and horizontal, 543; inclined, 376. 

Planets, 896. 

Plank and board (friction app.), 373, 
374, 920. 

Plank and hammer (signalling app.), 
285. 

Plated cup, 24. 

Plates of glass, 84, 913. 

Platform scales, 383-384 

Platform, suspended, 365. 

Plotting curves, 413. 

Plugs, cleaning, 495; infinity, 508; 
of rheostat, 476 ; split, 365. 

Plumb-line, 574. 

Poggendorff's method, 513-514, 
531, 1034. 

Pointer (index), 614; of vernier, 6; 
of spring balance, 338. 

Points, bluntness of, 86; of applica- 
tion of forces, 710 ; of condensation, 
ebullition, fusion, solidification, va- 
porization, etc., see temperature of, 
etc., also boiling and melting 
points [140, 843-860]. 

Poiseuille's law, 730. 

Poisonous substances (ferro-prus- 

siatcs, etc.), 395. 

Poisson's ratio, 1151-1152. 

Polarization, 548; plane of, 550; 
rotary, 550; Ubles for, 787-788, 
886-887. 

Polarizer, 549. 

Poles, magnetic, 394, 710, 721; dif«- 
tance between, 394, 403, 414, 422 ; 
north (positive) and south (nega- 
tive), 401, 407. 529; strength of, 
398, 403 ; of battery, positive (car- 
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bon or copper) and negative (zinc), 

890; of eanh, gravity at, 608. 
Porous cups, 436. 
Position of inHts. det. relatively to 

floor and walls, 433. 
Position of equilibrium, 30. 
Positions to be noted, of break in 

wire, 368; of instruments, 433, 

450, 456 ; of magnetic bodies, 432- 

433. 
Positive (vitreous) and negative 

(resinous) electricity, 719. 
Positive (north) and negative 

(south), magnetism, 611. 
Positive (carbon or copper) and 

negative (zinc) poles of battery, 890. 

Post, 368. 

Potential, electrical, 488, 504, 511, 
730, 790, 889-890, 1169; analogous 
to head and level, 730-731 ; differ- 
ences of (e.m.f.), 489, 512, 518,583; 
due to contact, 889; energy, 381, 
726; fall of, 528, 730. 

Potentiometer, Clark's, 516, 529. 

Pound, avoirdupois (453.590 grams), 
898. 

Poundal (13,825 ergs), 899. 

Powders, density of, 53; absorp- 
tion, emission, radiation, etc., of 
heat by, 887 ; conductivity of 
(about .0002), 847. 

Power, 378, 385, 473, 484, 504, 511, 
535, 610, 920, 1008- 1009, 1034; 
candle-, 216, 221, 222 et tetf,; elec- 
trical, 729, 1034 ; of motor det., 382 ; 
of recovery, 351, 360; related to 
speed and efficiency, 385: unit of 
(watt = 107 C. G. S.), 899; waste 
of, 435. 

Powers and roots, errors in, 640; 
dependent on number of reasons, 
712; of numbers, 798. 

Practical units, 484. 

Precautions against dust, etc., 29 ; 
in det. of candle-power, 218; in use 
of mercurial thermometer, 105; in 
electrical meas., 431; in use of 
calipers, 75. 

Precision, and accuracy, 593; in- 
struments of, 568; of null methods, 
649. 



Prefixes, signification of, 603. 

Preliminary exps., 1; app. for, 911. 

Preparation of mixtures, 787, 885. 

Preservation, of figuring, 623-624; 
of magnetism, 432; of original 
records, 623. 

Pressure, 899; and capacity, 538; 
and density of gases, 632 ; and fric- 
tion, 373, 376; and temperature, 
679, 680; atmospheric, 613, 675; 
barometric, 17, 143, 899; critical, 
775, 856-863; -gauge, 377, 384, 66'J; 
on level with outlet, 384; hydro- 
static, 377, 378, 538; of gases, 127; 
of vapors, 132-134, 135, 856-860, 
864-867, 872, 974; on given level 
con.^tant, 669; standard, atmo- 
spheric, at Paris (1.01360 X 10«), 
900; temperature and humidity, 
25, 867 ; transmission of, 669 ; work 
and flow, 713. 

Principal foci, 230-236, 238, 243, 
647. 

Principles, and Methods of Physi- 
cal Measurement, 585, 600; of Ar- 
chimedes, 54, 670; of calorimetry, 
688; of Pascal, 669. 

Printed forms, 942-944, 946. 

Prints, photographic, 395. 

Prisms, angles of, 255-257; index 
of refraction of, 547, 1164; pyra- 
midal convergence of, 255; small, 
255, 917. 

Probability, coefficient of, 1110, 
1118-1119; cnr^•e of, 1113-1115: of 
errors, 773-774,842, 1109; table of, 
842. 

Probable error, 658-659, 745, 842, 
1110; calculation of, 658-^59, 1119- 
1122; of averages, 659, 1121; of 
powers a.id roots, 1123-1124; of 
products and quotients, 1123; of 
results, 659, 1124; of sums and 
differences, 1119-1120; places 
affected by, 661; table of, 842.' 

Processes, arithmetical, abbrevia- 
ted, 662-663. 

Products found by addition, 662- 
663. 

Progress, scientific, sta^c^ in, 690. 

ProJectizLff-lantem, 231. 
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Prongs of fork with film, 369; of 
tuning-fork, how bowed, 289. 

Proofs of formulic, 1130 et teq. 

Proper method of counting, 286. 

Properties, general, of bodies, 774- 
777, 843-863; of building materials, 
846-847; of chemical substances, 
848-851; of crystals, 852-855; of 
elementary substances, 843-845; of 
gases, 861^63; of liquids, 856-860; 
of solids, 843-855; of solutions, 
878-886 ; of vapors, 861-869. 

Proportional errors, 1123; parts, 
table of, 797; use of, 761-763. 

Protractor, 358, 402, 420, 424. 

Provisional units, 630. 

Prussiates (ferro-), poisonous, 395. 

Pulleys, 340, 379, 386, 387, 534; 
fricUon of, 380, 387. 

Pulse transmitted by string, 691. 

Pump, air-, 54, 912. 

Pyramid, centre of gravity of, 1104; 
volume of, llOL 

Pyramidal convergence of prism, 
257. 

Pyroheliometer, 212. 

Pythagorean (harmonic) method, 
274; proposition, 346, 347. 



Quadrant, earth's, length of 
(10,007 -f-kilora.), 605. 

Qualitative distinctions, 587. 

Quantitative, 592. 

Quantity, large, preferably meas- 
ured, 638; physical, 592; cells ar- 
ranged in, 735 ; of electricity, elec- 
trostatic, 729 ; electro-magnetic, 
560 ; of heat, 387 ; of magnetism, 
611, 722; of matter (mass), 740- 
742 ; of motion (momentum, or pro- 
duct of moss and velocity), — ; of 
work, 387; variable, 748-749, 1097 

€t teq. 

Quarter points of thermometer, 118. 
Quartz, rotary polarization of (D, 
217° per cm.), 886. 



Badiation, apparatus, 916; of heat, 
212, 088, 789, 887; solar, 212. 



Radius of curvature, 547, 965; 
mean, 548; of gyration, 1137; of 
wire or cylinder, 361, 371, 377. 

Baref action and condensation, 292, 
1160. 

Bate of cooling, 146; of heating, 
473; of oscillation, 315, 433, 765, 
800; of vibration (pitch), 288, 433; 
of working (power), 378, 385, 473, 
484, 504, 511, 535, 610. 

Batio of balance arms, 35; in musi- 
cal intervals, 273-278, 295-301; in 
relative meas., 589, 604; of two 
sp. hts. of gases (1.408), 900; Pois- 
son's 1151-1152. 

Bating chronometers, 546, 575. 

Bays, 547, 691, 693; actinic, calo- 
rific and luminous, 694; bending 
of, 694, 698. 

Beaction = action, 400, 706. 

Beaction of nitric acid on zinc, 209. 

Beading a vernier, 77, 78. 

Beading-microscope or telescope, 
571, 572. 

Beal and apparent sp. vol. and sp. 
gr., 672-673, 744, 784, 875, 876. 

Beal and virtual foci and images, 
239. 

Beasoning, inductive, 598. 

Beasons, independent, 712. 

B^aumur thermometer, 589. 

Beciprocal defined, 763; tables of, 
798, 802-808. 

Becoil of spring balance dangerous, 
368. 

Becords, how made, 621, 623; orig- 
inal, preserved, (523, 941, 947. 

Becovery, power of, 351, 360. 

Bectilinear propagation of light 
and sound, 693-694. 

Bed glass, 551. 

Beduction factor of galvanometers, 
446-447, 456-460, 495, 499, 556, 
1015, 1058, 1090. 

Beductions of arbitrary scales, 
892-894; of barometric readings, 
870-872; of cm. to megadjTies, 871; 
of consecutive obs., 667; of density 
and volume to 0° and 76 cm., 683 
873; of inches, to cm., 870; of 
measures, 898-900 ; of minutes and 
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seconds to degrees, 894; of results, 
658-668; to vacuo, 45, 47, 50, 671- 
674, 956 €t $eq. 

Beduplication of apparatus, 927, 
928, 931, 934 et $eq. 

Be-enforcement of sound, 292, 293. 

Beference to books, 794-795. 

Befleotion, 239-242, 2.55, 258, 695; 
laws of, 245, 695. 

Befraction, 257-264, 698; angle of, 
267-264, 699 ; atmospheric (1' coUn 
A), 544; det. of, 257-262; double, 
547; explanation of, 699; index 
of, 547-548, 699, 1164 et aeq, ; law 
of, 699 ; of lenses, 230, 236, 242 ; of 
liquids, 548, 856-860; of prisms, 
257-232; of solutions, 885. 

Begiatera, 903. 

Begiatering thermometers, 97. 

Begnault's app., 167. 

Begulator (clock), 318,324, 335,575. 

Belative current strength, 462-466 ; 
humidity, 778-779; magnitudes or 
values, 589, 604 ; masses, 313 ; mo- 
tions, 703. 

Bepetition, methods of, 640, 642- 
643. 

Beport and flash, 284. 

Beporta, how made, 944; originals 
presen'ed, 623. 

Bepreaentation of differences, 758- 
760; of probable error, 659-660. 
See graphical method. 

Bepulaion, electrical, 719-720; of 
similars, 718 ; of two magnets, 399. 

Beaidual charge, 562 ; magnetism, 
887. 

Beailienoe (modulus of elasticity) 
of volume, 538-539, 775, 1151; 
tables for, 843-863. 

Beaiatance, electrical, 877, 471 et 
$eq,f 729, 1021 et seq. ; and e.m.f., 
728-738; box of (rheostat), 557, 
923 ; coil, 471, 531, 922; comparison 
of, 474; det. by heating, 471, 1021 
et $eq.; det. by substitution and 
interchange, 476-480, 1023, 1059- 
1060; det. by Wheatstone's bridge, 
480-493, 658, 559, 562, 732, 1024; 
heated by current, 504; in series 
and multiple arc, 523, 731; inter- 



change of, 479, 480, 488, 1023; of 
battery, 490, 1029, 1061, 1062; by 
Mance's method, 490-193, 1026; 
by Ohm's method, 498, 1028; by 
Thomson's method, 1062; indepen- 
dent of direction of current, 443 ; of 
electrolytes or solutions, 559; of 
galvanometers, 493 ; by Thomson's 
method, 487-489, 1026; specific, 
484-486,891, 1025; tables of, 891; 
unit of (ohm = 10» C. G. S.), 611. 

Beaiatance, hydraulic, 378 ; of air, 
slight, 328, 380; to crushing, 846, 
847; to fracture, 354; to shearing, 
846-847. 

Beaolution of forces, 875. 

Beaonance, 272, 273, 695, 993. 

Beaonanoe-tube (resonator), 272- 
273, 696, 918. 

Beaultanta and components, 703; 
of errors, 1111 ; of magnetic forces, 
722. 

Beaulta, concordance of, deceptive, 
594; how reported, 944; important 
part of exp., 944; probable error 
of, 659; reduction of, 658-668; 
weight of, 1128-1129. 

Betardation attributed to inertia, 
332, 740. 

Betina. persistence of impressions 
on, 303. 

Beveraal, method of, 650; of cur- 
rent, 435, 442, 450, 482, 488, 499, 
505, 518, 532, 533; of instruments 
a test of adjustment, 627 ; of mag- 
netism, 424. 

Beveraible pendulum, 555. 

Bevolution (speed) counter,385,923. 

Bevolving mirror, 553. 

Bheoatat. 474-476, 484-536, 557, 
923; correction of, 557. 

Bicharda* injector, 912. 

Bider, 569, 634. 

Bight ascensions, 896. 

Bigidity, simple (modulus of tor- 
sion), 538, 554, 846-847, 1151. 

Bing, moment of inertia of, 1140, 
1145, 1146; of micrometer, 365; 
small pair to prevent rolling, 42, 
912; suspended about axis, 334, 
999. 
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Booking, a test of adjastment of 
spherometer, 84, 618, and twisting 
prevented, 351. 

Bod and chain, errors in nse of, 642. 

Bod, ash-twisted, 335: deflection of, 
350-354; heat conducted by, 542; 
metre, 317, 909; stiffness of, 357; 
torsion of, 357, 1003. 

Boots and powers, errors in, 640. 

Botary pendulum, 1133; polariza- 
tion, 550, 787-788, 886-887. 

Botation, right and left handed, 
650. 

Botating mirror, 553. 

Bough measurements of value, 594. 

Bough methods of calculation, 662, 
6G0; use of, 666. 

Bubber, India (Caoutchouc), 363. 

Buby glass, 551. 

Buhmkorff coil, 518. 

Bulea for approximation, 662; for 
calculating probable error, 1122; for 
correcting apparent wt. and sp. 
f,'r., 672-673; for interpreting ta- 
bles, 751; for logarithmic work, 
772-773; for observations, 621. 

Bumiord*8 photometer, 224-226. 



Saccharimeter, 549. 

Safety-valve weights, 338. 

Sagging, 345, 454. 

Salts, diffusion of, 885. 

Sand (oxide of silicon), 850. 

Saturation, nia'jnetic, 887; with 
heat, 079. 

Scales, arbitrary, 588, 791, 892-894; 
errors of, 021; expansion of, 71: 
millimetre, 334, 355; musical, 277, 
8U.J; of hardness (Mobs'), 587; of 
hydrometers, 588, 892; of sextant, 
251; of temperature, 605; plat- 
form (balances), 383-384; rough 
(grocer's balances), 3; sliding, 635; 
thermometric, 588-589, 892. 

Scratching a test of hardness, 587. 

Screw-cups, 436 : -eyes, 355 ; -gauge 
(micrometer), 73, 81, 351, 360, 301, 
308, 480; pitch of, 85; levelling-, 
85. 

Sea horizon, 543. 



Search for errors, 699. 

Secants, 766, 800-801. 

Second, the, 606. 

Seconds pendulum (99 + cm.), 897. 

Self-induction, 475. 

Self-registering thermometer, 97. 

Semi-conductors, 587. 

Semitone (1.0595: 1), 278, 773. 

Sensations transmitted at unequal 
rates, 616, 619. 

Senses, two, use of, 619. 

Sensibility. See sensitiveness. 

Sensitive paper, 395. 

Sensitiveness of astatic combina- 
tions, 419, 432; of balance, 31; of 
electric micrometer, 351 ; of galvan- 
ometer, astatic, 420, 489; mirror, 
580; of hydrometers, 8; of instru- 
ments in general, 645-646; of sphe- 
rometer, 84, 618; of suspensions, 
431 ; related to quantity mens., 638. 

Separate (individual) system, 930. 

Series, connections in, 443, 451, 781; 
of impulses, 641; of temperatures, 
172. 

Set of forks, 294-295; of resistances 
(rheostat), 474-476, 484-536, 667, 
sUndard, 629-630; weights, 3, 8, 
28, etc. 

Sextant, 244-257, 261, 543, 545-646, 
566, 917, 988 et seq. ; meas. of small 
angles by, 253; meas. of long dis- 
tances by, 281. 

Sharp bendH avoided, 866. 

Shearing strength, 775 ; stresses and 
strains, 1153 et seq. 

Shell, spherical, fonn of wave, 698. 

Short circuit, 480, 494. See insula- 
tion. 

Short intervals of time, 284. 

Shot, sp. ht. of, 178, 389, 979. 

Shot-heater, steam, 179, 915. 

Shunt, use of, 432, 487, 490, 493, 
495, 501, 507, 509, 922, 1027, 1058. 

Shutters, 1027, 1058. 

Sidereal time, 894. 

Siemens' unit (.942 X 109 C. G. S.), 
900. 

Sights, 369, 402, 454. 

Sign, negative, use of, 763. 

Signalling apparatus, 918. 
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Signals, sound, 285. 

Significant figures, 656, 660-661, 
790. 

Silbermann, Favre and, 191. 

Silk fibre, untwisted, 310, 412, 418. 

Similars, repulsion of, 718. 

Simple pendulum, 319, 918, 1134; 
equivalent, 555, 1137; ideal, 319. 

Simple rigidity (modulus of torsion), 
538, 554, 775, 843-847, 1151. 

Simultaneous observations, 450, 
532, 019. 

Sines, 765; logarithmic, 816-817; of 
small angles equal to tangent, arc, 
chord, etc., 663; tables of, 800-801, 
814-815. 

Single-ring (tangent) galvanome- 
ter, 4.39. 

Sinker, use of, 1039. 

Siphon, 378, 920. 

Siren, 577. 

Size of images, 701. 

Skill acquired in physical meas., 
593. 

Sliders, 481, 526, 529. 

Sliding helix or coil, 416, 921; 
scales, 635. 

Slits, spectro!«copic, 260, 917; in 
toothed wheel, 302. 

Slope, 375. 

Small angles, arcs, sines, chords, 
and tangents of, equal, 663; co<iine 
and secant of, unity, 663 ; measure- 
ment of, 253. 

Smoked glass, 288, 296; apparatus 
for tracing on, 288, 918. 

Smoked paper, 313. 

Soap-bubble (film), 369. 

Sodium, flame, 260, 917; wave- 
length of (.00005893), 900. 

Solar day, 898; light, photographic 
printing by, 395; parallax t<mall, 
545, 900; radiation, 212; spectrum, 
204, 694; system, 896; time, 540. 
See sun. 

Solidification (see melting), 140, 
199, 685, 84:3-855. 

Solids, expansion of, 90, 684; fric- 
tion between, 37.3, 376, 887; proper- 
ties of, 843-852; specific heat of, 
178. 



Solubilities, chemical, 586, 848- 
851; of air and gases, 861-863. 

SolutiOB[s], boiling-points of, 882; 
densities of, 880-881 ; electrical con- 
ductivities of, 884; heat of, 690, 
981; properties of, 786-787, 880- 
891; refractive indices of, 885; re- 
sistances of, 891; rotary polariza- 
tion of, 886-887 ; specific heats of, 
883; table for mixing, 787, 885. 

Sonometer (monochord), 274. 

Sound, affected by wind, 280; and 
light, 691; apparatus, 918; energy 
of, 693; interference of, 270, 992- 
993; interrupted by vacuum, 692; 
reflection of, 695; resonance (re- 
enforcement) of, 272, 993; -shadow, 
698; signals, 285; transformed mto 
heat, 694; velocity of, 276, 279, 
869, 1160 el seq, ; early dct. of, 285; 
formulae for, 280, 281, 1160 et ieq. ; 
in wires, 554; tabic for, 869; wave- 
length of, 270-274, 992-993. 

Sounder (telegraph inst.}, 284, 324, 
351, 365, 576, 577. 

Sources of authority, 794. 

Space, occupied by liquids, 875-876; 
traversed by falling bodies, 315. 

Span of spherometer, 85. 

Specific, 604, 611. 

Specific conductivitv, electrical, 
770, 780, 843-847, *884; thermal, 
541, 591, 088, 700, 843-803. 

Specific gravity (see density), 14, 
604, 1036 et seq, ; and density dis- 
tinguished, 074; apparatus, 912; 
apparent, 672, 958 et seq.^ 968; 
-bottle, 49-58, 101, 912, 958 tt seq. ; 
correction for, 673; -fla-ik, 70; re- 
ferred to hydrogen, 861-803. 

Specific heat, 611, 685-086, 979 et 
siq.; and molecular weight, 686; 
comparison of methods for det., 
182; det. by electrical method, 
1044; det. by fusion of ice, 191 ; by 
indirect methods, 185-186; by 
mechanical equivalents, 389; by 
method of cooling, 154 : by method 
of mixture, 178, 184, 192;* of air at 
const, pressure (.238) and at const, 
vol. (.169), 779-780, 868; of brass 
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(.094), 846, 900; of iron (.11), 847; 
of elementary substances, 843-845; 
of gases, 187-189, 861-863, 900; of 
glass (.19), 853, 900; of liquids, 
184, 856-860; of shot, det, 178, 
389 ; of solids, 178, 843-855; of so- 
lutions, 883; of water, mean, 0^- 
lOO*' (1.005), 900; ratio of, in gases 
at const, pressure to that at const, 
vol. (1.408), 900; tables for, 843- 
863. 

Speclflo inductive capncitv (air = 1), 
560-561, 563, 777, 852-863. 

Speciflo resistance, 484, 790, 891, 
1025. 

Speoifio volumes, 57, 102, 540, 743- 
744, 784-785, 875-876. 

Spectacle lenses. 244. 

Spectroscope, 263. 

Spectrometer, 257-261, 917, 990 et 
seq. 

Spectrum, 259, 262-264; diffrac- 
tion, 264-270. 

Speed (velocity), 607; errors from 
irregularity of, 290; related to 
power and efficiency of motor, 385, 
534-535. 

Speed-counter, 923. 

Sphere, curvature of, 87; electrical 
capacity of, 1170 et teq. ; moment 
of inertia of, 1147-1148; volume and 
diameter of, 799, 812-813. 

Spherometer, 83, 84, 86, 89, 618, 
913, 965. 

Spiral, copper, 457; resistance coil, 
471; spring, 331, 919; tube, 187, 
188. 

Spirit level, 423. 

Split plug, 865. 

Spot of light, 580; of oil, photo- 
metric, 223. 

Spring balances, 337, 360, 367, 379, 
534, 608, 919, 1000 et seq, ; affected 
by gravity, 338 ; correction of, 337 
et seq. ; force meas. by, 705 ; gradu- 
ated in me^adynes, 338; recoil 
dangerous, 368. 

Spring, of clock, 288, 303; oscillat- 
ing, 330-332, 998; spiral, 331, 919 ; 
stiffness of, 331. 

8P7-glAB8 (telescope), 286, etc., 916. 



Square root, 763, 798. 

Squares, 763 ; of rates of oscillation 
proportional to forces, 413; inverse, 
law of, 213; tables, 798, 804, 805. 

Stable and unstable equilibrium, 
399. 

Stages of scientific prog^ress, 590. 

Standard, or standards, absolute 
necessary, 633; ampere, 581; Brit- 
ish, 898-900, candle, 221; electri- 
cal, 580; metre, 605; of accuracy, 
655; of density, 61, 877, 900; of 
French Archives, 332, 605; of 
length, 71; of mass, 332; of press- 
ure, 683; of temperature, 683; of 
weight, 88; ohm (W C 6. S.), 
611; set of, 629-630. 

Star, sextant set by, 252. 

Stars, declination, etc., of, 896. 

Starting friction, 374. 

State, change of, 686-690, 775. 

Static charge, 560 tt seq. 

Statics, apparatus, 919. 

Statute mile (1.60932 kilom.), 898. 

Steam, 866-867 ; boiler (generator), 
90, 115, 203, 520, 914; jacket, 95, 
99, 914; latent heat of, 203; shot- 
heater, 167, 179 et seq,f 916; trap, 
203, 915. 

Steel, avoided in magnetic exps. and 
app., 405, 432, 489; beams, 919; bi- 
cycle-balls, 16; coef. of linear ex- 
pansion (.000012), 900; density of 
(7.9), 847; maximum permanent 
magnetization of, 887; temper of, 
394; Young's modulus of, great, 
363. 

Stiffness of benms, transverse, 350- 
354, 1003 ; of cords, 380 ; of rods, 
torsional, 357, 1003; of spring, 331. 

Stirrer, 107, 159, 471, 915; thermal 
capacity of, 689. 

Stone jar, 383. 

Stop-cock, 64, 912. 

Stoppers, 913. 

Stopping, energy lost in, 880. 

Stopping oscillations, 421. 

Stops, 420. 

Stop-watch, 284. 

Storage of energy, 881. 
(Strains, 361, 604, 705, 711; com- 
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ponents and resultants, 706; errors 

from, 75 ; maximum, 852-363 — see 

breaking strength ; permanent, 351, 

359 ; shearing, 1154. 
Stream, fluid, 310, 377; of gas, 310; 

of water, 385. 
Strength, breaking, 367-369, 843- 

847, 1005; crushing, 843-847; of 

electric currents, 431, 462-466; of 

magnets, distribution of, 411-414; 

of magnetic field, 724; of magnetic 

poles, 398, 401, 411, 722-723; of 
, shearing, 357, 843-847. See tor- 
sion. 
Btreas, 362, 613, 711 ; shearing, 1153. 
Stretching, fracture by, 367; wires, 

860-367, 1004. 
Striking distance and e. m. f., 518, 

890. 
String, pulse transmitted by, 691; 

yibration (harmonics) of, 275, 1049. 
Studenta, advanced, exps. for, 537 

€t uq. ; note-books, 621, 623. 
Style (tracer), 288, 577. 
Subdiviaion, methods of, 634. 
Subatancej, affected by pravity 

alike, 328; properties of ,' 843-863.* 
Substitution, method of, 15, 649 ; 

principle of, 478. 
Succeaaive approximations, 629; 

halvings, 626. 
Sulphate of copper, 457, 464; of 

mercury (Clark*s) battery, 581, 890. 
Sulphuric acid, danger from, 463; 

drying air by, 670. 
Summaries of results, 948, 951 tt 

teq. 
Sunlight for photographic printing. 

395. 
Sun, altitude of, 543; declination of, 

643,895; lmibof.543; parallax of. 

small, 545; semi-diameter (16'), 

254, 543, 894. See solar. 
Supplies, 924; cost of. 926-927. 
Support, triangular, 349, 919; yield- 
ing of, 364. 
Suppression of results dangerous, 

695. 
Surface, 607; curvature of, 88. 
Surface-tension, 21, 369-372, 774, 

1006-1007; affected by impurities, 



by temperature, and by variations 
in calibre, 370-371 ; det. by balance, 
369; Ubles for, 856-860. 

Surroundings, magnetic, 432. 

Surveying-compaaa, 405, 921. 

Susceptibility, magnetic, 887. 

Suspended magnets, 402-404. 

Suapenaion, centre of, 1137; deli- 
cacy of, 431, 902. 

Symbola of chemical elements, 843- 
845. 

Syren, see siren [577]. 

System, absolute (C. G. S.), 606; 
electrostetic, 514, 561, 565, 566; 
electro-magnetic, 511 tt itq.^ 560, 
725; metric, 603; of forces, 710; of 
instruction, 930-935; solar, 896. 



T, iron, 365. 

Tablea, 797-900; arrangement of, 
746-760; condensatiomof. 746-748 ; 
explanation of, 761-793; exten- 
sion of, 752; interpolation in, 761 
et teq, ; of combinations of errors, 
1113; of gravity, 329; sources of 
authority for, 794-796 ; use of, 663, 
761 tt teq. 

Tablea (benches), 906. 

Tabular form^, 948. 

Tackle, 379, 920. 

Tangents, 408, 427, 430, 459, 764; 

law of, 439 ; logarithmic, 820-821 ; 

of small angles equal to sines, 

arcs, etc., 663; tables of, 800-801, 

818-819. 

Tangent-galvanometer (com- 
pass), 437-451, 472; best angle of 
deflection of (45°), 639; calibration 
of, 441. 

Tangent-acrew, 247. 

Tape measure, 445. 

Telegraph inst., 284, 324, 361, 366, 
675, 577; time by, 546. 

Telephone, 659,' 563, 664 ; differ- 
ential, 564 ; minimum of sound in, 
664-565. 

Telescope, cross hairs of, 233, 672 ; 
focussing, 233; (spy-glass), 283, 
817, 916. 

Telescoping U-tubes, 27L 
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Temper, 106, 394. 

Temperament, equal, 893. 

Temperature, 679; absolute, 122, 
124, 128, 680-681; and heat, 679, 
684; and pressure of gases, 679, 
680 ; atmospheric det, 23 ; constant 
in boiling, 687 ; constant required, 
164; critical, 775; effects of on 
cooling, 146; on hydrometer, 11; 
on sp. gr. bottle, 60, 102; on sur- 
face tension, 370; on velocity of 
sound, 279; equilibrium of, 107> 
170; of condensation, ebullition, 
etc., 843-863 — see boiling-point; 
of room, 169; of solidification, fu- 
sion, etc., 843-863 — see melting- 
point; precautions in det., 30, 49, 
101; scale of, 605; series of, 172; 
standard, 605; zero of, absolute 
(— 273°), 125, 127, 679. 

Tension on cords of transmission 
dynamometer, 386; of vapors (see 
pressure), 132-135, 866-872; sur- 
face-, 21, 369-372. 

Tenths, estimation of, 39, 617; in 
gauges, 78; in meas. of waves, 290; 
in thermometers, 114; In weighing, 
39: rough, 10. 

Terms, ambiguous, 739-745. 

Testing ammeters, 466; calipers, 
73; hydrometers, 8; spherometers, 
86 ; weights, 38. 

Test-tube, 412, 915. 

Thales, 585. 

Thermal capacity, 146, '157, 159, 
387, 392, 472, 473, 685, 689, 976 et 
seq. ; of calorimeter, 149-150, 157 
et seq.f 689 ; of stirrer, 159 ; of 
thermometer, 159, 689, 978. 

Thermal conductivity, 541, 691, 
688, 776, 843-863. 

Thermal equilibrium, 679. 

Thermal insulation, 541. 

Thermo-electric heights, 843-847. 

Thermo-electricity, 737-738. 

Thermo-electromotive force, re- 
versal of, 738. 

Thermo-J unction, 520, 923, 1031. 

Thermometer, 109, 910 ; air-, 119, 
913, 971-972; boiling-point of, 114- 
116; calibration or correction of. 



118, 969 et uq. ,* Celsius or Centi- 
grade, 606; column (or thread) of 
mercury, 110, 113 ; comparison of, 
163; differential, 214, 916; Fahren- 
heit or Centigrade, 892; fixed 
points of, 106, 114; freezing-point 
of, 116 ; mercurial, 104-119 ; paral- 
lax avoided in, 113; precautions in 
use of, 105; registering, 97, 914; 
scales, 688-689; thermal capacity 
of, 159, 689, 978; tubing (capillary), 
371; weight-, 639, 914; wet-bulb, 
24, 779. 

Thermopile, 216, 986. 

Thomson's absolute electrometer, 
682-683; methods, 487-489, 1026, 
1062; mirror galvanometer, 679. 

Threads, diffraction produced by, 
265-266; of mercury (column), 110; 
of screw (pitch), 85, 366, 672; 
silk (fibre), untwisted, 316, 412, 
418. 

Throw of needle, 416, 421^22, 425, 
427, 430, 662, 737, 1014; and num- 
ber of lines of force cut, 416; meas. 
by chord of angle, 422 ; nearly inde- 
pendent of speed, 417. 

Ticks counted, 284, 286, 287. 

Time, det. by method of equal alti- 
tudes, 646 ; by telegraph, 547 ; dif- 
ference of, 643; distribution of, 
656, 1124-1126; equation of, 546, 
793; Greenwich and local, 543; 
mean solar, 644; noted, 623; of 
coincidence, 323-326; of falling, 
315, 320; of oscillation or vibration, 
316, 318, 319; of pendulum, 285, 
291, 315; of revolution, 303, 385, 
619; related to g^ravity, 328, re- 
quired for light to traverse short 
distances, 284, 653, 1167 et teq, ; 
sidereal, 808 ; unit of (second), 606. 

Tone, fundamental, 275; musical, 
278. 

Tonne (1,000,000 grams), 603. 

Tools, 924. 

Toothed wheel, 301-307, 562, 694, 
918, 996. 

Torricellian vacuum, 17. 

Torsion, 334; -apparatus, 356, 358, 
920; -baknce, 368, 920; coef. of, 
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538, 1140, 1151, 1156; fracture by, 
357; head, 919; of fibre, 412; of 
rod, 357, 1003; of wire, 858, 402, 
453, 454, 1004; -pendulum, 334, 
919, 1140; stiffness under, 257; 
vibrations under, 554. 

Touch, 615, 619. 

Tracing on smoked glass, 288; -pa- 
per, 155 ; -style or wire, 288-296. 

Traction, force of, 373. 

Transformations, of energy, 381, 
387, 388; of light and sound, 694; 
of work mto heat, 380. 387. 

Transmission-dynamometer, 385; 
of heat, 887; of pressure, 669; of 
sensations, rates unequal, 616, 619. 

Transverse elasticity, 353, 1157- 
1160. 

Trap for steam, 203, 915. 

Trial and approximation, 626; and 
error, 629; method of, 3. 

Triangle, area of, 1101; centre of 
gravity of, 1103; (parallelogram) 
of forces, etc., 703. 

Triangular support, 349, 919. 

Trigonometric functions, 800-801, 
814-821 ; average of, 1107. 

Trough for ice, 914. 

Trowbridge, electrical method for 
det. sp. ht., 1044; method for det. 
velocity, 310, 316; modification of 
Him's exp., 389; New Physics, 
795. 

Tube, barometric, 17; capacitv of, 
119, 371,377; capillary, 556,' 920, 
1149; coiled (worm), 187, 188; for 
sliding helix, 420,921; glass, 912; 
harmonics of, 696; India rubber, 
912,913; open ends of, correction 
for, 696; pasteboard, 389, 921; reso- 
nance, 696, 918; test-, 412, 915; 
transmits pressure, 669; U-, 63, 
912; Y-, 64, 912; vibration of air 
in, 695-696. 

Tuning-forks, 270, 271, 288, 292, 
300, 303-307, 918, 992-998,995-996. 

Turning points of pointer of bal- 
ance, 30; of tracer in Lissajous* 
curves, 298, 334. 

Turns of wire in a coil, 427,445, 
453,454. 



Twaddell*s hydrometer, 892. 

Twist, 403. 

Twisting and rocking prevented, 
851 ; fracture by, 357 ; proportional 
to couple, 357; rods, 354-^60, 
1003. 



Undulation and undulatory (see 
wave), 691 et teq. 

Uniformity of calibre, 371 ; of resist- 
ance in bildge wire, 526, 528, 530; 
of scales, 74; of velocity, 373, 
375. 

Unison, 274, 278; imperfect, beats 
due to, 291, 292, 293, 578-579 ; tested 
bv communication of vibrations, 
1049. 

Units, absolute, 592; B. A. (.987 
X 10» C. G. S.), 483, 612, 900; con- 
ventional, desirable, 677; corres- 
ponding, 767 - 768 ; electrostatic, 
567, 900; electro-magnetic, 567; 
fundamental, 607; magnetic, 611; 
multiples of, produced, 629 ; of area, 
607; of couple, 609; of current, 
611; of electric capacity, 560; of 
electromotive force, 612; of en- 
ergy, 609; of force, 608, 899; of 
heat, 541, 610, 898; of heat, me- 
chanical eq. of (4.17 X 10?), 3^7, 
512; of length, 605, 898; of mag- 
netism, 404, 611; of mass, 606, 
898; of power, 610, 899; of pres- 
sure, 899; oif quantity, electro- 
sUtic (coulomb = 10? C.G. S.) ; of 
resisUnce, 611; of time, 606, 898; 
of velocity, 607; of work, 609, 899; 
practical, 484; provisional, 630; 
Siemens' (.942 X 10^ C. 6. S.), 
898 

Universal g^vitation, 332. 

Unstable equilibrium, 399. 

Untwisted silk fibre, 816, 412, 
418. 

Use of shunt, 493; of tables, 663, 
761 et teq. ,* in rough calculations, 
666; of two senses, 618. 

U. S. measures, 898. 

U-tube, 912; telescopic, 271; trans- 
mits pressure, 669. 
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Vacuum, formed by condensation 
of steam, 139; partial, 68; reduc- 
tions to, 784, 956 et ieq, ; soond in- 
terrupted by, 692; Torricellian, 17; 
transmits light, 682; weighing in, 
673. 

Values, conventional, 595 ; relative, 
589. 

Vapor, aqueous, 139; boiler for, 
134; mercurial, 20-22, 122; pres- 
sure (tension) of, 132-134, 135,864- 
867 ; properties of, 861-867. 

Vaporization, Intent heat of, 202. 

Variables, 748-749; average of, 
1097 et stq. 

Variations of conditions desirable, 
694; of gravity, 608. 

Velocity, 607; average, 706; 
change in, 312, 336, 704; compo- 
nents and resultants, 704 ; constant 
in absence of force, 706; det. by 
ballistic pendulum, 311; by elec- 
trical methods, 309; by Trow- 
bridge*s methods, 310, 316; in 
dynamics, 308-312; irregular, er- 
rors from, 290; of bullet, 309; of 
etllux, 310, 377; of falling bodies, 
311, 708. 

Velocity of light (3 X 10^), 284, 
^52, 557; in glass (2 X lOW), 699, 
900 ; in water, 553. 

Velocity of molecules, 681 ; of roll- 
ing bodies, 308; of sensations nn- 
equal, 616, 619. 

Velocity of sound, 279, 780, 994, 
1160-1164; affected by humidity 
and temperature, 279; by wind, 
280; early det of, 285; formulie 
and proof, 280, 281; in air (332m. 
atO°), 869, 900; in wires, 554; 
longitudinal, 554. 

Velocity of streams, 310, 377; of 
water in tubes, 376, 556, 1149; 
relative, 376 ; uniform, 373, 375. 

Ventilation, 905. 

Vernier, 635-636; -gauge, 5, 73, 
322, 399, 444, 454, 909, 964. 

Versines, 766, 801. 

Vessels, capacity of, 49; affected 
by temp, and pressure, 538, 540; 
cleansing, 49. 



VibrationM, arrested, 421, 901- 
902 ; complete, 290 ; components of, 
548; counting, 291, 818; created, 
462; energy of^ 888; frequency 
(pitch) of, 694; -galvanometer, 460, 
922, 1019; isochronous, arc limited, 
823, 327, 331, 412, 443, 710; laws 
of, 709; longitudinal, 554; method 
of, 411, 460; molecular, 679 ; -num- 
ber (pitch), 291; of air in tubes, 
695-696 ; of light transverse, 548, 
692; of poUrized light, 548; of 
strings, 273, 691 tt uq., 1049; rate 
of, 765; torsional, 554; transverse, 
273, 691 tt $eq. ; variations in rate 
tabulated, 800. See oscillations. 

View distant, desirable, 231-236; 
instantaneous, 803, 321. 

Violet, Hofmann*8, 552. 

Violin bow, 289, 800. 

Virtual foci and images, 239-244, 
701-702, 1047. 

Vis inertis, 741. 

Viscosity, 774; coef. of, 556, 856- 
860, 1149. 

Volt (108 C. G. S.), 512, 612, 730, 731 . 

Voltaic battery or pile (see cell), 
436, 569, etc. 

Voltameter, gas (or water), 657. 

Volt-meter, 515, 524, 634, 636, 1032. 

Volt-ohm, ampere scries, 484. 

Volume, 1, 607; and diameter of 
sphere, 72, 799, 812-813; and linear 
dimensions, 1; calculation of, by 
hydrostatic balance, 45; by sp. gr. 
bottle, 53, 56 ; constant, sp. ht. at, 
188-189; of gases reduced to 0°, 
76 cm., 873; resilience or elasticitv 
of, 538, 1151; specific, 57, 743-744; 
tables for, in spheres, 799, 812-813. 

Volumenometer, 57. 



"Walls, distances meas. from, 433. 

Waste of materials, 927; of power, 
435,609. 

Watch, use of, 284. 

Water, apparent sp. vol. of, 875 ; 
boiling-points of, 778; coef. of 
friction of, 377, 887; density of, 
677-678, 785, 877; density of at 4° 
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(maximum, 1.00001), 900 ; expan 
sion of, 94, 684; flow of, 376, 713; 
head of, 730; latent heat of li(iue- 
faction of (79 or 80), 199, 800 ; la- 
tent beat of vaporization of (o36), 
20*2, 860; mean specific lieat of 
(0°-100°, 1.006), 860, 900; specific 
volumes of, 870: 8U])pl7 of, 906; 
weiglit in, 14, 43, 55; work of, under 
pressure, 713. 

Water-battery, 566. 

Water-faU, 389. 

Water-hammer, 139. 

Water-motor, 382-^85, 636, 920, 
1008-1009. 

Water-voltameter, 557. 

Watt (107 ergs per sec), 473, 484, 
512, 535, 610, 612, 729. See 
power. 

Wave-front, 693. 

Wave-lengthB of light, 204-269, 
647, 791, 892; of sodium light 
(.00005893), 605-606, 892, 900; of 
sound, 270-274, 695, 992-993. 

Wave motion, 691, 1160. 

Wavea, complete or double, 306; 
estimation of tenths of, 290; shown 
by toothed wheel, 304-306 ; traced 
by fork, 289, 296. 

Weighing-room unnecessary, 905. 

Weight, 742, 954 et seq. ; affected 
by biiovancv of air, 7, 676; and 
mass, 3.32 ; apparatus for det., 910, 
911; apparent, 671 ; a*omic and sp. 
ht., 686 ; correction of, 38, 672-673 ; 
det. of, by angle of displacement, 
346-347; by balance, 42; by dis- 
placement of centre of gravity, 340, 
1002; by lever, 341 et *eq.; by 
method of interchange (double 
weighing), 40, 42. 650; by method 
of substitution (Borda's method), 
650; by method of trial, 3; by 
NichoI.«on's hvdrometcr, 13; bv 
oscillations, 30; by triangle of 
forces, 344 et teq. ; proper method, 
628; effecrive, 671; in air, 671; in 
grams, 333, 740-742 ; in dynes, 742; 
in liquids, 670; in vacuo, 570; in 
water, 14-16,43, 65; indicated by 
spring balance, 339; molecular 



(atomicX 686; of a gram (980 
dynes), 608-609; of results, 1128- 
1129; raised, 381; reduction of to 
vacuo, 45, 47, 60, 671-674 ; standard 
of, 38, 912; -thermometer, 639 tt 
ieq,t 914. See weights. 

Weights, accuracy of, 677; and 
measures, 898 ; gram (^.), 910; kilo- 
gram (k, or J:g.)f 921; minimum 
number employed, 631, 633-634; 
sets of, 3, 8, 28, 910, and elsewhere ; 
safety-valve, 919; standard, 38, 
912; testing, 38. 

Welsbach's coefs. of hydraulic 
friction, 788, 887. 

Wet-bulb thermoneter, 779, 868. 

Wetted surface, area of, 375. 

Wheatstone's bridge, 480, 493, 
658, 559, 562, 732, 1024 et teq,; 
formuliB for, 483. 

Wheel, of motor, 882; toothed, 301- 
307, 694, 918. 

Wiedemann's method, 515, 518, 
1030. 

Wiedemann and Franz, 591. 

Wind affects sound, 280, 1161. 

Winding, double, 434-435. 

Window-bars sighted, 359; -glass, 
395 ; sills, height of, 903. 

Winkelmann's method, 563. 

Wire, breaking strength of, 367- 
369; coef. of torsion of, 358-360, 
402; cross-section of, 361, 368, 372, 
377 ; -gauge. 893; of uniform resist- 
ance, 526, 528; stretching of, 360- 
367, 1004; torsion of, 358, 402, 453, 
454, 1004; velocity of sound in, 
554. 

Wires, 918; bridge-, 481; connecting, 
434: crossing of, 486; dynamo-, 
parallel, 434; heating of by cur- 
rents avoided, 436; resistances of, 
891. 

Wood, expansion of, slight, 94; 
grain of, affecting friction, 374. 

Work, 609; and force, 703-717; and 
potential, 1100; apparatus, 920: 
arithmetical, 662-663 ; -bench, 904; 
conservation of, 714-715; done by 
oblique forces, 714; measurement 
of, 713; of water under pressure. 
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713 ; rate of (see power), 610; -shop, 
903; spent, 879, 380, 381, 383, 384, 
387, 888, 536; trmnsformed into 
heat, 380, 387 ; units of, 609, 899; 
utilized, 379, 380, 882, 636. 



Yard, British or standard (91.4389 

cm.), 898. 
Tleldins of support, 864. 
Toung'a modulus, 360-367, 538, 554, 

775, 920, 1005, 1151, 1158-1160, 

1164; formulA for, 867; tables for, 

843-847. 
Y-tube or Y-joint, 270, 912. 



Zero, absolute, of temperature 
(-273<'C.), 125, 127, 679. 

Zero-error, 621, 648; elimmated 
by methods of substitution and 
interchange, 649-651. 

Zero-readinSi of electric-microme- 
ter, 852; of galvanometer-needles, 
433,434; of sextant, 252; of spec- 
trometer, 258; of spring balance, 
339; of torsion balance, 859. 

Zinc, action of nitric acid on, 205- 
210; electro-chemical eq. of (.000- 
887g. per ampere-sec.), 845; heat 
of combination of det, 205 et seq, ; 
pole of battery negative, 486, 529. 
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